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1-1.

Round off the following numbers to three significant
figures: (a) 58 342 m, (b) 68.534 s, (c) 2553 N, and
(d) 7555 kg.

SOLUTION
a) 583km b) 685s c) 2.55kN d) 7.56 Mg Ans.



1-2.

Wood has a density of 4.70 slug/ft’. What is its density
expressed in SI units?

SOLUTION

(1 £%)(14.59 kg)
(0.3048 m)>(1 slug)

(4.70 slug/ft®) { } = 2.42 Mg/m® Ans.



1-3.

Represent each of the following combinations of units in
the correct SI form using an appropriate prefix: (a) kN/us,

(b) Mg/mN, and (c) MN/(kg - ms).

SOLUTION
(1N (10°)N
a) kN/us = (109 s S GN/s
(10°) (10°)
b) Mg/mN = (1073)5; =N L Gg/N

(10N (10°)N

©) MN/(kg-ms) = kg (107)s  kg-s

= GN/(kg"s)

Ans.

Ans.

Ans.



14,

Represent each of the following combinations of units in
the correct SI form using an appropriate prefix: (a) m/ms,
(b) wkm, (c) ks/mg, and (d) km - uN.

SOLUTION

10)°
a) m/ms = <(101;13s> = <( z m) = km/s

b) wkm = (10)7%(10)*m = (10)> m = mm

3 9
o= (L) (0

(10) " kg
d)km-uN = [(10)* m][(10) ®N]

) = Gs/kg

(10)°m-N = mm-N

Ans.

Ans.

Ans.

Ans.



1-5.

Represent each of the following quantities in the correct
SI form using an appropriate prefix: (a) 0.000 431 kg,
(b) 35.3(10%) N, and (c) 0.005 32 km.

SOLUTION
a) 0.000431 kg = 0.000431(10°) g = 0.431 ¢ Ans.
b) 35.3(10°)N = 353kN Ans.

¢) 0.00532km = 0.00532(10°)m = 532 m Ans.



1-6.

If a car is traveling at 55mi/h, determine its speed in
kilometers per hour and meters per second.

SOLUTION

55 mi/h = <55mi)<5280ft><0.3048m)( 1 km )
A= U1 U Tmi 1t /\1000m

= 88.5km/h

88.5km)/1000mY/ 1h
88.5km/h = < - )( e ><3600S) = 24.6m/s

Ans.

Ans.



1-7.

The pascal (Pa) is actually a very small unit of pressure. To
show this, convert 1 Pa = 1 N/m? to Ib/ft>. Atmospheric
pressure at sea level is 14.7 1b/in?. How many pascals is this?

SOLUTION
Using Table 1-2, we have
1IN/ 11b 0.30482m2)
1Pa=—+ =20.9(1073) Ib/ft? Ans.
a m2(4.4482N)< 12 0.9(107%) 1b/ ns
: 2 2
L ATM = 14..721b <4.448 N)(144 1;1 )( 1ft2 2)
in 11b 1 ft 0.3048° m

101.3(10%) N/m?

= 101 kPa Ans.



*1-8.

The specific weight (wt./vol.) of brass is 520 Ib/ft>.
Determine its density (mass/vol.) in SI units. Use an
appropriate prefix.

SOLUTION
o~ (o) (2%

= 8.33 Mg/m*

Ans.



1-9.

A rocket has a mass of 250(10%) slugs on earth. Specify
(a) its mass in SI units and (b) its weight in SI units. If the
rocket is on the moon, where the acceleration due to gravity
is g, = 5.30 ft/s?, determine to three significant figures
(c) its weight in ST units and (d) its mass in SI units.

SOLUTION
Using Table 1-2 and applying Eq. 1-3, we have

a) 250(10°) slugs = [250(10°) slugs] (%)
= 3.6475(10°) kg
= 3.65Gg

b) W,

mg = [3.6475(10°) kg(9.81 m/s?)
= 35.792(10°) kg - m/s?
= 358 MN

) W, =mg, =[250(10°) slugs](5.30 ft/s?)

= [1325(10%) lb](“i‘ﬁN)

= 5.894(10°) N = 5.89 MN
Or

5.30 ft/s?
322 ft/s?

gm

W, = We(?) = (35.792 MN)< ) = 5.89 MN

d) Since the mass is independent of its location, then

m,, = m, = 3.65(10°) kg = 3.65 Gg

Ans.

Ans.

Ans.

Ans.



1-10.

Evaluate each of the following to three significant figures and
express each answer in SI units using an appropriate prefix:
(a) (0.631 Mm)/(8.60 kg)?, (b) (35 mm)*(48 kg)°.

SOLUTION

0.631(106) m) ~ 8532m

a) (0.631 Mm)/(8.60 kg)? =< (8607 k? ke?

= 8.53(10°) m/kg? = 8.53 km/kg? Ans.

b) (35 mm)*(48 kg)® = [35(107%) m[> (48 kg)? = 135 m?- kg’ Ans.



1-11.

Evaluate each of the following to three significant figures and
express each answer in Sl units using an appropriate prefix:
(a) 354 mg (45 km)/(0.0356 kN), (b) (0.004 53 Mg) (201 ms),
and (c) 435 MN/23.2 mm.

SOLUTION
[354(107) g][45(10°) m]

a) (354 mg)(45 km)/(0.0356 kN) = 0 0356(103) N

0.447(10°) g+ m
-—
= 0.447 kg-m/N
b) (0.00453 Mg)(201 ms) = [4.53(107)(10%) kg][201(1073) 5]
= 0911kg-s
435(10°) N 1875(10°) N

c) 435MN/232mm =
232(107%) m

= 18.8 GN/m

Ans.

Ans.

Ans.



*1-12.

Convert each of the following and express the answer using
an appropriate prefix: (a) 175 Ib/ft> to kN/m?, (b) 6 ft/h to
mm/s, and (c) 8351b-ft to kN - m.

SOLUTION
175 Ib 1ft \’(4.448N
a) 175 Ib/ft® = ( i >(0_3048 m) ( 11b )
3
_ (275(12)N> = 275 KN/m®
m

6£\/03048m\/ 1h
b)6ﬁ/h_(ﬁ)( 11t )(36005)

= 0.508(10) m/s = 0.508 mm/s

4.448 N ) ( 0.3048 m)

¢) 8351b-ft = (835 lb-ft)< b i

= 1.13(10)>*N+m = 1.13kN-m

Ans.

Ans.

Ans.



1-13.

Convert each of the following to three significant figures:
(a) 20Ib-ft to N-m, (b) 450Ib/ft® to kN/m?® and
(c) 15 ft/h to mm/s.

SOLUTION
Using Table 1-2, we have
4.448 N\ /0.3048 m

a) 201b-ft—(201b-ft)( b >< Tt )

=271N-m Ans.

4501b\/ 4.448 N 1 kN 1t

3 =

b) 45016/t ( 11t >< 11b )(1000 N)(0.30483 m3)
= 70.7 kN/m? Ans.

3 15ft>(304.8mm>< 1h )_
c) 15ft/h = ( in i 26005, 1.27 mm/s Ans.



1-14.
Evaluate each of the following and express with an

appropriate prefix: (a) (430kg)?, (b) (0.002 mg)?, and
(c) (230 m)>.

SOLUTION
a) (430 kg)? = 0.185(10°) kg? = 0.185 Mg?
b) (0.002 mg)* = [2(107) g’ = 4 pg’

¢) (230 m)* = [0.23(10°) m]* = 0.0122 km?®

Ans.

Ans.

Ans.



1-15.

Determine the mass of an object that has a weight of (a) 20 mN,
(b) 150 kN, and (c) 60 MN. Express the answer to three
significant figures.

SOLUTION
Applying Eq. 1-3, we have

w 20(107%) kg m/s?
Q) m=-—=————

= 2.04 Ans.
g 9.81 m/s” & ns

150(10°) kg * m/s?
b) m=K=()—2/=15.3Mg Ans.
g 9.81 m/s

60(10°) kg - m/s?
¢) m=K=()—2=6.12Gg Ans.
g 9.81 m/s



*1-16.

What is the weight in newtons of an object that has a mass
of: (a) 10 kg, (b) 0.5 g, and (c) 4.50 Mg? Express the result to
three significant figures. Use an appropriate prefix.

SOLUTION
a) W = (9.81m/s?)(10kg) = 98.1N Ans.
b) W = (9.81m/s?)(0.5 g)(10 > kg/g) = 4.90 mN Ans.

o) W = (981 m/s?)(45 Mg)(10° kg/Mg) = 44.1 kN Auns.



1-17.

If an object has a mass of 40 slugs, determine its mass in

kilograms.

SOLUTION

40 slugs (14.59 kg/slug) = 584 kg Ans.



1-18.

Using the SI system of units, show that Eq. 1-2 is a
dimensionally homogeneous equation which gives F in
newtons. Determine to three significant figures the
gravitational force acting between two spheres that are
touching each other. The mass of each sphere is 200 kg and
the radius is 300 mm.

SOLUTION
Using Eq. 1-2,
F=0G my 2m2
r
m? )(kg-kg) kg-m
N = = .E.D.
(kg- s? m? s? (@ )
F=G my ;712
r
200(200
= 66.73(10‘12){7( . )}
0.6

=7.41(107°) N = 7.41 uN

Ans.



1-19.

Water has a density of 1.94 slug/ft>. What is the density
expressed in SI units? Express the answer to three

significant figures.

SOLUTION

B (1.94 slug)(14.59 kg)( 1t} )
o=\ Lslug /\0.3048° m’

= 999.6 kg/m® = 1.00 Mg/m?> Ans.



*1-20.

Two particles have a mass of 8 kg and 12 kg, respectively. If
they are 800 mm apart, determine the force of gravity
acting between them. Compare this result with the weight
of each particle.

SOLUTION
F= G—mlr;nz

Where G = 66.73(1012) m*/(kg - )

8(12

F = 66.73(10712) { )2 = 10.0(10°) N = 10.0nN Ans.
(0.8)

W, = 8(9.81) = 785N Ans.

W, = 12(9.81) = 118N Ans.



1-21.

If a man weighs 155 1b on earth, specify (a) his mass in
slugs, (b) his mass in kilograms, and (c) his weight in
newtons. If the man is on the moon, where the
acceleration due to gravity is g, = 5.30 ft/s?, determine
(d) his weight in pounds, and (e) his mass in kilograms.

SOLUTION
155
aym = v 4.81 slug
b)ym = 155{%} - 702k
ym = 22 | Ve

)W = 155(4.4482) = 689 N

5.30
HW = 155{5} —2551b
- 155{14'59 kg} ~ 702k
e)m = I
Also,
- 25 5{14'59 kg} - 702k
e I I A

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.



2-1.

Determine the magnitude of the resultant force Fr = F; + F,

and its direction, measured counterclockwise from the positive
X axis. F; =2501b
SOLUTION )
Fr = V/(250)% + (375)2 — 2(250)(375) cos 75° = 3932 = 393 1b Ans.
3932 250
sin75°  sin@
6 = 37.89°

F, =3751b
¢ = 360° — 45° + 37.89° = 353° Ans.




2-2.

If 6 = 60° and F = 450 N, determine the magnitude of the
resultant force and its direction, measured counterclockwise
from the positive x axis.

SOLUTION

The parallelogram law of addition and the triangular rule are shown in Figs. a and b,
respectively.

Applying the law of consines to Fig. b,

Fr = V/700% + 4507 — 2(700)(450) cos 45°
= 497.01 N = 497N Ans.
This yields

sin « _sin 45°
700 497.01

a = 9519°

Thus, the direction of angle ¢ of Fp measured counterclockwise from the
positive x axis, is

¢ = a + 60° = 95.19° + 60° = 155° Ans.

700 N




2-3.

If the magnitude of the resultant force is to be 500 N,
directed along the positive y axis, determine the magnitude
of force F and its direction 6.

SOLUTION

The parallelogram law of addition and the triangular rule are shown in Figs. a and b,
respectively.

Applying the law of cosines to Fig. b,

F = V/500% + 700% — 2(500)(700) cos 105°
= 959.78 N = 960 N Ans.
Applying the law of sines to Fig. b, and using this result, yields

sin (90° + 0)  sin 105°

700 959.78

0 = 45.2° Ans.

y
F
0
15° .
700 N
1
0%415°=/05°
& =5aa//\/, >
//
// w8,
// 9
/// x
/5°
JOON




24,

Determine the magnitude of the resultant force Fr = F; + F,
and its direction, measured clockwise from the positive u axis.

SOLUTION

Fr = V/(300)% + (500)% — 2(300)(500) cos 95° = 605.1 = 605 N

605.1 500
sin 95°  sin 6

0 = 55.40°

¢ = 55.40° + 30° = 85.4°

Ans.

Ans.



2-5.

Resolve the force Fy into components acting along the u and
v axes and determine the magnitudes of the components.

SOLUTION
Fu, _ 300
sin 40°  sin 110°
F, = 205N Ans.
F, 300

sin 30°  sin 110°

Fi, = 160N Ans.




2-6.

Resolve the force F, into components acting along the 1 and
v axes and determine the magnitudes of the components.

SOLUTION
Fy, 500
sin 45°  sin 70°
F,, = 376 N Ans.
F, 500

sin 65°  sin 70°

F,, = 482N Ans.

F,=500N v




2-7.

The vertical force F acts downward at A on the two-membered
frame. Determine the magnitudes of the two components of
F directed along the axes of AB and AC. Set F = 500 N.

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using the law of sines (Fig. b), we have

Fap 500
sin 60°  sin 75°
FAB = 448 N Ans.
Fuc 500

sin 45°  sin 75°

FAC = 366 N Ans.




*2-8.
Solve Prob. 2-7 with F = 350 Ib.

SOLUTION
Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using the law of sines (Fig. b), we have

Fup 350
sin 60°  sin 75°
F, 5 = 3141b Ans.
Fac 350

sin45°  sin 75°

Fac = 2561b Ans.




2-9.

Resolve F, into components along the u and v axes and
determine the magnitudes of these components.

SOLUTION
Sine law:
F, 250
—_— = F, = 129N Ans.
sin 30°  sin 105° 1o ? ns
F
w__ 250 F, = 183N Ans.

sin 45°  sin 105°

105

L.



2-10.

Resolve F, into components along the « and v axes and v
determine the magnitudes of these components.
F, = 250N
F,=150N 30°
SOLUTION S
Sine law: 100/ +
105°
F, 150
= E,=776N Ans.
sin30°  sin 75° 2 e IR 1= 1
FZH 150
= E,=150N Ans.
sin 75°  sin 75° u s
v
R
F, =150N o---""1
1 u
LS
1
A 75°
S~




2-11.

The force acting on the gear tooth is F = 20 Ib. Resolve
this force into two components acting along the lines aa

and bb.
SOLUTION
20 F,
Sin40°  sin 80° F, =30.61b Ans.
20 F,
Sin40° ~ sin 60° F, =2691b Ans.




*2-12.

The component of force F acting along line aa is required to
be 30 Ib. Determine the magnitude of F and its component

along line bb.
SOLUTION
30 F
sin 80° = m, F =19.61b Ans.
F
0__ 5 F), =2641b Ans.

sin 80°  sin 60°;

a-—



2-13.

Force F acts on the frame such that its component acting
along member AB is 650 Ib, directed from B towards A, and
the component acting along member BC is 500 Ib, directed
from B towards C. Determine the magnitude of F and its
direction 6. Set ¢ = 60°.

SOLUTION

The parallelogram law of addition and triangular rule are shown in Figs. a and b,
respectively.

Applying the law of cosines to Fig. b,

F = \V/500% + 6502 — 2(500)(650) cos 105°
=916.911b = 917 Ib Ans.

Using this result and applying the law of sines to Fig. b, yields

sinf _ sin 105°
500 916.91

0 = 31.8° Ans.

Fez =500lb

T4
o'+45 = [05°

U4
8 :'ésow
[

&)



2-14.

Force F acts on the frame such that its component acting
along member AB is 650 lb, directed from B towards A.
Determine the required angle ¢ (0° = ¢ = 90°) and the
component acting along member BC. Set F = 850 1b and
6 = 30°.

SOLUTION

The parallelogram law of addition and the triangular rule are shown in Figs. a and b,

respectively.

Applying the law of cosines to Fig. b,

Fye = V8502 + 650% — 2(850)(650) cos 30°
= 433.641b = 434 1b

Using this result and applying the sine law to Fig. b, yields

sin (45° + ¢) _sin 30°
850 T 433.64

b = 565°

Ans.

Ans. \\ EL

F=8501h ,(945'*9’

0y
&:650 1b

%)



2-15.

The plate is subjected to the two forces at A and B as
shown. If § = 60°, determine the magnitude of the resultant
of these two forces and its direction measured clockwise

from the horizontal.

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using law of cosines (Fig. b), we have

Fr = V8 + 6 — 2(8)(6) cos 100°

= 10.80 kN = 10.8 kN

The angle 6 can be determined using law of sines (Fig. b).

sinf _ sin 100°

6 10.80
sin 6 = 0.5470
0 = 33.16°

Thus, the direction ¢ of F measured from the x axis is

é = 33.16° —

30° = 3.16°

Ans.

Ans.

OII W @mn gn @n @m

F,=8kN




*2-16.

Determine the angle of 6 for connecting member A to the
plate so that the resultant force of F, and Fp is directed
horizontally to the right. Also, what is the magnitude of the
resultant force?

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using law of sines (Fig .b), we have

sin (90° — )  sin 50°
6 8

sin (90° — §) = 0.5745

0 = 54.93° = 54.9° Ans.

From the triangle, ¢ = 180° — (90° — 54.93°) — 50° = 94.93°. Thus, using law of
cosines, the magnitude of Fj is

Fr = V& + 62 — 2(8)(6) cos 94.93°

= 104 kN Ans.

MM @M @0 @0 0N @M

FAZSkN

E kN
"
8 ™
h (4 l\
o 90-6 5Cv/"\>u F
505 ";'
+0° ’




2-17.

Determine the design angle 6 (0° = 6 = 90°) for strut AB
so that the 400-1b horizontal force has a component of 500 Ib
directed from A towards C. What is the component of force
acting along member AB? Take ¢ = 40°.

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using law of sines (Fig. b), we have

sinf _ sin 40°

500 400
sin # = 0.8035
0 = 53.46° = 53.5° Ans.

Thus,
¢ = 180° — 40° — 53.46° = 86.54°

Using law of sines (Fig. b)

Fup 400
sin 86.54°  sin 40°

FAB = 6211b Ans.

4001b A

4
%,

d
7’

4

r'd
td

:
L
%

’
e



2-18.

Determine the design angle ¢ (0° = ¢ = 90°) between 4001b A
struts AB and AC so that the 400-1b horizontal force has a O\
component of 600 Ib which acts up to the left, in the same
direction as from B towards A. Take 6 = 30°.

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using law of cosines (Fig. b), we have

Fac = V400> + 6002 — 2(400)(600) cos 30° = 322.97 Ib egonb
\‘?\
The angle ¢ can be determined using law of sines (Fig. b). \‘ \‘\\
\

sin¢g  sin 30° \\.Q__&\
_ 4001

400 32297 N \?\
\\ ¢
\~ \

sin ¢ = 0.6193 @ N\
N,
¢ = 38.3° Ans.

*.,

‘C’B‘\\éao ib

FA—C \\ N ~o

\ 20
400 b



2-19.

Determine the magnitude and direction of the resultant y
Fr = F; + F, + F; of the three forces by first finding the
resultant F* = F; + F, and then forming Fz = F' + F;.

SOLUTION

F = V(20)2 + (30)2 — 2(20)(30) cos 73.13° = 30.85 N

30.85 30 :
. P ) 6 = 147° F1= 30N J
sin 73.13 sin (70° — 0) 73.13°
/¢ 3y
Fr = V(30.85)% + (50)* — 2(30.85)(50) cos 1.47° = 19.18 = 192N Ans. PR W]
N fFa=20N
1918 3085
I8 08, 0=237"% Ans.
sin 1.47°  sin 6
‘? Ans
147 ’ e

30.35N= — -



*2-20.

Determine the magnitude and direction of the resultant
Fr = F; + F, + F; of the three forces by first finding the
resultant ' = F, + F; and then forming F = F' + F;.

SOLUTION

F' = V(20)? + (50)% — 2(20)(50) cos 70° = 47.07 N

20 4707
sin 6 sin 70°’

6 = 23.53°

Fr = V(47.07)% + (30)* — 2(47.07)(30) cos 13.34° = 19.18 = 192N

19.18 30
— = ; =21.15°
Sn1338° sing © :

0 = 23.53° — 21.15° = 2.37° X%

Ans.

Ans.

F,=20N

Y
| peson

N
A - ’
Faz20N F




2-21.

Two forces act on the screw eye. If F; = 400N and F,
F, = 600N, determine the angle 6(0° =6 = 180°)
between them, so that the resultant force has a magnitude
of Fr = 800 N.

SOLUTION

The parallelogram law of addition and triangular rule are shown in Figs. a and b,
respectively. Applying law of cosines to Fig. b,

F,
800 = V/400% + 600> — 2(400)(600) cos (180° — 6°)
i A X 9 F=4000N
800% = 4007 + 600> — 480000 cos (180° — 6) 1800
cos (180° — 0) = — 0.25
o __ — \\
180° — 6 = 104.48 L2 F=800N
6 = 75.52° = 75.5 Ans. f,=600N
(a)

400N 180%-8
60ON

800N

(b)



2-22.

Two forces F| and F, act on the screw eye. If their lines of
action are at an angle 6 apart and the magnitude of each
force is F| = F, = F, determine the magnitude of the
resultant force F and the angle between Fy and F,.

F,

SOLUTION < i

F _F
sing  sin (6 — ¢)

sin (0 — ¢) = sin ¢
0—¢d=4¢

b= g Ans.

Fr = V/(F)* + (F)2 — 2(F)(F) cos (180° — 0)

Since cos (180° — ) = —cos 6

Fg = F(V2)V1 + cos 6

Since cos (0) 1+ cos6
i vy [T EOY
2 2

Then

0
Fr = 2F COS(E) Ans.




2-23.
Two forces act on the screw eye. If F = 600 N, determine

the magnitude of the resultant force and the angle 6 if the
resultant force is directed vertically upward.

SOLUTION

The parallelogram law of addition and triangular rule are shown in Figs. a and b

respectively. Applying law of sines to Fig. b,

sinf sin30° . _ o o
600 500 ° sinf = 0.6 0= 36.87° =369

Using the result of 6,
¢ = 180° — 30° — 36.87° = 113.13°
Again, applying law of sines using the result of ¢,

Fr 500

sin 113.13° _ sin 30°°

Fr=919.61N = 920N

Ans.

Ans.




*2-24,

Two forces are applied at the end of a screw eye in order to y
remove the post. Determine the angle 6 (0° = 6 = 90°)
and the magnitude of force F so that the resultant force
acting on the post is directed vertically upward and has a
magnitude of 750 N.

SOLUTION

Parallelogram Law: The parallelogram law of addition is shown in Fig. a.

Trigonometry: Using law of sines (Fig. b), we have

sing  sin 30°
750 500

sin ¢ = 0.750

¢ = 131.41° (By observation, ¢ > 90°)

Thus,
0 = 180° — 30° — 131.41° = 18.59° = 18.6° Ans. \ SON
F 500 750N
sin 18.59°  sin 30° A

F

319N Ans.

(O]



2-25.

The chisel exerts a force of 20 1b on the wood dowel rod which y
is turning in a lathe. Resolve this force into components acting
(a) along the n and  axes and (b) along the x and y axes.
n O
60° 20"
60°
45° \
SOLUTION
20 1b
a) F,= —20cos45° = —14.11b Ans.
F, =20sin45° = 14.11b Ans.
b) F, = 20cos15° =19.31b Ans.
F, =20sin15° = 5.181b Ans.

20Lb

(@) (J)



2-26.

The beam is to be hoisted using two chains. Determine the
magnitudes of forces F, and F acting on each chain in order

to develop a resultant force of 600 N directed along the
positive y axis. Set § = 45°.

SOLUTION
Fy 600
sn45  smi0se; T 4ON
Fy 600
sin30°  sin 105°° Fg=311N

Ans.

Ans.

Fp

F,




2-27.

The beam is to be hoisted using two chains. If the resultant
force is to be 600 N directed along the positive y axis,
determine the magnitudes of forces F, and Fj acting on
each chain and the angle 6 of F; so that the magnitude of Fj
is a minimum. F 4 acts at 30° from the y axis, as shown.

SOLUTION

For minimum Fj, require

0 = 60° Ans.
F, = 600 cos 30° = 520 N Ans.
Fp = 600 sin 30° = 300 N Ans.

F=600M

Fp

30°

Fy




*2-28.

If the resultant force of the two tugboats is 3 kN, directed
along the positive x axis, determine the required magnitude
of force Fp and its direction 6.

SOLUTION

The parallelogram law of addition and the triangular rule are shown in Figs. a and b,
respectively.

Applying the law of cosines to Fig. b,

Fp= V22 + 32 — 2(2)(3)cos 30°
= 1.615kN = 1.61 kN Ans.
Using this result and applying the law of sines to Fig. b, yields

sinf _ sin 30° N
T T 1615 6 =383 Ans.




2-29.

If Fgp = 3kN and 6 = 45°, determine the magnitude of the
resultant force of the two tugboats and its direction
measured clockwise from the positive x axis.

SOLUTION

The parallelogram law of addition and the triangular rule are shown in Figs. a and b,
respectively.

Applying the law of cosines to Fig. b,

Fr= V2> + 32 - 2(2)(3) cos 105°
= 4.013 kN = 4.01 kN Ans.
Using this result and applying the law of sines to Fig. b, yields

sina  sin 105° .
3 T 4013 a = 4622

Thus, the direction angle ¢ of Fg, measured clockwise from the positive x axis, is

¢ = a — 30° = 46.22° — 30° = 16.2° Ans.




2-30.

If the resultant force of the two tugboats is required to be
directed towards the positive x axis, and Fp is to be a
minimum, determine the magnitude of F; and Fp and the
angle 6.

SOLUTION

For F to be minimum, it has to be directed perpendicular to Fz. Thus,

6 = 90° Ans.

The parallelogram law of addition and triangular rule are shown in Figs. a and b,
respectively.

By applying simple trigonometry to Fig. b,
Fg=2sin30° = 1 kN Ans.

Fr=2cos30° = 1.73kN Ans. R=2 kil




2-31.

Three chains act on the bracket such that they create a
resultant force having a magnitude of 500 Ib. If two of the
chains are subjected to known forces, as shown, determine
the angle 6 of the third chain measured clockwise from the
positive x axis, so that the magnitude of force F in this chain
is a minimum. All forces lie in the x—y plane. What is the
magnitude of F? Hint: First find the resultant of the two
known forces. Force F acts in this direction.

SOLUTION

Cosine law:

Fri = V3002 + 2002 — 2(300)(200) cos 60° = 264.6 b

Sine law:

sin (30° + 6)  sin 60°

= 6 = 10.9° Ans.

200 264.6
When F is directed along Fp,, F will be minimum to create the resultant force.
Fr=Fp + F

500 = 264.6 + Fin

Foin = 2351b Ans.




*2-32.

Determine the x and y components of the 800-1b force.

SOLUTION

= 800 sin 40° = 514 1b Ans.

F,
F, = —800cos40° = —6131b Ans.



2-33.

Determine the magnitude of the resultant force and its
direction, measured counterclockwise from the positive x axis.

F;=750N

SOLUTION

4
5 Fp = 3F,; Fg, = 5 (850) — 6255in30° — 7505in 45" = —162.8N

F,=625N F,=850N

3
+ TFRy =2r,; Fgy = 5 (850) — 625 cos 30° + 750 cos 45° = —5209 N

Fr=\ (~162.8)2 + (=520.9)* = 546 N Ans.
—520.9
= _1 = o
¢ = tan [—162.8} 72.64

0 = 180° + 72.64° = 253° Ans.



2-34.

Resolve F; and F, into their x and y components.

SOLUTION

F; = {400 sin 30°(+i)+400 cos 30°(+j)} N
= {200i+346j} N Ans.
F, = {250 cos 45°(+i)+250 sin 45°(—j)} N

= {177i+177j} N Ans.

'

zé\(iif)y’ 400cz520° M /’1’

:‘f‘{(f;g; 250 Costs'n
y /N
N . . S
?}47‘(5{5 fo0sinze ‘N E-250N
" CEJJ 2250 Sings' N




2-35.

Determine the magnitude of the resultant force and its
direction measured counterclockwise from the positive x axis.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of F; and
F, can be written as

(Fy), = 400 sin 30° = 200 N (F), = 400 cos 30° = 346.41 N

(Fy), = 250 cos 45° = 17678 N (F,), = 250 sin 45° = 176.78 N

Resultant Force: Summing the force components algebraically along the x and
y axes, we have

X 3(Fg), = SFy; (Fr)y =200 + 176.78 = 376.78 N Ans.
+1S(Fp), = SF;  (Fg), = 34641 — 17678 = 169.63N | +
The magnitude of the resultant force Fy is ’//[ (Fady= 162954
N
d ~,
Fr=\V(Fp)> + (Fg), = V37678 + 169.63> = 413N Ans. = —
o
The direction angle 6 of Fg, Fig. b, measured counterclockwise from the positive (&) =3;;‘;;‘1’/
axis, is
By Fmz500 (b) =

[ (FRr) } (169.63)
0 = tan~! Y| = tan™! = o Ans.
{(F D) = 37678 ) = 242

(z)



*2-36.

Resolve each force acting on the gusset plate into its x and y
y components, and express each force as a Cartesian vector. F3=650N
N /f:z =750 N
4
\ 7
45°
\_ > x
# Fl =900 N
F, = {900(+i)} = {900i} N Ans. ;
F, = {750 cos 45°(+i) + 750 sin 45°(+j)} N
= {530i + 5305} N Ans.
4 . 3\, .
F; = 650( 5 )(-H) + 650 <5>(—J)} N
= {5201 — 390j)} N Ans. %

& = Tovsings ‘N

47 F.=750N
4 i

45" | gl

4 Gy —x | E=b60n
(), = 750 cosas'n (E)J *6so(HIN




2-37.

Determine the magnitude of the resultant force acting on
the plate and its direction, measured counterclockwise from
the positive x axis.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of Fy, F,,
and F5 can be written as

(Fl)x =900 N (Fl)y =0
(F)y = 750 cos 45° = 53033 N (F,), = 750sin 45° = 530.33 N

4
(Fs), = 650(§> = 520N (F3), = 650(%) = 390N

Resultant Force: Summing the force components algebraically along the x and
y axes, we have

K S(Fp), = SF,; (Fg), = 900 + 530.33 + 520 = 1950.33 N —

+13(Fg), = 3F; (Fg), = 53033 — 390 = 14033 N 1

The magnitude of the resultant force Fy is

Fr=V(Fp).> + (Fg), = V195033% + 140.33> = 1955 N = 1.96 kN Auns.

The direction angle 0 of Fg, measured clockwise from the positive x axis, is

(Gly=/40-330

F
R)x .
Q'"I)y
———p R =T50N
i !
I Mase | (F, 2
ﬂf-;w"(_:- ?mw
=
*?“" F=6s0n
Gy

(el 1950-23m



2-38.

Express each of the three forces acting on the column in
Cartesian vector form and compute the magnitude of the
resultant force.

SOLUTION

3. 4.
F; = 150 <5>1 150<5>J

F, = {90i — 120§} Ib
F, = {-275j} b

F; = —75 cos 60°i — 75 sin 60°j
F; = {—37.5i — 65.0j} Ib

Fix = SF = {52.5i — 460j} Ib

Fr = V/(52.5)2 + (—460)* = 463 Ib

Ans.

Ans.

Ans.

Ans.

y
F,=2751b
F,=1501b —
ANS

3 60°
¥

X




2-39.

Resolve each force acting on the support into its x and
y components, and express each force as a Cartesian vector. F,= 600N F, = 800N

45°

SOLUTION

F, = {800 cos 60°(+i) + 800 sin 60°(+j)} N
= {400i + 693j} N

Ans.

F, = {600 sin 45°(—i) + 600 cos 45°(+j)} N Ans.
— {—424i + 424j} N

S Y A P N

= {600i — 250§} N

[/ Q;)J:aoo Sinéo’ N

F=600N +

(E)y=boocost5H|

—

‘ -';-J-f‘

F )jsooaxean N (6 o= 600 STH5'N 023)”4: 650 ) N



*2-40.

Determine the magnitude of the resultant force and its
direction 0, measured counterclockwise from the positive
X axis.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of Fy, F,,
and F3 can be written as

(F1), = 800 cos 60° = 400 N (Fy), = 800 sin 60° = 692.82 N

(F,), = 600sin 45° = 42426 N (F3), = 600 cos 45° = 42426 N

12 5
(F3)x = 650(5) = 600N (F3), = 650 (E) = 250N

Resultant Force: Summing the force components algebraically along the x and
y axes, we have

& S(Fp)y = SFy; (Fr)y = 400 — 424.26 + 600 = 575.74N —
+1S(Fp), = 3F,; (Fg)y = — 692.82 + 424.26 — 250 = 867.08 N 1

The magnitude of the resultant force Fy is

Fr=V(Fp)2 + (Fp),2 = V57574’ + 867.08% = 1041 N = 1.04kN Ans.

The direction angle 0 of Fp, Fig. b, measured counterclockwise from the positive
X axis, is

[ (Fr) } (867.08)
0 = tan”' Y| = tan™ = 56.4° Ans.
an |i(FR)X tan 57574 56.4 ns.

F,= 600N
45°—




2-41.

Determine the magnitude of the resultant force and its
direction measured counterclockwise from the positive x axis.

SOLUTION

1 1
F, = —60<>i + 60<>j = (—42.43i + 42.43j) b
V2 %)
F, = —70sin 60°i — 70 cos 60°%j = {—60.62i — 35j} Ib
F; = (=50j} Ib

Fz = SF = {—103.05i — 42.57j} Ib

Fr = V(—103.05)2 + (—42.57) = 111 1b

4257
f=tan!| | = 22.4°
0" = tan (103.05)

0 = 180° + 22.4° = 202°

Ans.

Ans.

— &

lo&oSlb/
61

“a.s1lb

Fa



2-42.

Determine the magnitude and orientation 6 of Fp so that y
the resultant force is directed along the positive y axis and
has a magnitude of 1500 N.

SOLUTION
Scalar Notation: Summing the force components algebraically, we have
5 Fp = SF; 0 = 700 sin 30° — Fp cos 6

Fpgcos 6 = 350 @
+1Fgp = 2F; 1500 = 700 cos 30° + Fgsin @

Fgsinf = 893.8 (2) .‘f-"z' -0
Solving Eq. (1) and (2) yields Fnl,:,fﬂ-“ ;go/ﬂ;

0 = 686° Fz=960N Ans. PN AR

Fp=1500N




2-43.

y

Determine the magnitude and orientation, measured
counterclockwise from the positive y axis, of the resultant
force acting on the bracket, if Fz = 600 N and 6 = 20°.

SOLUTION

Scalar Notation: Summing the force components algebraically, we have

5 Fp = SF,;  Fg = 700sin30° — 600 cos 20°

—213.8N = 213.8 N <

-i-TFRV =2F,; FRy = 700 cos 30° + 600 sin 20°
=8114N 1 0l . £ =7con
Wi
The magnitude of the resultant force Fy is i !
Fiboon Py S
Fr=\Fk + Fx = V2138 + 8114’ = 839N Ans. N || A
‘ ‘ 7 4 i fix %
The direction angle § measured counterclockwise from the positive y axis is Fac
Fr 213.8
= tan~'— = tan~ Y =22 | = 14.8° Ans.
0 an FR}. an <811.4 ns .
q
- ]
i\o
: 84N
|
1
238N x




244,

The magnitude of the resultant force acting on the bracket
is to be 400 N. Determine the magnitude of F; if ¢ = 30°.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of Fy, F,,
and F3 can be written as

(Fy), = Fy cos 30° = 0.8660F, (Fy), = Fysin30° = 0.5F,
3 4
(F2), =650\ ) = 390N (F2)y = 650( ) = 520N

(F3), = 500 cos 45° = 353.55 N (F3), = 500sin 45° = 35355 N

Resultant Force: Summing the force components algebraically along the x and g
y axes, we have 'z

W
)
I
|
QL,
h
a8

BN 2(Fr)y = ZF,. (Fr), = 0.8660F; — 390 + 353.55 ; |
— 0.8660F; — 36.45 AN ; “““ 7 F
<2\ |
+13(Fg), = SF, (Fp)y = 0.5F) + 520 — 353.55 | — ~ gg:_/)r(ﬁ k
= 0.5F, + 166.45 Vi o= ?{_ %
. . . . Gy L NF T ®)
Since the magnitude of the resultant force is Fzr = 400 N, we can write w | ll x
I
Fr = V(Fp)i + (Fp), ?———
R ( R)x ( R)y 52500/\/
400 = \/(0.866OF1 — 36.45)% + (0.5F; + 166.45)? CE)}
(2
F2 + 103.32F; — 130967.17 = 0. Ans.
Solving,
F, = 314N or F, = —417N Ans.

The negative sign indicates that F; = 417 N must act in the opposite sense to that
shown in the figure.



2-45.

If the resultant force acting on the bracket is to be directed
along the positive u axis, and the magnitude of F; is
required to be minimum, determine the magnitudes of the
resultant force and F;.

SOLUTION

Rectangular Components: By referring to Figs. a and b, the x and y components of
Fy, F,, F5, and Fg can be written as

(F1)x = Fycos¢ (Fy), = Fysin¢
3 4
(F2), =650\ ¢ ) = 390N (Fy), = 650( < ) = 520N
(F3); = 500 cos 45° = 353.55 N (F3), = 500sin 45° = 353.55 N
(FR)X = FR cos 45° = 07071FR (FR)y = FR sin 45° = 07071FR

Resultant Force: Summing the force components algebraically along the x and
y axes, we have

H S(Fg), = SFy 0.7071F = F, cos ¢ — 390 + 353.55 §))
+13(Fp), = SF; 0.7071Fg = Fysin ¢ + 520 — 353.55 %))

Eliminating F » from Egs. (1) and (2), yields

202.89
= 3
' cos ¢ — sin ¢ ®
The first derivative of Eq. (3) is
dF, sin ¢ + cos ¢
e 4)
dp  (cos ¢ — sin )
The second derivative of Eq. (3) is
d’F;  2(sin ¢ + cos ¢)° N 1 )
d¢?  (cos¢ — sing)®  cos¢ — sin¢
. dF; _
For F; to be minimum, % = 0. Thus, from Eq. (4) (z)}
=450N
sing + cosp =0 "él-——Jq
I 1
tang = —1 ! ¢ E] I
= —45° I *N\
d’ - l(_T_-
Substituting ¢ = —45° into Eq. (5), yields 4
Bk
d*F,
5 = 0.7071 >0
dé
This shows that ¢ = —45° indeed produces minimum F;. Thus, from Eq. (3)
202.8
F, = o = 14347N = 143N Ans.

cos (—45°) — sin (—45°)
Substituting ¢ = —45° and F; = 143.47 N into either Eq. (1) or Eq. (2), yields

Fr=919N Ans.




2-46.

If the magnitude of the resultant force acting on the bracket
is 600 N, directed along the positive u axis, determine the
magnitude of F and its direction ¢.

SOLUTION

Rectangular Components: By referring to Figs. a and b, the x and y components of
Fy, F,, F5, and Fg can be written as

(F1)y = Ficos ¢ (F1)y = Fising
(F2)x = 650(%) =390 N (F»), = 650 <%) = 520N

(F3), = 500 cos 45° = 353.55 N (F3), = 500 cos 45° = 353.55 N

(Fg), = 600 cos 45° = 42426 N (Fgr)y = 600 sin 45° = 42426 N

Resultant Force: Summing the force components algebraically along the x and
y axes, we have

X S(Fp), = SFy 42426 = F, cos ¢ — 390 + 353.55 )
F{cos ¢ = 460.71

+13(Fp), = =F,; 42426 = Fsin ¢ + 520 — 353.55 Q)
F,sin ¢ = 257.82

Solving Egs. (1) and (2), yields

¢ = 29.2° F, = 528N Ans.




2-47.
Determine the magnitude and direction 6 of the resultant

force Fi. Express the result in terms of the magnitudes of
the components F; and F, and the angle ¢.

SOLUTION
F% = F} + F} — 2F,F,cos (180° — ¢)

Since cos (180° — ¢) = —cos ¢,

Fr = VF? + F3 + 2F,Fycos ¢ Ans.
From the figure,
Fisin ¢

tan = —————

an Fy, + Fcos ¢

Fysin ¢
f=tan'| ———— .
an <F2 + F;cos d)) Ans

FS\'AC#)



248,

If F; = 600 N and ¢ = 30°, determine the magnitude of the
resultant force acting on the eyebolt and its direction
measured clockwise from the positive x axis.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of each
force can be written as

(F), = 600 cos 30° = 519.62N  (F,), = 600 sin 30° = 300 N

(F), = 500 cos 60° = 250N (F,), = 500 sin 60° = 433.01 N
3 4
(F3), = 450(§> =270N (Fy), = 450(5) =360 N

Resultant Force: Summing the force components algebraically along the x and y axes,
B 3(Fg), = 3F,; (Fr), = 519.62 + 250 — 270 = 499.62N —

+13(F)y = SF,; (Fg)y = 300 — 433.01 — 360 = —493.01 N = 493.01 N |

The magnitude of the resultant force Fp is

Fr = V(Fp)? + (Fg)? = V499.62% + 493.0> = 701.91 N = 702N Ans.

The direction angle 6 of F, Fig. b, measured clockwise from the x axis, is

(FRr)y 493.01
= 71 = 71 . = o
0 = tan [(FR)J: tan 199,62 44.6 Ans.

| (Ea,c-M%zA/

m_,l__ %

R
t—.—.——

PZ{,] =493.0/N

()



2-49.

If the magnitude of the resultant force acting on the
eyebolt is 600 N and its direction measured clockwise from
the positive x axis is § = 30°, determine the magnitude of

F, and the angle ¢.

SOLUTION

Rectangular Components: By referring to Figs. a and b, the x and y components of

F,,F,, F;,and Fy can be written as
(F1)x = Ficos ¢

(F,), = 500 cos 60° = 250 N

(F), = 450(%) = 270N

(Fg), = 600 cos 30° = 519.62 N

(Fl)y = Fl sin ¢
(F,), = 500 sin 60° = 433.01 N

4

5) = 360N

(Fy), = 450(

(Fg), = 600 sin 30° = 300 N

Resultant Force: Summing the force components algebraically along the x and y axes,

B S(FR), = SF,;  519.62 = F cos ¢ + 250 — 270

F, cos ¢ = 539.62 @

+12(Fp), = SF,

v; —300 = Fsin¢ — 433.01 — 360

F, sin ¢ = 493.01 )

Solving Egs. (1) and (2), yields

b= 024°

F,=731N Ans.




2-50.

Determine the magnitude of F; and its direction 6 so that
the resultant force is directed vertically upward and has a
magnitude of 800 N.

SOLUTION

Scalar Notation: Summing the force components algebraically, we have
. 4

—tFRX = 2F,; Fg, = 0 = F;sin 6 + 400 cos 30° — 600 5

F,sing = 133.6 @

. 3

+1 Fr = 2F; Fg, = 800 = Fj cos 6 + 400 sin 30° + 600(5)

F, cos 6 = 240 (2)
Solving Egs. (1) and (2) yields

0 =29.1° F, =275N Ans.




2-51.

Determine the magnitude and direction measured
counterclockwise from the positive x axis of the resultant
force of the three forces acting on the ring A. Take
F; = 500N and 6 = 20°.

SOLUTION
Scalar Notation: Summing the force components algebraically, we have
. 4
—'t>FRX = 23F,; Fg, = 500 sin 20° + 400 cos 30° — 600 5
=3742N —
. 3
+TFR<V = 3F; Fg, = 500 cos 20° + 400 sin 30° + 600(§)

=1029.8N 1

The magnitude of the resultant force Fy is

Fp = VF} + F} = \/37.42% + 1029.8* = 1030.5 N = 1.03 kN

The direction angle # measured counterclockwise from positive x axis is

Fr 1029.8
f=tan ' — =t *1(—') = 87.9°
R NP

y

f
Fry_T=s0cd
FrbooN __ 7y “,07?
fn\‘\s ’7 i Ry . F 4000
Ans b i
F’ 9 \\‘ ~f30° - <
e 1—‘/ ;
fin
Ans. 1
g Fe
|
i
1029 6K Il

i~3742N



*2-52.

Determine the magnitude of force F so that the resultant Fy

of the three forces is as small as possible. What is the
minimum magnitude of Fz?

SOLUTION
Scalar Notation: Summing the force components algebraically, we have
B Fr =3F,;;  Fg =5- Fsin30°
=5—-050F —
+1Fp, = 2F,; Fg, = Fcos30° — 4
= 0.8660F — 4 1
The magnitude of the resultant force Fy is
Fr=VIE + Fg,

= V(5 - 0.50F)> + (0.8660F — 4)?

= VF? - 11.93F + 41

@
F} = F? — 11.93F + 41
2F @ =2F — 1193 2
Kgp = : @)
d’Fr dFg dFpg
—— ==X —| =
<FR ar " ar Car ) ! @
. . dFpg
In order to obtain the minimum resultant force Fpg, aF - 0.From Eq. (2)
2F @ =2F —1193=0
Kar e
F = 5964 kN = 5.96 kN Ans.
Substituting F = 5.964 kN into Eq. (1), we have
Fr = V/5.964> — 11.93(5.964) + 41
= 2.330kN = 233 kN Ans.

dF
Substituting Fp = 2.330 kN with TFR = 0 into Eq. (3), we have

d*Fg
(2.330) 2T 0l=1
d°F»

T = 0429 >0

Hence, F = 5.96 kN is indeed producing a minimum resultant force.

: SKN

30°

4 kN

—



2-53.

Determine the magnitude of force F so that the resultant
force of the three forces is as small as possible. What is the
magnitude of the resultant force?

8 kN

SOLUTION
& Fro= SF,; Fr. = 8 — Fcos 45° — 14 cos 30°
= —4.1244 — F cos 45°
+1Fg, = 3F,; Fg, = —F sin45° + 14 sin 30°
=7 — F sin 45°
Fj = (—4.1244 — F cos 45°)* + (7 — F sin 45°) )
2FRTFR = 2(—4.1244 — F cos 45°)(—cos 45°) + 2(7 — F sin 45°)(—sin45°) = 0 !
s F
F =2.03kN Ans. 1k N3 .
Be s
From Eq. (1); Fr=787kN Ans. Tk

Also, from the figure require

»
(Fr)y =0 =3F F + 14sin 15° — 8cos 45° = 0

F =2.03kN Ans.
(FR)y’ = IF; Fr = 14cos 15° — 8sin 45°

Fr = 7.87kN Ans.



2-54.
Three forces act on the bracket. Determine the magnitude and

direction 6 of F so that the resultant force is directed along the
positive x" axis and has a magnitude of 1 kN.

SOLUTION

B Fp. = SF,; 1000 cos 30° = 200 + 450 cos 45° + F; cos(f + 30°)

+ TFRy = 2F,; —1000sin 30° = 450 sin 45° — Fysin(6 + 30°)

F,sin(0 + 30°) = 818.198
F cos(0 + 30°) = 347.827
9 +30° = 66.97°, 0 = 37.0° Ans.

F, = 889N Ans.



2-55.
If F; = 300N and 0 = 20°, determine the magnitude and

direction, measured counterclockwise from the x' axis, of
the resultant force of the three forces acting on the bracket.

SOLUTION
B Fp, = SF,; Fgr, = 300 cos 50° + 200 + 450 cos 45° = 711.03 N

+ TFRy = 2F,; Fgy = =300 sin 50° + 450 sin 45° = 88.38 N

Fr =V (711.03)* + (88.38)> = 717N Ans.

88.38
’ . — -1
¢’ (angle from x axis) = tan [711'03}
¢ = 7.10°
¢ (angle from x’ axis) = 30° + 7.10°

¢ = 37.1° Ans.




*2-56.

Three forces act on the bracket. Determine the magnitude and
direction 6 of F, so that the resultant force is directed along
the positive u axis and has a magnitude of 50 Ib.

SOLUTION

Scalar Notation: Summing the force components algebraically, we have
5
B Fy = SF; 50 cos25° = 80 + 52(3) + Fycos (25° + 6)
F, cos (25° + 0) = —54.684
. 12 .
+1 Fp, = SF; —50 sin 25° = 52 ) F, sin (25° +6)

F, sin (25° + 0) = 69.131
Solving Egs. (1) and (2) yields
25° + 6 = 128.35° 0 = 103°

F, =88.11b

@

2

Ans.

Ans.

F,=801b

—

25°

5:}5 =521b
I
iy
()R Fegonh

Fe

r

X
I'\: ra?;"" FE&

Fe=501b

X



2-57.
If F, =150 1b and 6 = 55°, determine the magnitude and

y
direction, measured clockwise from the positive x axis, of the
resultant force of the three forces acting on the bracket.

SOLUTION

Scalar Notation: Summing the force components algebraically, we have

F,=801b

> X

5
b F, = SF;  Fp =80+ SZ(E) + 150 cos 80° 5o
= 126.051b —

u

12
+1 Fgr, = 3F); Fg, = 52(5) — 150 sin 80°
= —99.721b = 99.721b |

The magnitude of the resultant force Fy is

Fr = VF + Fk = V12605 + 99722 = 161 Ib Ans.

The direction angle § measured clockwise from positive x axis is

Fp 99.72
f=tan ' — =1t ’1(%):38.3" Ans.
M 12605 ns




2-58.

If the magnitude of the resultant force acting on the bracket y
is to be 450 N directed along the positive u axis, determine
the magnitude of F; and its direction ¢.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of F;, F,,
F;, and Fj can be written as

(F)y = Fyising (Fl)y = Fycos ¢

(F), =200 N (F)y =0

F —260i = 100 N F —2602 =240 N
( 3)x - 13 - ( 3)y - 13 -

(Fg), = 450 cos 30° = 389.71 N (Fg), = 450sin30° = 225N

Resultant Force: Summing the force components algebraically along the x and y axes,

B 3 (Fp), = SF; 389.71 = Fsin ¢ + 200 + 100

Fsin ¢ = 89.71 )

+12(Fp),

ZF,; 225 = Fycos ¢ — 240

F, cos¢ = 465 ()

Solving Egs. (1) and (2), yields

¢ = 10.9° F, = 474 N Ans.




2-59.

If the resultant force acting on the bracket is required to be
a minimum, determine the magnitudes of F; and the
resultant force. Set ¢ = 30°.

SOLUTION

Rectangular Components: By referring to Fig. a, the x and y components of F;, F,,
and F; can be written as
(Fl)x = Fl sin 30° = OSFl (Fl)y = Fl cos 30° = 0866OF1

(F2)x = 200N (Fz)y =0

13

Resultant Force: Summing the force components algebraically along the x and y axes,
B 3 (Fp), = 3F; (Fr), = 0.5F, + 200 + 100 = 0.5F, + 300
+13(Fg), = SF,; (Fg), = 0.8660F, — 240

The magnitude of the resultant force Fp is
Fr = V(Fp)i + (Fr);
= V/(0.5F, + 300)* + (0.8660F, — 240)?

= VF? = 115.69F, + 147 600 )

Thus,

Fj = F? — 115.69F, + 147 600 ?)

The first derivative of Eq. (2) is

2F, @—ZF — 115.69 3
LT . )
. dFg
For F, to be minimum, IF 0. Thus, from Eq. (3)
1
2F, @—ZF — 11569 =0
Rar — 71 o
F; = 57846 N =578 N Ans.

from Eq. (1),

Fr = V/(57.846) — 115.69(57.846) + 147 600 = 380 N Ans.

30
ik
» R=200n
! E*r(f-;)x




*2-60.

The stock mounted on the lathe is subjected to a force of
60 N. Determine the coordinate direction angle B and
express the force as a Cartesian vector.

SOLUTION
1= Vecosta + cos? B + cos’y
1 = cos?60° + cos’ B + cos?45°
cosB= +05
B = 60°,120°
Use
B = 120°

F = 60 N(cos 60°i + cos 120°% + cos 45°k)

= (30i — 30j + 424k} N

Ans.

Ans.



2-61.

Determine the magnitude and coordinate direction angles
of the resultant force and sketch this vector on the
coordinate system.

SOLUTION

F, = {80 cos 30° cos 40°i — 80 cos 30° sin 40°j + 80 sin 30°k} 1b
F, = {53.1i — 44.5j + 40K} Ib

F, = {130k} Ib

Fr=F, +F,

Fg = {53.1i — 44.5] — 90.0k} Ib

Fr = V(53.1)* + (—44.5)> + (=90.0)2 = 1141b
53.1
= -1 = o
a = CoS <113.6> 62.1
—44.5
= cos ! - — 1130
B coS < 1136 ) 113

Y= cosl<119;)'0> = 142°

Ans.

Ans.

Ans.

Ans.

F,=801b

y

/ F, = 130 1b




2-62.

Specify the coordinate direction angles of F; and F, and
express each force as a Cartesian vector.

SOLUTION
F; = {80 cos 30° cos 40°i — 80 cos 30° sin 40°j + 80 sin 30°k} Ib

F, = {53.1i — 44.5j + 40k} Ib

53.1
=cos || == | = 484°
0%} cos < 80 )

Bi = cos_1<_gg'5> = 124°

4
v, = cos! (ng) = 60°

0
= _1 — = o
@, = COoS ( 130> 90
0
= 71 — = °
B> = cos ( 13()) 90

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

F,=801b

y

/ F, = 130 1b



2-63.

The bolt is subjected to the force F, which has components
acting along the x, y, z axes as shown. If the magnitude of F is

80 N, and @ = 60° and y = 45°, determine the magnitudes
of its components.

SOLUTION

cosp = V1 — cos?a — cosly

= \/1 — c0s?60° — cos?45°

B = 120°

F, = |80 cos 60°| = 40N Ans.
Fy, =180 cos120°] = 40N Ans.
F,

= |80 cos 45°| = 56.6 N

Ans.



*2-64.
Determine the magnitude and coordinate direction angles of

F,; = {60i — 50j + 40k} N and F, = {—40i — 85j + 30k} N.
Sketch each force on an x, y, z reference frame.

SOLUTION

F, =60i—50j+ 40k

Fy = V(60)2 + (—50)% + (40)? = 87.7496 = 87.7N

60
—1 = 46.9°
o8 (87.7496) 6.9
-50
= 71 = °
B = cos (87.7496) 125

40
= cos! = 62.9°
Y1 cos (87.7496)

F,=—-40i — 8j + 30k

aj

Fy = V/(—40)* + (—=85)% + (30)> = 98.615 = 98.6 N

—40
a = cos’l( ) = 114°

=
LSS}
Il
)
o
w1
7N
S |
0
W
N~~~
Il
—
W
(e
[e]

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

bt
h 5
b2
1150
Aor
76
A
FZ-
7z ,
I \ 4_0 f 5-0




2-65.
The cable at the end of the crane boom exerts a force of

250 Ib on the boom as shown. Express F as a Cartesian
vector.

SOLUTION

Cartesian Vector Notation: With « = 30° and B = 70°, the third coordinate
direction angle vy can be determined using Eq. 2-8.

cos’a + cos> B + cos’y = 1
cos?30° + cos?70° + cos’y = 1
cosy = +0.3647

v = 68.61° or 111.39°

By inspection, y = 111.39° since the force F is directed in negative octant.
F = 250{cos 30°i + cos 70°j + cos 111.39°} Ib

= {217i + 85.5] — 91.2k} Ib Ans.
{ j



2-66.

Express each force acting on the pipe assembly in Cartesian
vector form.

SOLUTION

Rectangular ~ Components:  Since  cos®> a, + cos’> B, + cos’y, = 1, then
cos B, = +V1 — cos? 60° — cos? 120° = +0.7071. However, it is required that
B, < 90°,thus, B, = cos™'(0.7071) = 45°. By resolving F, and F, into their x, y, and
z components, as shown in Figs. a and b, respectively, F; and F, can be expressed in
Cartesian vector form, as

4
F, = 600(g>(+i) +0j + 600(%)(+k)
= [480i + 360k] b Ans.

F, = 400 cos 60°i + 400 cos 45°j + 400 cos 120°k

= [200i + 283j — 200Kk] Ib Ans.




2-67.

Determine the magnitude and direction of the resultant
force acting on the pipe assembly.

SOLUTION

Force Vectors: Since cos?a, + cos? B, + cos?y, = 1, then cosy, =
£ V1 — cos? 60° — cos? 120° = + 0.7071. However, it is required that
B, < 90°, thus, B, = cos (0.7071) = 45°. By resolving F, and F, into their x, y, and
z components, as shown in Figs. a and b, respectively, F, and F, can be expressed in
Cartesian vector form, as

2

F, = 600(%)(+i) +0j + 600@)(“()
= {480i + 360k} Ib

F, = 400 cos 60°i + 400 cos 45°j + 400 cos 120°k
= {200i + 282.84j — 200k} Ib
Resultant Force: By adding F, and F, vectorally, we obtain Fp,.
Fr,=F + F,
= (480i + 360k) + (200i + 282.84j — 200k)

= {680i + 282.84j + 160k} Ib

The magnitude of Fy is

Fr = V(Fp)? + (F)? + (Fp)?

= V6802 + 282.842 + 160% = 753.66 Ib = 754 1b Ans.

The coordinate direction angles of F, are

[ (Fp), | 630
a= cosl_(;;)_ = cosl<753'66> = 25.5° Ans.
[ (Fr)y| 282.84
= -1 = -1 . = 68.0° Ans.
B = cos Fr | cos 753.66 68.0 ns
[ (Fp): | 160
Y = 00571 (F],;Z = COS1<753.66 = 77.7° Ans.




*2-68.

Express each force as a Cartesian vector.

SOLUTION

Rectangular Components: By referring to Figs. a and b, the x, y, and z components
of F| and F, can be written as

(F1), = 300 cos 30° = 259.8 N (F,), = 500 cos 45° sin 30° = 176.78 N

F,=500N
(F1)y =0 (F,), = 500 cos 45° cos 30° = 306.19 N
(Fy), = 300sin 30° = 150 N (F,). = 500 sin 45° = 353.55 N

Thus, F; and F, can be written in Cartesian vector form as
F, = 259.81(+i) + 0j + 150(—k)
= {260i — 150k} N Ans.
F, = 176.78(+i) + 306.19(+j) + 353.55(—k)

2{177i + 306§ — 354k} N Ans.




2-69.

Determine the magnitude and coordinate direction angles
of the resultant force acting on the hook.

SOLUTION

Force Vectors: By resolving F; and F, into their x, y, and z components, as shown in
Figs. a and b, respectively, F; and F, can be expessed in Cartesian vector form as

F, = 300 cos 30°(+i) + 0j + 300 sin 30°(—k)
= {259.81i — 150k} N F,= 500N

F, = 500 cos 45°sin 30°(+i) + 500 cos 45° cos 30°(+j) + 500 sin 45°(—k)
= {176.78i — 306.19j — 353.55k} N

Resultant Force: The resultant force acting on the hook can be obtained by vectorally
adding F; and F,. Thus,

FR = F1 + F2
— (259.81i — 150Kk) + (176.78i + 306.19j — 353.55k)
= [436.58i) + 306.19j — 503.55k} N

The magnitude of Fp is

Fr=V(Fp)? + (Fp),X(Fp):
= V/(436.58)> + (306.19)2 + (—503.55)> = 73343 N = 733N Ans.

The coordinate direction angles of Fp are

_ ,[(FR)X} _ ,1(436.58) e
0, = cos _71:13 cos 3343 53.5 Ans.
L[(F 306.19
0, = cos 1%} = cos*1(7 334 3) = 65.3° Ans.
[(F R)z} ~503.55
=cos | ——| = —1( : > — 133° Ans.
: | Fg €08 '\ 73343 133




2-70.

The beam is subjected to the two forces shown. Express each z
force in Cartesian vector form and determine the magnitude
and coordinate direction angles of the resultant force.

F,=2501b

SOLUTION

7. 24
F, = 630(E)J 630(25>k

F, = (176.4j — 604.8K)

F, = {176j — 605k} Ib Ans.
F, = 250 cos 60°i + 250 cos 135%j + 250 cos 60°k

F, = (125i — 176.777j + 125k)

F, = {125i — 177j + 125k} Ib Ans.
Fr=F, +F,

Fr = 125i — 0.3767j — 479.8k

Fr = {125i — 0.377j — 480K} Ib

Fr = V(125)* + (—0.3767)2 + (—479.8)* = 495.82

= 496 Ib Ans.
125
= 71 —_— = o
a = Ccos (495.82) 75.4 Ans.
—0.3767
= g = ©
B = cos ( 49582 ) 90.0 Ans.

—479.8
v = cos’l( ) = 165° Ans.



2-71.

If the resultant force acting on the bracket is directed along z
the positive y axis, determine the magnitude of the resultant
force and the coordinate direction angles of F so that
B < 90°.

SOLUTION

Force Vectors: By resolving F, and F into their x, y, and z components, as shown in
Figs. a and b, respectively, F; and F can be expressed in Cartesian vector form as

F; = 600 cos 30° sin 30°(+i) + 600 cos 30° cos 30°(+j) + 600 sin 30°(—k)

= {259.81i + 450j — 300k} N
X

F = 500 cos ai + 500 cos Bj + 500 cos yk

Since the resultant force Fy is directed towards the positive y axis, then
Fr = Frj
Resultant Force:
Fr,=F +F
Frj = (259.81i + 450j — 300k) + (500 cos ai + 500 cos Bj + 500 cos yk)

Frj = (259.81 + 500 cos a)i + (450 + 500 cos B)j + (500 cos y — 300)k

Equating the i, j, and k components, xX

0 = 259.81 + 500 cos «

a =121.31° = 121° Ans. )

Fg = 450 + 500 cos B @ F=6oo N
0 = 500 cos y — 300 (2)

y = 53.13° = 53.1° Ans.

However, since cos” a + cos” B + cos’y = 1, = 121.31°, and y = 53.13°,

cos B = £V1 — cos? 121.31° — cos? 53.13° = +0.6083

If we substitute cos B = 0.6083 into Eq. (1),
Fr = 450 + 500(0.6083) = 754 N Ans.

and

B = cos ! (0.6083) = 52.5°  Ans.

e)



*2-72.
A force F is applied at the top of the tower at A. If it acts in
the direction shown such that one of its components lying in

the shaded y-z plane has a magnitude of 80 Ib, determine its
magnitude F and coordinate direction angles «, 3, y.

SOLUTION

Cartesian Vector Notation: The magnitude of force F is
F cos 45° = 80 F =113141b = 1131b
Thus,
F = {113.14 sin 45° + 80 cos 60°j — 80 sin 60°k} Ib

= {80.0i + 40.0j — 69.28k} Ib

The coordinate direction angles are

F, 800 .
cosaz—?—n&14 a =450
v 400 )

COSB = =134 P03
F,  —-69.28 3

e R TER VI A

—
A

[ —
4 BN

O——

Ans. y 4
F + N "
)4
4L
Ans.
Ans.
Ans.



2-73.

The spur gear is subjected to the two forces caused by

contact with other gears. Express each force as a Cartesian
vector.

SOLUTION

7 .. 24 P
Fy = 52 (50)j = 55 (S0)k = {14.0] — 48.0k] Ib

F, = 180 cos 60°i + 180 cos 135°%j + 180 cos 60°k

= {90i — 127j + 90k} Ib

Ans.

Ans.




2-74.

The spur gear is subjected to the two forces caused by
contact with other gears. Determine the resultant of the two
forces and express the result as a Cartesian vector.

SOLUTION

Fr, = 180 cos 60° = 90

7
Fgy = E(SO) + 180 cos 135° = —113

24
Fy = =55 (50) + 180 cos 60° = 42

Fr = {90i — 113j + 42k} Ib Ans.



2-175.

Determine the coordinate direction angles of force F;.

SOLUTION

Rectangular Components: By referring to Figs. a, the x, y, and z components of F;
can be written as

4 4 3
(F)y = 600(5) cos 30° N (F), = 600(5) sin 30° N (R), = 600(§> N
Thus, F; expressed in Cartesian vector form can be written as
4 . 4 . . 3
F, = 600{5 cos 30°(+i) + 3 sin 30°(—j) + 3 (+k)} N
= 600[0.6928i — 0.4j + 0.6k] N

Therefore, the unit vector for F; is given by

F,  600(0.6928i — 0.4j + 0.6k
Uup = =

== = 0.6928i — 0.4j + 0.
=T 0 0.6928i — 0.4j + 0.6k

The coordinate direction angles of F; are
a= cos_l(uFl)x = cos 1(0.6928) = 46.1° Ans. X
B = cos (up,), = cos 1(—=0.4) = 114° Ans. (_Q)

y = cos '(ug,), = cos '(0.6) = 53.1° Ans.



*2-76.

Determine the magnitude and coordinate direction angles
of the resultant force acting on the eyebolt.

SOLUTION

Force Vectors: By resolving F; and F, into their x, y, and z components, as shown in
Figs. a and b, respectively, they are expressed in Cartesian vector form as

4
5

4

)cos 30°(+i) + 600(5

F, = 600( )sin 30°(—j) + 600<%)(+k)
= {415.69i — 240j + 360k} N

F, = 0i + 450 cos 45°(+j) + 450 sin 45°(+k)
= {318.20j + 31820k} N

Resultant Force: The resultant force acting on the eyebolt can be obtained by
vectorally adding F; and F,. Thus,

FR:F]+F2

= (415.69i — 240j + 360k) + (318.20j + 318.20k)

= {415.69i + 78.20j + 67820k} N

The magnitude of Fy is given by

Fr= V(FR.> + (Fp),* + (Fp).? &
= \/(415.69)2 + (78.20)% + (678.20)% = 799.29 N = 799 N Ans.
Fle
The coordinate direction angles of F are _!, K
C[(FR) ) (415.69) F=450N
- | YR | 1 4569 _
a = cos T Fe cos 799.29 58.7 Ans. fl

[(Fr)y 78.20 4
B = cos™! o cos_l(799 29> = 84.4° Ans. ?"
[(FR):T 678.20 : + 3 )7 \

= cos! = 32.0° Ans.
CFg | (799.29) ns

COos

7

<
I

&)



2-717.

The cables attached to the screw eye are subjected to the
three forces shown. Express each force in Cartesian vector
form and determine the magnitude and coordinate direction
angles of the resultant force.

SOLUTION

Cartesian Vector Notation:

F, = 350{sin 40°j + cos 40°k} N
= {224.98j + 268.12k} N
= {225j + 268k} N

F, = 100{cos 45° + cos 60°j + cos 120°k} N
= {70.71i + 50.0j — 50.0k} N
= {70.7i + 50.0§ — 50.0k} N

F; = 250{cos 60°i + cos 135° + cos 60°k} N
= {125.0i — 176.78j + 125.0k} N
= {125i — 177j + 125k} N

Resultant Force:

FR:F]+F2+F3

Ans.

Ans.

Ans.

= {(70.71 + 125.0)i + (224.98 + 50.0 — 176.78)j + (268.12 — 50.0 + 125.0)k} N

= {195.71i + 98.20j + 34312k} N

The magnitude of the resultant force is

Fr=\Fk + Fg, + Fg,

= V195712 + 98207 + 343.122

= 407.03N = 407N

The coordinate direction angles are

Fr, 19571 .
cCosa = TR = 407.03 o = 613

Fr, 9820

: .
= = = 76.0°

cosB=p T a0 P

Fr. 34312
cosy = = vy = 32.5°

Fr  407.03

Ans.

Ans.

Ans.

Ans.



2-78.

Three forces act on the ring. If the resultant force Fj has a
magnitude and direction as shown, determine the
magnitude and the coordinate direction angles of force F;.

SOLUTION

Cartesian Vector Notation:
Fz = 120{cos 45°sin 30°i + cos 45°cos 30°j + sin 45°k} N

= {42.43i + 73.48] + 84.85k} N

4
F, = SO{Si + zk} N = {64.0i + 48.0k} N

F, = {~110k} N
F3 = {F3Xi + F3yj + F3z k} N
Resultant Force:

FR:F]+F2+F3

F;
Fr=120N
F,=110N
F, =80N 5 45°
34 /
30°

(42431 + 73.48) + 8485k} = {(64.0 + F5 )i + F; j + (48.0 — 110 + F5_) k|

Equating i, j and k components, we have
64.0 + I3 = 42.43 F;, = —21.57TN

Fy = 73.48N

480 — 110 + F, = 8485  F, = 14685N

The magnitude of force F; is
Fy = \/F + Fj + F3,

= V(—21.57)> + 73487 + 146.85

= 165.62N = 166 N

The coordinate direction angles for F; are

B, —21.57 .
cosa = F = 165.62 a =975
F5, 7348
— Y — : — o
cos B = A 165.62 B =637
I3, 14685
cosy = =— = v =27.5°

F 16562

Ans.

Ans.

Ans.

Ans.




2-79.

Determine the coordinate direction angles of F; and Fp,.

SOLUTION
Unit Vector of F, and Fp:

4. 3
wp, = Si+ ko= 08 + 06k

ui = cos 45° sin 30°i + cos 45° cos 30°j + sin 45°k

0.3536i + 0.6124j + 0.7071k

Thus, the coordinate direction angles F, and F are

cos ap, = 0.8 ap, = 36.9°
cos Bp, =0 Br, = 90.0°
cos yp, = 0.6 v, = 53.1°

cos ag = 0.3536 ag = 69.3°
cos Br = 0.6124 Br = 52.2°

cos yg = 0.7071 yr = 45.0°

3
Frp=120N
F, = 110N
F, = 80 Ndgr3 45°
34 /
30°

Ans.
Ans.

Ans.

Ans.
Ans.

Ans.



*2-80.

If the coordinate direction angles for F; are a3 = 120°,
B3 = 45° and 7y; = 60°, determine the magnitude and
coordinate direction angles of the resultant force acting on
the eyebolt.

SOLUTION

Force Vectors: By resolving Fy, F, and F; into their x, y, and z components, as shown
in Figs. a, b, and c, respectively, F, F, and F; can be expressed in Cartesian vector
form as

F, = 700 cos 30°(+i) + 700 sin 30°(+j) = {606.22i + 350§} Ib
. 4\ . 3 .
F, = 0 + 600( = )(+J) + 600( 5 )(+k) = {480 + 360k} Ib
F; = 800 cos 120°i + 800 cos 45° + 800 cos 60°k = [—400i + 565.69j + 400k] Ib

Resultant Force: By adding F;, F, and F; vectorally, we obtain Fg. Thus,
FR = Fl + F2 + F3
= (606.22i + 350§) + (480j + 360k) + (—400i + 565.69j + 400k)

= [206.22i + 1395.69j + 760k] 1b

The magnitude of Fy is

Fr= V(Fo)? + (Fp),> + (Fr),>

-V (206.22)* + (1395.69)> + (760)*> = 1602.521b = 1.60kip  Ans.

The coordinate direction angles of Fy are

_ _(FR)X} _ ( 206.22 )
— 1 — 1 — o
o = Cos w cos 160252 82.6 Ans.
[(Fr)y 1395.69
— -1 — -1 : — o
B = cos w } cos (1602.52) 29.4 Ans.
[(F 760
vy = cos_l_(Fi)z} = cos_1(1602.52> = 61.7° Ans.

F;=8001b

F, = 6001b




2-81.
If the coordinate direction angles for F; are a3 = 120°,
B3 = 45° and 7y; = 60°, determine the magnitude and

coordinate direction angles of the resultant force acting on
the eyebolt.

SOLUTION

Force Vectors: By resolving F;, F, and F; into their x, y, and z components, as shown
in Figs. a, b, and c, respectively, Fy, F,, and F; can be expressed in Cartesian vector
form as

F, = 700 cos 30°(+i) + 700 sin 30°(+j) = {606.22i + 350§} Ib
. 4\ . 3 .
F, = 0 + 600( < )(+J) + 600( 5 )(+k) = {480 + 360k} Ib
F; = 800 cos 120°i + 800 cos 45°j + 800 cos 60°k = {—400i + 565.69j + 400k} Ib

FR = Fl + F2 + F3
= 606.22i + 350j + 480j + 360k — 400i + 565.69j + 400k

= {206.22i + 1395.69j + 760k} 1b

Fg= Vi (206.22)> + (1395.69)% + (760)?

= 1602.521b = 1.60 kip Ans.
206.22
— =1 = ) o
« = COoS <1602.52) 82.6 Ans.
1395.69
— -1 — o
B = cos <1602.52) 29.4 Ans.

760
= cos ! = 61.7° Ans.
Y = cos <1602.52) 61.7 ns,

/F3 =8001b
b
/7

F,=6001b




2-82.

If the direction of the resultant force acting on the eyebolt
is defined by the unit vector up, = cos 30°j + sin 30°k,
determine the coordinate direction angles of F; and the
magnitude of Fg.

SOLUTION

Force Vectors: By resolving F;, F, and Fj; into their x, y, and z components, as shown
in Figs. a, b, and c, respectively, Fy, F,, and F; can be expressed in Cartesian vector
form as

F, = 700 cos 30°(+i) + 700 sin 30°(+j) = {606.22i + 350§} Ib
. 4\ . 3 .
F, = 0i + 600(§>(+]) + 600(§>(+k) — {480 + 360k} Ib

F; = 800 cos asi + 800 cos B3j + 800 cos ys3k

Since the direction of Fy is defined by up, = cos 30°j + sin 30°k;, it can be written in
Cartesian vector form as

Fr = Frugp, = Fg(cos 30° + sin 30°k) = 0.8660Fgj + 0.5Fgk
Resultant Force: By adding F;, F,, and F; vectorally, we obtain Fg. Thus,

Fr=F +F+F

0.8660Fxj + 0.5Fgk = (606.22i + 350j) + (480j + 360k) + (800 cos asi + 800 cos B3j + 800 cos y3k)
0.8660Fgj + 0.5Fgk = (606.22 + 800 cos a3)i + (350 + 480 + 800 cos B3)j + (360 + 800 cos y3)k

Equating the i, j, and k components, we have

0 = 606.22 + 800 cos a3

800 cos a3 = —606.22 (4))
0.8660F z = 350 + 480 + 800 cos B3

800 cos B3 = 0.8660F; — 830 ?)
0.5F = 360 + 800 cos 73

800 cos y; = 0.5F; — 360 3

Squaring and then adding Egs. (1), (2), and (3), yields

8002 [cos® a3 + cos? B3 + cos® y3] = Fr? — 1797.60F + 1,186,000 4)
However, cos® a + cos? B3 + cos® y3 = 1. Thus, from Eq. (4)

Fr? — 1797.60F% + 546,000 = 0

Solving the above quadratic equation, we have two positive roots

Fr =387.09N = 387N Ans.
Fr = 141051 N = 141 kN Ans.
From Eq. (1),

azy = 139° Ans.

Substituting Fz = 387.09 N into Egs. (2), and (3), yields

By = 128° vy = 102° Ans.
Substituting Fz = 1410.51 N into Egs. (2), and (3), yields

B3 = 60.7° v; = 64.4° Ans.

/F3 =800 1b
’A't,

F, = 6001b




2-83.

The bracket is subjected to the two forces shown. Express z
each force in Cartesian vector form and then determine the
resultant force Fg. Find the magnitude and coordinate F, =400N
direction angles of the resultant force.

SOLUTION

Cartesian Vector Notation:
F; = 250{cos 35° sin 25°i + cos 35° cos 25°% — sin 35°k} N

= {86.55i + 185.60j — 143.39k} N

= {86.5i + 186j — 143k} N Ans.
F, = 400{cos 120°i + cos 45°j + cos 60°k} N

= {~200.0i + 282.84j + 200.0k} N

= {-=200i + 283j + 200k} N Ans.
Resultant Force:
FR = Fl + Fz

= {(86.55 — 200.0)i + (185.60 + 282.84)j + (—143.39 + 200.0) k}
= {~113.45i + 468.44j + 56.61k} N

= {—113i + 468j + 56.6k} N Ans.

The magnitude of the resultant force is
Fp=\Fk + Fg + Fg,
= V/(~113.45) + 468.44% + 56.617

=48530N = 485N Ans.

The coordinate direction angles are

Fr,  —113.45
== = 104° Ans.
CcoS a Fr 485,30 o 0 ns.
Fr, 46844
SEL s =15.1° Ans.
COSB = Tagsz P ns
Fr. 5661
cosy =— = v = 83.3° Ans.

Fr 48530



284,

The pole is subjected to the force F, which has components
acting along the x, y, z axes as shown. If the magnitude of F
is3kN, B = 30°,and y = 75°, determine the magnitudes of
its three components.

SOLUTION

cos?a + cos’ B + cos’y = 1
cos® a + cos? 30° + cos? 75° =
a = 64.67°

F, = 3cos 64.67° = 1.28 kN
F, = 3 cos 30° = 2.60 kN

F, = 3cos75° = 0.776 kN

Ans.

Ans.

Ans.




2-85.

The pole is subjected to the force F which has components

F, =15kN and F, = 1.25kN. If B = 75°, determine the
magnitudes of F and F.

SOLUTION

cos’a + cos’ B + cos’y = 1

L5 125
=) +cos’75° + | —) =
(F) cos” 75 ( F ) 1
F = 2.02kN

F, = 2.02 cos 75° = 0.523 kN

Ans.

Ans.




2-86.

Express the position vector r in Cartesian vector form; then
determine its magnitude and coordinate direction angles.

SOLUTION
r = (—5c0s20°sin 30°)i + (8 — 5 cos 20° cos 30°)j + (2 + 5sin 20°)k

r = {—2.35i + 3.93j + 3.71k} ft

r=V(=235)7% + (3.93)2 + (3.71)* = 5.89 ft

—2.35
= S =) = 1130
a = CcoS ( 5.80 ) 3

Ans.

Ans.

Ans.

Ans.

Ans.

8 ft i




2-87.

Determine the lengths of wires AD, BD, and CD. The ring
at D is midway between A and B.

SOLUTION
D(2 ; 0’0 42- 2’ 1.5 42- O.S)m =D(1,1,1)m

tap=(1-2)i+(1-0j+ 115k

~1i + 1j — 0.5k

rpp=(1—0)i+ (1 —2)j+(1—05k
= 1i — 1j + 0.5k
rep = (1 — 0)i + (1 — 0)j + (1 — 2)k

=1i +1j — 1k

rap = V(=172 + 1> + (0.5 = 1.50 m
rgp = V12 + (-1)> + 052 = 1.50 m
rep= V12 + 17+ (-1 = 1.73m

1.5m

Ans.
Ans.

Ans.




*2-88.

Determine the length of member AB of the truss by first
establishing a Cartesian position vector from A to B and
then determining its magnitude.

SOLUTION

L5 ) )
rap = (L1) = =05 = 080)i + (15 — 1.2)]

rap = {2.09 + 0.3j} m

ras = V(2.0972 + (03)> =211m

1.2m

1.5m

Ans.



2-89.

If F = {350i — 250j — 450k} N and cable AB is 9 m long,
determine the x, y, z coordinates of point A.

SOLUTION
Position Vector: The position vector r 45, directed from point A to point B, is given by
rap = [0 = (—0)fi + (0= y)j + (0 - 2)k
=xi—yj—zk
Unit Vector: Knowing the magnitude of r 45 is 9 m, the unit vector for r 45 is given by

u _rap xi—yj— 2k
aB = 9

The unit vector for force F is

F 350i — 250§ — 450k ) )
w == = 0.5623i — 0.4016j — 0.7229

F 33507 + (=250 + (—450)?

Since force F is also directed from point A to point B, then

Uyp = Up

xi —yj — zk

9 = 0.5623i — 0.4016j — 0.7229k

Equating the i, j, and k components,

g = 0.5623 x =506m Ans.

%y = —0.4016 y=36lm Ans.

%Z = 0.7229 :=651m Ans.

—




2-90.

Express Fp and F in Cartesian vector form.

SOLUTION

Force Vectors: The unit vectors ug and uc of Fgz and F¢ must be determined
first. From Fig. a

rp (—15—05)i + [-2.5 — (-15)]j + (2 — O)k

up = — =
B N/(=15 - 05) + [-25 — (=L + (2 — 0)
2. 1, 2
_2. 1.2
UL
L_fe_ (C15-05)i+[05 - (-15)]i + (35 -~ Ok
.
¢ \/(=15 - 05 + [05 — (—L5)P + (3.5 — 0)?
4, 4, 7
_ A 4T
ol T ol T gk

Thus, the force vectors Fz and Fc are given by

2. 1, 2
Fy = Fpup = 600<—§i —5it gk) = {—400i — 200j + 400k} N

7

4, 4
Fo = Foue = 450(—4 it fk) = {—200i + 200j + 350k} N Ans.

9 9

@)

&=

C(—15,0-5,35)m



2-91.

Determine the magnitude and coordinate direction angles
of the resultant force acting at A.

SOLUTION

Force Vectors: The unit vectors ug and uc of Fp and Fe must be determined
first. From Fig. a

rp (—1.5—05)i + [-2.5 — (-1.5)]j + (2 — O)k

T N/(C15 - 057 + [25 — (15 + 2 - 0
_2 12
T3 7373
re (-15-05)i + [05 — (-15)]j + (3.5 — 0)k
w =
e A\{C15—- 057 + [05 — (—15)F + (5 — 0
—_ i' + i’ + Zk
R L

Thus, the force vectors Fg and F¢ are given by

2. 1, 2
Fy = Fpup = 600<—§i -5+ §k> = {—400i — 200j + 400k} N

4, 4, 7 @
Fo = Foue = 450(—§i + ot gk) = {—200i + 200j + 350k} N

Resultant Force:
Fi = Fg + Fo = (—400i — 200§ + 400k) + (—200i + 200j + 350K)
= {—600i + 750k} N

The magnitude of Fy is

Fr= V(Fo)? + (Fp),> + (Fr),?

= V/(=600)> + 07 + 750> = 960.47 N = 960 N

The coordinate direction angles of Fy are

) (FR)X} . ( —600)
=cos”!|[~—| = cos”! = 129° Ans.
a = cos { Fr cos 960.47 9 ns
(FR)y 0
= -1 - —1 — 9(° Ans.
B = cos { Fr } cos (960.47) 90 ns,
(FR)Z} ( 760 )
— -1 | = -1 — o
Y = cos { Fr cos 96047 38.7 Ans.

=

C(-15,0:5,35)m



*2-92,

If Fg = 560N and Fc = 700 N, determine the magnitude
and coordinate direction angles of the resultant force acting
on the flag pole.

SOLUTION

Force Vectors: The unit vectors ug and uc of Fz and F- must be determined first.
From Fig. a

=B QO (3-0itO-6k 2, 3. 6

.= _ =

soNe-opr(3-opro-ep T T
bt B0 @006k 3 2 6
¢ re \/ — 0)? — 2 —_e2 7 7J 7
(B3 -07%+2-0>+(0-6)

Thus, the force vectors Fg and F¢ are given by

2
Fy = Fgupg = 560<7i - %j - gk) = {160i — 240j — 480k} N

3 2 6

Fc = Fecue = 700(? + ;j — 7k) = {300i + 200j — 600k} N

Resultant Force:

Fr = Fy + Fo = (160i — 240j — 480k) + (300i + 200j — 600k)
= {460i — 40j + 1080k} N

The magnitude of Fy is

Fr= V(F)? + (Fp),? + (Fg).2

-V (460)? + (—40)> + (—1080)> = 1174.56 N = 1.17 kN Ans.

The coordinate direction angles of Fy are

0] _ (80 (%)
_ 1 - 1 = 66.9° Ans.
@ = oS { Fr cos 117456 66.9 ns
(Fr) —40
B = cos*l{ G y} = cos*l(1174 56) = 92.0° Ans.
R .
(F R)z} ( -1080 )
— -1 | = -1 — o
Y = cos { Fr cos 117456 157 Ans.



2-93.

If Fp = 700N, and F¢ = 560 N, determine the magnitude
and coordinate direction angles of the resultant force acting
on the flag pole.

SOLUTION

Force Vectors: The unit vectors ug and uc of Fz and F- must be determined first.
From Fig. a

B o0t (3-0tO-0k 2, 3
BN Q -0+ (3-02+©0-67 1

e G-0i+Q2-0j+0-6k 3. 2. 6
u=—= =-i+-j— -k

e NG-oop+e-or+o-62 1 T 7

Thus, the force vectors Fp and F( are given by

up =

2. 3. 6

Fy = Fpup = 700(7i -Ji- 71() = {200i — 300 — 600k} N
3. 2. 6 , .

Fc = Feue = 560{ Zi + 2j — 2k ) = {2408 + 160j — 480k} N

Resultant Force:
Fr = Fp + Fc = (200i — 300j — 600k) + (240i + 160j — 480k)
= {440i — 140j — 1080k} N

The magnitude of Fy is

FR = \/(FR)X2 + (FR)y2 + (FR)Z2

= \V/(440)? + (~140)> + (~1080)> = 1174.56 N = 117 kN Ans.
The coordinate direction angles of Fy are C“’)
a = cosfl{%} = 00571(114;1(-)56) = 68.0° Ans.
B = cos_l{(?jy} = cos_1(11771:(5)6) = 96.8° Ans.
v = cos_l{(};i)z} = COS_1(1_1;2?506> = 157° Ans.



2-94.

The tower is held in place by three cables. If the force of
each cable acting on the tower is shown, determine the
magnitude and coordinate direction angles «, 8,y of the
resultant force. Take x = 20 m, y = 15 m.

SOLUTION

20 15 24
_ - o
Foa 400(34.66 ' 34661 T 3466 k) N

6 4 . 24
Fos 800(2506 * 25069 25.06k)N

16, 18, 24

Fr = Fpy + Fpp + Fpe

= {321.66i — 16.82j — 1466.71k} N

Fr = V(321.66)* + (—16.82)> + (—1466.71)

= 1501.66 N = 1.50 kN Ans.
321.66
— el _ o
@ = CcOoS (1501.66) 77.6 Ans.
- (1501 66) 206 Ans.

—1466.71 R
= < 1501 66) 168 Ans.



2-95.

At a given instant, the position of a plane at A and a train at z
B are measured relative to a radar antenna at O. Determine
the distance d between A and B at this instant. To solve the
problem, formulate a position vector, directed from A to B,

and then determine its magnitude. 5km
60°
35°
SOLUTION o

Position Vector: The coordinates of points A and B are . /%

A(=5 cos 60° cos 35°, =5 cos 60° sin 35°, 5 sin 60°) km

= A(—2.048, —1.434,4.330) km
B(2 cos 25° sin 40°, 2 cos 25° cos 40°, —2 sin 25°) km

= B(1.165,1.389, —0.845) km

The position vector r, 5 can be established from the coordinates of points A and B.
rap = {[1.165 — (—2.048)]i + [1.389 — (—1.434)]j + (—0.845 — 4.330)k} km
= {3.213i + 2.822j — 5.175)k} km

The distance between points A and B is

d=ras = V32137 + 28222 + (-5.175)> = 6.71 km Ans.



*2-96.

The man pulls on the rope at C with a force of 70 Ib which
causes the forces F, and F. at B to have this same
magnitude. Express each of these two forces as Cartesian
vectors.

SOLUTION

Unit Vectors: The coordinate points A, B, and C are shown in Fig. a. Thus,

o B-CEDE+[7T-(D+ G -8k

" ra \/[5 - (*1)]2 +[-7 - (,5)]2 +(5- 8)2
6
=i+ %j + %k
w =Y [5— (=D} + [-7(-5)]j + (4 — 8)k
e V5 - (DR + [FTC-S)P + (4 - 8)
. 9j + 2
7 7T

Force Vectors: Multiplying the magnitude of the force with its unit vector,

6 2 3
F,=F =70l i — =-j + zk
A AUy (71 7] 7 )

— {60i — 20j + 30k} Ib
3 6 2
Fc = Feue =70( Zi+ —j + =k
C cUc 70(71 7] 7 )

= {30i + 60j + 20k} Ib

Ans.

Ans.

>

ACS, 7,504

@,

(5,740



2-97.

The man pulls on the rope at C with a force of 70 Ib which
causes the forces F, and F- at B to have this same
magnitude. Determine the magnitude and coordinate
direction angles of the resultant force acting at B.

SOLUTION
Force Vectors: The unit vectors up and uc of Fz and F- must be determined first.
From Fig. a
_ra_ B DA [Z7(=5)] + (5~ 8)k
uy = =
4 Vs = CDP + FIESF + 6 - 87
BNV
7 7 7
ke 5 (Dl [T+ @ - 8k
Uuc = =
© Vs (-DF + [FIS)P + (4 -8
3. 6, 2
= ;l + ;_] + ;k

Thus, the force vectors Fg and F¢ are given by

6. 2 3

F, = Fquy = 70(7i -Ji+ 71{) = {60i — 20j + 30k} Ib
3.6, 2 . .

Fc = Fcuc =70 o + 7 + 7k = {30i + 60j + 20k} Ib

Resultant Force:
Fr = F, + Fc = (60i — 20j — 30k) + (30i + 60j — 20k)
= {90i + 40j — 50k} 1b

The magnitude of Fy is

Fr= V(Fr),? + (Fp),2 + (Fg).?

= V(90)2 + (40)% + (=50)% = 11045 Ib = 110 1b

The coordinate direction angles of F are

_ (FR)x:| — ( 90 )
= 1 — = 1 = o
@ = CoS { . cos 11045 354

F
B = cosl{(FR)y} = cosfl(&> = 68.8°
R

110.45

(FR)Z:| ( -50 )
— -1 — -1 = 117°
v { Fr )~ 1045 !

Ans.

Ans.

Ans.

Ans.

<

ACE-T 204t

@

(5, 74)f¢



2-98.

The load at A creates a force of 60 Ib in wire AB. Express
this force as a Cartesian vector acting on A and directed
toward B as shown.

SOLUTION

Unit Vector: First determine the position vector r 4 5. The coordinates of point B are
B (55sin 30°, 5 cos 30°, 0) ft = B (2.50, 4.330, 0) ft

Then

rup = {(2.50 — 0)i + (4.330 — 0)j + [0 — (—10)]k} ft

= {2.50i + 4.330j + 10k} ft

rap = V2502 + 43302 + 10.0% = 11180 ft

rap _ 2:50i + 4330 + 10k

V'AB 11.180

Upp =
= 0.2236i + 0.3873j + 0.8944k

Force Vector:

F = Fuyp = 60 {0.2236i + 0.3873j + 0.8944k} 1b

= {134i + 232j + 53.7k} Ib Ans.

F=601b

10 ft




2-99.

Determine the magnitude and coordinate direction angles of
the resultant force acting at point A.

SOLUTION

tacl = V32 + (=0.5)% + (—4)2 = \V/25.25 = 5.02494

3i - 05§ — 4k

F, = 200( 5.02494

) = (119.4044i — 19.9007j — 159.2059k)

rag = (3cos 60% + (15 + 3 sin 60°)j — 4k)

rap = (L5i + 4.0981j + 4k)

Ieasl = VI(1.5)2 + (4.0981)2 + (—4)2 = 5.9198

1.51 + 4.0981j — 4k
Fl =1

= . 3 + . s )
59198 ) (38.0079i + 103.8396j — 101.3545k)

Fg = F, + F, = (157.4124i + 83.9389j — 260.5607K)

Fr = V(157.4124)> + (83.9389)> + (—260.5604)* = 315.7786 = 316 N
a= cos*l(%) = 60.100° = 60.1°
B = *(%) = 74.585° = 74.6°
y = ‘1(7;212?%5;6827) — 145.60° = 146°

1.5m
AR
F = 150N
Fy = 200N ' .
3
3m/ 60° 2

Ans.

Ans.

Ans.

Ans.



*2-100.
The guy wires are used to support the telephone pole.

Represent the force in each wire in Cartesian vector form.
Neglect the diameter of the pole.

SOLUTION

Unit Vector:

rie = {(=1 = 0)i + (4 — 0)j + (0 — Hk}m = {~1i + 4j — 4k} m

rac = V(=1)> + 42 + (—4)> = 5745 m

| Yl o _1i+4j — 4k

Wac = 0T 5745

= —0.1741i + 0.6963j — 0.6963k

tp = {2 = 0)i+ (=3 —0)j + (0 - 55k}m = {2i — 3j — 5.5k} m

rsp = V22 + (=32 + (-5.5) = 6.576 m

2i - 3j - 5.5k
Top _ AT A T 0% 030410 — 0.4562) — 0.8363k

Usp =5 6.576

Force Vector:
F, = Fyuye = 250{—0.1741i + 0.6963j — 0.6963k} N
= {—43.52i + 174.08j — 174.08k} N
= {—43.5i + 174 — 174k} N Ans.
Fp = Fpupp = 175{0.3041i + 0.4562j — 0.8363k} N
= {53.22i — 79.83j — 146.30k} N

= {53.2i — 79.8] — 146k} N Ans.




2-101.

The two mooring cables exert forces on the stern of a ship
as shown. Represent each force as a Cartesian vector and
determine the magnitude and coordinate direction angles
of the resultant.

SOLUTION

Unit Vector:

rea = {(50 — 0)i + (10 — 0)j + (=30 — 0)k} ft = {50i + 10j — 30k} ft

Fea = V502 + 102 + (—30)% = 59.16 ft

_Tea S0P 105 =30k o coi 4 0.16905 — 0.5071K
Yea= 0~ 59.16 B teai i acte Bl

rep = {(50 — 0)i + (50 — 0)j + (=30 — 0)k} ft = {50i + 50j — 30k} ft

rep = V502 + 502 + (—30)2 = 76.81 ft

rea _ S0i + 50j — 30k

Tca 06509+ 06509 .
rea 76.81 0.6509i + 0.6509j — 0.3906k

Ucp =

Force Vector:
F, = Fyuc, = 200{0.8452i + 0.1690j — 0.5071k} Ib

= {169.03i + 33.81j — 101.42k} Ib

{169 + 33.8) — 101k} Ib Ans.
Fy = Fgucy = 150{0.6509 + 0.6509j — 0.3906k} Ib

= {97.64i + 97.64j — 58.59k} Ib

{97.6i + 97.6j — 58.6k} Ib Ans.
Resultant Force:
Fr=F, + Fp
= {(169.03 + 97.64)i + (33.81 + 97.64)j + (—101.42 — 58.59)k} 1b

= {266.67i + 131.45j — 160.00k} Ib

The magnitude of Fy is

Fr = \V266.67> + 131.45% + (—160.00)>

= 337.631b = 3381b Ans.

The coordinate direction angles of Fy are

266.67 R
oS @ = 3763 a = 37.8 Ans.
131.45 R
cos B = 3763 B =671 Ans.
160.00
cosy = —— -~ y = 118° Ans.

33763



2-102.

Each of the four forces acting at £ has a magnitude of
28 kN. Express each force as a Cartesian vector and
determine the resultant force.

14 14 14

SOLUTION
6. 4. 12
Fra= Zg(ﬁ' 1437 14 k)
Fpa = [12i — 8j — 24k} kN Ans.
6. 4. 12
g6, 4. 12
Fep 28(14l 1497 13 k) .
Fup = (12i + 8j — 24k} kN Ans.
- 4. 12

Frc = (—12i + 8 — 24k } kN Auns.
6. 4. 12
Fio = 28(?' 149 " 14 k)

Fyp = (—12i — 8j — 24k} kN Ans.
Fr=Fpy + Fgp + Fge + Fip

= {-96k } kN Ans.



2-103.
If the force in each cable tied to the bin is 70 1b, determine

the magnitude and coordinate direction angles of the
resultant force.

SOLUTION

Force Vectors: The unit vectors u,, ug, u-, and u,, of F,, Fp, F., and F;, must be

determined first. From Fig. a,

ra B0+ (2-0j+0-6k 3. 2. 6

M TNV 2ot 0—o 7 77"

wy =T G-0i+2-0i+©-6k 3. 2 6
o NG-02+C2-02+0—-67 7 17 7

w = T (3-0i+@-0j+(O0-6k _ 3 2.6,
e V(=3-02+2-0+@0-62 7T 77 7
rp (3-0)i+ (-2-0)j+ (0 6k 3.2, 6

TNV G- 2—ro-o 1 7 1

Thus, the force vectors F , Fy, F, and F, are given by

3 2 6
Fy=Fquuy = 70(*i = *k) = [30i — 20j — 60K] Ib
7 7 7
3, 2, 6 . .
Fz = Fgug = 70 71 + 7.] - 7k = [30i + 20j — 60k] Ib
3. 2, 6 . .
Fc = Frue = 70 i + 7= 7k = [-30i + 20j — 60k] 1b
3 2 6
Fp = Fpup = 70(—7i -—-j- *k) = [-30i — 20j — 60k] Ib
7 7 7
Resultant Force:

Fg = F, + Fz + Fo + Fp = (30i — 20j — 60k) + (30i + 20j — 60k) + (—30i + 20j — 60k) + (—30i — 20j — 60K)

— (—240k} N

The magnitude of Fp, is

Fr = V(Fp) + (Fg)} + (Fp)?
= V0 + 0 + (—240)*> = 240 Ib

The coordinate direction angles of F, are

(FR)X:| = cos’l(%) = 90°

ol
a = cos [ 7

R

Ans.
Ans. z
E(C 0 6)ft
Ans.
U Np
Ans N
D(=3,-2,0)f¢
) (-3 2,0)ft
A(3-2, o)t ‘ 7%/

B (3,2,0)ft ?



*2-104.

If the resultant of the four forces is Fr = {—360k} Ib,
determine the tension developed in each cable. Due to
symmetry, the tension in the four cables is the same.

SOLUTION

Force Vectors: The unit vectors u,,ug, u., and uj, of F,, Fy, F., and F;, must be
determined first. From Fig. a,

G0+ (2-0i+0-0k 3. 2. 6
Y NGB0t (2-02+0-62 7 7177
g B-0i+2-0j+0-6k 3 2 6
Y T Ve-gre-opro-6 1 7P 1
Lt (B3-0it@-0it0-6k _ 3 2. 6
< V(=3 =072 + (2 — 02 + (0 — 6)> 777177
o (B30I (20 +O-6k _ 3 2. 6

V(B30 +(2-02+0-62 T 107

Since the magnitudes of F 4, F, F-, and F}, are the same and denoted as F, the four
vectors or forces can be written as

3 2 6
FA:FAUA:F<7i_7' 7k>

7' T
Fj = Fpup = F(%l +%j - gk>
Fo = Foue = F(—%i +%j —gk>
Fp = Fpup = F(—%i —%j —Sk)

Resultant Force: The vector addition of F 4, F, F, and F, is equal to Fy. Thus,

Fr=F, + Fg + F- + Fp

soon = | F(Zi- 25 5) [ (i 2= 80) [+ [ (B 2= 80 o [ (20 2= %) |

24
—360k = —k
7

Thus,

360 = %F F =1051b Ans.

*  B(3,2,04
(2)



2-105.
The pipe is supported at its end by a cord AB. If the cord

exerts a force of F = 121b on the pipe at A, express this
force as a Cartesian vector.

SOLUTION

Unit Vector: The coordinates of point A are
A(5,3 cos 20°, —3 sin 20°) ft = A(5.00, 2.819, —1.206) ft
Then
rap = {(0 — 5.00)i + (0 — 2.819)j + [6—(—1.206)]K} ft
= {-5.00i—2.819j + 7.020k]} ft

rap = V(=5.00)% + (—2.819)2 + 7.026% = 9.073 ft

rap  —5.00i-2.819§+7.026k

FAB 9.073

Uy =
= —0.5511i—0.3107j+0.7744k

Force Vector:

F = Fu,p = 12{—0.5511i—0.3107j+0.7744Kk} Ib

= {~6.61i-3.73j+9.29k} Ib

Ans.




2-106.

The chandelier is supported by three chains which are
concurrent at point O. If the force in each chain has a
magnitude of 60 1b, express each force as a Cartesian vector
and determine the magnitude and coordinate direction
angles of the resultant force.

SOLUTION
(4cos30°i — 4sin30°j — 6k)
FA = 60
V(4 cos 30°)% + (—4sin 30°)2 + (—6)2
= [288i — 16.6j — 49.9Kk} Ib
(=4 cos 30°i — 45sin 30° j — 6k)
FB = 60
V(4 cos 30°)2 + (—4 sin 30°)% + (—6)?
= {288 — 16.6j — 49.9k} Ib
4j- 6k
F. - 60 (4j )

4 + (-6)’
= (333 — 499Kk} Ib

Fg = F, + F + Fo = {—149.8 K] Ib

Fr = 1501b
a = 90°
B = 90°

y = 180°

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

4 ft C

0
Fp
Fy

B
12000 ><120°,
120°”

A
X



2-107.

The chandelier is supported by three chains which are
concurrent at point O. If the resultant force at O has a
magnitude of 130 1b and is directed along the negative z axis,
determine the force in each chain.

SOLUTION
F :FM:05547F'—08321Fk
Vo A
F, =Fz=Fc

Fr. = ZF; 130 = 3(0.8321F)
F =521P

Ans.

120°

Fp

< 120\

4 ft

C

A
120°



*2-108.
Determine the magnitude and coordinate direction angles

of the resultant force. Set Fgz = 630N, F- = 520N and
Fp=750N,and x = 3mand z = 3.5m.

SOLUTION

Force Vectors: The unit vectors ug, uc, and up of Fg, F, and Fp must be determined

first. From Fig. a,

1 (B-0i+(0-6j+45-25k 3 6. 2
ug = — —**l**]+7

B30+ (0-62+@5-25> | T

e Q2-0i+(0-6j+@-25k 4. 12. 3
u = — = ZBi—Bj‘i‘Bk

e N2 =072+ (0 -6+ (4 — 2.5

ty  (-0)§i+(0-6)j+(-35-25 1. 2. 2
up = — = :gi—gj—gk

D N0 = 3)2 + (0 — 6) + (=3.5 — 2.5)

k

Thus, the force vectors Fg, F¢, and Fp are given by

3. 6. 2
Fy = Fpup = 630(—? —2it ;k) = [—270i — 540 + 180k} N
F. = Fouo = 520<i' I ik) = {160i — 480j + 120k} N
c= fclle = TR L A E R A J

1 2
Fp = Fpup = 750<§i -5 gk) = {250i — 500j — 500k} N

Resultant Force:

Ce,0,4)m

<Y

234,355,

()

Fr = Fz + Fo + Fp = (=270 — 540§ + 180k) + (160i — 480j + 120k) + (250i — 500j — 500k)

= [140i — 1520j — 200k] N

The magnitude of Fy is

Fr=V(Fp.> + (Fp),? + (Fp).’

= V140> + (—1520)% + (—200)* = 1539.48 N = 1.54 kN

The coordinate direction angles of Fy are

Fr). 14
a= cos’l{(FiR)'} = cos’l( 0 ) = 84.8°

R 1539.48
(FRr)y —1520
— —1 i —1 = 171°
B = cos { Fr } cos (1539.48) 7
(FR)Z} ( —200 )
— -1 — -1 — o
y = cos { Fr ©0s | 153943 97.5

Ans.

Ans.

Ans.

Ans.



2-109.

If the magnitude of the resultant force is 1300 N and acts
along the axis of the strut, directed from point A towards O,
determine the magnitudes of the three forces acting on the
strut.Set x = Oand z = 5.5 m.

SOLUTION

Force Vectors: The unit vectors ug, uc, up, and ug, of Fg, Fe, Fp, and Fg must be
determined first. From Fig. a,

rs (=3 —0)i + (0 — 6)j + (45 — 25)k 3. 6. 2
ug = — = :*7i*7j+7k
B N/(=3 = 0)2 + (0 — 6)2 + (45 — 2.5)

e Q2-0i+(0-6j+(@-25k 4. 12, 3

Ue = — = = i— — -
re N2 -0P+(0-62+@—2572 13 13713
rp (0= 0)i+ (0—6)j+ (-55—25k 3. 4

Up = —= :_gj-i-gk
D N0 - 0P + (0 - 6 + (=55 — 257

y _Fao_ O-0i+0-6j+©-25 _ 12. 5

Fr 40 \/ _ 2 _ > _ 2 13.] 13

(0 —=0)*+ (0 -6+ (0 —25)

Thus, the force vectors Fg, Fc, Fp, and F  are given by

3. 6. . 2
Fp = Fpup = —7F31 - 7FBJ + 7FBk
Fo = F, —iF'ng'wLiFk
c= c“c—13 cl 13 cl 3¢
3 4
FD:FDUD:_fFDj_fFDk
5 5
Fr=F = 1300(—E j — El k) = [~1200j—500k] N
R RUR 13J 13 d]
Resultant Force:

FR:FB+FC+FD

7 7 13 13 13

3 6 2 4 12 3
~1200j — 500k = (— JFgh = JF g + fFBk) + (—Fci - CFq + —Fck) +

—1200j — 500k = (—

7 13 7 13 5 7

Equating the i, j, and k components,

3 4

= —2Fp+ —F
0 787137 ¢
6 12 3.
2 3 4
—500 = ZFp + —Fo— -F
00 =2Fp + 13Fc= 5

Solving Egs. (1), (2), and (3), yields

3 4 6 12 3 2
ZFp + —Fc)i + (—fFB ~ “Fc - fFDj> + <7FB +

B(3,045)m

3 4
~2Fpj — -Fpk
(5“‘ 5”)

3 4
ZFe - fFD)k

13 5

1)
@
®)

Fo = 42N Fp = 318N Fp = 866 N Ans.



2-110.

The cable attached to the shear-leg derrick exerts a force on

the derrick of F = 350 Ib. Express this force as a Cartesian
vector.

SOLUTION

Unit Vector: The coordinates of point B are

B(50 sin 30°, 50 cos 30°, 0) ft = B(25.0, 43.301, 0) ft

Then

rap = {(25.0 — 0)i + (43.301 — 0)j + (0 — 35)k } ft

= {25.0i + 43.301j — 35.0k} ft

rag = V2507 + 43301 + (—35.0)° = 61.033 ft b

rap  25.0i + 43301 — 35.0k

Wap = 7 61.033

= 0.4096i + 0.7094j — 0.5735k
Force Vector:
F = Fu,p = 350{0.4096i + 0.7094j — 0.5735k} 1b

= {143i + 248j — 201k} Ib Ans.



2-111.

The window is held open by chain AB. Determine the z
length of the chain, and express the 50-1b force acting at A
along the chain as a Cartesian vector and determine its
coordinate direction angles.

SOLUTION

Unit Vector: The coordinates of point A are

A(5 cos 40°, 8,5 sin 40°) ft = A(3.830, 8.00, 3.214) ft

Then
rap = {(0 — 3.830)i + (5 — 8.00)j + (12 — 3.214)k} ft x
— [~3.830i — 3.00j + 8.786k]} ft
rap = V(=3830)7 + (=3.00)7 + 87862 = 10.043 ft = 100ft  Ans.
u,, = Fan _ 38301~ 300j + 8.786k

Fag 10.043

= —0.3814i — 0.2987j + 0.8748k

Force Vector:
F = Fu,p = 50{—-0.3814i — 0.2987j + 0.8748k} Ib

= {~19.1i — 14.9j + 43.7k} Ib Ans.

Coordinate Direction Angles: From the unit vector u 45 obtained above, we have
cosa = —0.3814 a = 112° Ans.
cos B = —0.2987 B = 107° Ans.

cosy = 0.8748 y = 29.0° Ans.



*2-112.

Given the three vectors A, B, and D, show that
A-(B+D)=(A-B) + (A-D).

SOLUTION

Since the component of (B + D) is equal to the sum of the components of B and
D, then

A-B+D)=A-B+A-D (QED)
Also,
A-B+D)=(Ai+ A,j+ AKk):[(By + D)i + (B, + D))j + (B, + D,k]
=A,B,+D)+ A, (B,+ D)+ A (B, +D,)
= (AB, + A,B, + AB,) + (A,D, + A,D, + A.D,)

= (A-B) + (A-D) (QED)




2-113.

Determine the angle 6 between the edges of the sheet-
metal bracket.

SOLUTION
r; = {400i + 250k} mm ; ry = 471.70 mm
r, = {50i + 300j} mm ; r, = 304.14 mm

1 -1, = (400) (50) + 0(300) + 250(0) = 20 000
Cosl<r1'rz>
rr

20000
— anel | =8.0° Ans.
cos <(471.70) (304.14)) 82.0 s

5
Il



2-114.

Determine the angle 6 between the sides of the triangular
plate.

SOLUTION

rAC:{3i+4j—lk}m

rac = V(3)> + (4> + (-1)* = 5.0990 m
pp — {2j + 3k} m
rag = V(2)* + (3)* = 3.6056 m

ructyp =0+ 4(2) + (-1)(3) =5

0 = cos ! Tac'TaB — COSil;
FAcTAB (50990)(36056)

0 = 74.219° = 74.2°

Ans.




2-115.

Determine the length of side BC of the triangular plate.
Solve the problem by finding the magnitude of ry; then
check the result by first finding 0, r,,, and 7, and then
using the cosine law.

SOLUTION

Also,

rBC={3i+2j—4k}m

rsc = V3P + (2 + (-4 = 539m Ans.

rye={3i+4j—1kjm

rac = V3 + (4% + (=1)® = 5.0990 m
rap =1{2j +3kjm
rag = V(2)* + (3)* = 3.6056 m

Ypc*Yap = 0+ 4(2) + (71)(3) =5

g = Cosfl(w) _ 00571;
FAC AB (5.0990)(3.6056)

0 = 74.219°

ree = V/(5.0990) + (3.6056)2—2(5.0990)(3.6056) cos 74.219°

rgc = 5.39m Ans.

| 4/,
1mI ‘
Im
Sm



*2-116.
Determine the magnitude of the projected component of

force F , 5 acting along the z axis.

SOLUTION
Unit Vector: The unit vector u, , must be determined first. From Fig. a,
Yap (18 — 0)i + (=12 — 0)j + (0 — 36)k 3. 2. 6
Upgp = — = > > 2:71—?.]—?1(
rag /(18 — 0)2 + (=12 — 0)2 + (0 — 36)

Thus, the force vector F 5 is given by

3. 2. 6
Fup = Fapuyp = 700<7i -2 7k> = {300i — 200 — 600K} Ib

Vector Dot Product: The projected component of F , ; along the z axis is
(Fap). = Fap-k = (300i — 200j — 600k) -k <

= —6001Ib

The negative sign indicates that ( F , ;)z is directed towards the negative z axis. Thus
Ans. Fs 4 AC0,0,36) ¢

(F.5). = 600 Ib
m Tk




*2-117.

Determine the magnitude of the projected component of
force F ;- acting along the z axis.

SOLUTION

Unit Vector: The unit vector u, - must be determined first. From Fig. a,

fac (12 sin 30° — 0)i + (12 cos 30° — 0)j + (0 — 36)k . .
Uy =— = = 0.1581i + 0.2739j — 0.9487k
rac \V/(12sin30° — 0)2 + (12 cos 30° — 0)2 + (0 — 36)>

Thus, the force vector F 4 is given by

Fic = Facuye = 600(0.1581i + 0.2739j — 0.9487k) = {94.87i + 164.32j — 569.21k} N
Vector Dot Product: The projected component of F 4~ along the z axis is
(Fac). = Fac-k = (94.87i + 164.32j — 569.21k ) - k
= =569 1b

The negative sign indicates that ( F ), is directed towards the negative z axis. Thus

(Fac), = 569 1b Ans.

X C’(/Z/S/'/?J’o/’ /ZC@SJﬂf a)ﬁ



2-118.

Determine the projection of the force F along the pole.

F= {2i +4j + 10k} kN

SOLUTION

2 2 1
ProjF =F-u,= 2i+4j+ 10k)-(§i+§j _§k)

Proj F = 0.667 kN




2-119.

Determine the angle 6 between the y axis of the pole and
the wire AB.

2]

3 ft

SOLUTION

Position Vector:
rye = {=3j}1t

tap = 12— 0)i+ (2 -3)j + (—2 — 0)k} ft

= {2i — 1j — 2Kk} ft

The magnitudes of the position vectors are

Fac = 3006t rap = V22 + (1) + (=2)% = 3.00 ft

The Angles Between Two Vectors 0: The dot product of two vectors must be
determined first.

rac rap = (=3j) - (2 — 1j — 2k)
=0(2) + (=3)(-1) + 0(-2)

=3

Then,

_1 Y40 TaB - 3
0 = cos ! AOIAE ) = 1[7} = 705° Ans.
cos < FaoTaB ) % 3.00(3.00) e



*2-120.
Determine the magnitudes of the components of z

F = 600 N acting along and perpendicular to segment DE
of the pipe assembly.

SOLUTION

Unit Vectors: The unit vectors u,; and uy, must be determined first. From Fig. a,

wpy = TEp = O NN O CIK e 055715 + 03714k
s V(0 - 42+ 2572+ [0 - (-2)F

Ugp = —j
Thus, the force vector F is given by

F = Fugg = 600(—0.7428i — 0.5571j + 0.3714k) = [—445.66i — 334.25) + 222.83k] N

Vector Dot Product: The magnitude of the component of F parallel to segment DE
of the pipe assembly is

(Fep)para = Frugp = (—445.661 — 334.25) + 222.83k) - (—j)
= (—445.66)(0) + (—334.25)(—1) + (222.83)(0)

= 33425 = 334N Ans.

The component of F perpendicular to segment DE of the pipe assembly is

(Fep)per = VF? = (Fgp)para?® = V6007 — 334.25> = 498 N Ans.

€0 Ees,5,-20m



2-121.

Determine the magnitude of the projection of force
F = 600 N along the u axis.

SOLUTION
Unit Vectors: The unit vectors up4 and u, must be determined first. From Fig. a,
Yo (—2-0i+@-0)j+@—-0k 1, 2, 2
Upyg = = =—§l+§_]+§k
oA \/(=2 = 0P + (4 — 0P + (4 — 0)
u, = sin30° + cos30°j
Thus, the force vectors F is given by
1, 2, 2 . .
F = Fup, = 600 —3i—3i + gk = {—200i + 400j + 400k} N

Vector Dot Product: The magnitude of the projected component of F along the u
axis is

F, = F-u, = (—200i + 400j + 400k) - (sin30% + cos 30%)
= (—200)(sin30°) + 400(cos 30°) + 400(0)

= 246 N Ans.

A(-2,4,#)m



2-122.

Determine the angle 6 between cables AB and AC.

SOLUTION

Position Vectors: The position vectors r, 5 and r 4 must be determined first.
From Fig. a,

rap=(—3—-0)i+ (0—-6)j+ (4—2k={-3i—6j+ 2k} ft

rac = (5¢c0s60° — 0)i + (0 — 6)j + (5sin60° — 2)k = {2.5i — 6j + 2.330k]} ft
The magnitudes of r 45 and r 4¢ are

tup = V(=3)* + (—6)* = 71t &

rac = V2.5 + (—6)* + 2.330> = 6.905 ft C(sces60! g, ssimgalpe

Vector Dot Product:
MR

Ypp*Tyuc = (_3i - 6j + 2k)‘(25i - 6j + 23301()

= (—3)(2.5) + (—6)(—6) + (2)(2.330)

= 33.160 ft?

Thus,

1 ¥AB YaC | 33.160
0 =cos | ——— | = 1{ }=46.7° Ans.
cos ( F— ) cos 7(6.905) ns.



2-123.

Determine the angle ¢ between cable AC and strut AO.

SOLUTION

Position Vectors: The position vectors r ¢ and r 4o must be determined first.
From Fig. a,

rac = (5¢cos60° — 0)i + (0 —6)j + (5sin60° — 2)k = {2.5i — 6j + 2.330k]} ft
rso=(0—-0)i+ (0-06)j+ (0—-2)k = {-6j— 2k} ft

The magnitudes of r 4 and r 4 are
tac = V2.55 + (—6)% + 2.330> = 6.905 ft z

rao = V(—6)? + (-2)* = V40 ft

Vector Dot Product:

Ypc*Tpo = (25i - 6j + 23301()' (_6j - 2k)

= (2.5)(0) + (=6)(—6) + (2)(2.330)(-2)

= 31.34 ft
Thus,
| JTehd S 31.34
¢ = cosfl(u) = 005—1{7} = 44.1° Ans.
YAcTa0 6.905\/40



*2-124.

Determine the projected component of force F 45 along the
axis of strut AO. Express the result as a Cartesian vector.

SOLUTION
Unit Vectors: The unit vectors u 4z and u,o must be determined first. From Fig. a,
(-3-0i+((0—-6)j+ ¢4 -2k 3. 6. 2 x
Uyp = :—71—;_]4‘;](
V(=3 = 07 + (0 — 6)° + (4 — 2)?
0—-0)i+ (0—-6)j+ (0—-2)k
O-0i+ OO0+ O=2k _ o7 - 03162k

Wi =
VO =02+ (0 - 67+ (0 —2)7
Thus, the force vectors F 45 is

3 6 2

Vector Dot Product: The magnitude of the projected component of F 45 along strut
AO is
(FAB)AO = FAB' Uy = (_30i - 60j + 20k) * (_09487j - 03162]()

= (—30)(0) + (—60)(—0.9487) + (20)(—0.3162)

= 50.596 1b

Thus, (F 45) 40 expressed in Cartesian vector form can be written as

(Fap) a0 = (Fag)aotao = 50.596(—0.9487j — 0.3162K)

= (—48j — 16k} Ib Ans.



2-125.

Determine the projected component of force F 4 along the
axis of strut AO. Express the result as a Cartesian vector.

SOLUTION

Unit Vectors: The unit vectors u ¢ and u 4o must be determined first. From Fig. a,
(5cos 60° — 0)i + (0 — 6)j + (5sin 60° — 2)k

V(5 cos 60° — 0) + (0 — 6)° + (0 — 2)°

Uyc = = 0.3621i — 0.8689j + 0.3375k

(0= 0)i + (0 — 6)j + (0 — 2)k

= —0.9487j — 0.3162 k

UWi0 = z
V(O =072+ (0 -6+ (0 - 2
Thus, the f tors F 4 is given b
us, the force vectors F 4¢ is given by c (scaseo;q S
F,c = F qcuye = 60(0.3621i — 0.8689j + 0.3375k) = {21.72i — 52.14j + 20.25k} Ib
Vector Dot Product: The magnitude of the projected component of F 4 along strut
AO is
(Fac)ao = Facruyo = (21.721 — 52.14j + 20.25k) - (—0.9487j — 0.3162k) o

= (21.72)(0) + (—52.14)(—0.9487) + (20.25)(—0.3162)
= 43.057 b

Thus, (F 4¢) 40 expressed in Cartesian vector form can be written as
(FAC)AO = (FAC)AOuAO = 43057(_09487j - 031621()

= {—40.8] — 13.6k} Ib Ans.



2-126.

Two cables exert forces on the pipe. Determine the
magnitude of the projected component of F; along the line
of action of F,.

SOLUTION

Force Vector:
uy, = cos 30° sin 30°i + cos 30° cos 30°% — sin 30°k
= 0.4330i + 0.75j — 0.5k
F, = Frup, = 30(0.4330i + 0.75j — 0.5k) Ib

= {12.990i + 22.5j — 15.0k} 1b

Unit Vector: One can obtain the angle o = 135° for F, using Eq. 2-8.
cos’a + cos? B + cos’y = 1, with B8 = 60° and y = 60°. The unit vector along the
line of action of F, is

ugp, =cos 135°% + cos 60°j + cos 60°k = —0.7071i + 0.5j + 0.5k
Projected Component of ¥, Along the Line of Action of F,:

(F)p, = Fyoup, = (12990i + 22.5) — 15.0k) - (—0.7071i + 0.5) + 0.5k)

(12.990)(— 0.7071) + (22.5)(0.5) + (~15.0)(0.5)

—5.441b

Negative sign indicates that the projected component of (F)f, acts in the opposite
sense of direction to that of ug,.

The magnitude is (F1)r, = 5.44 1b Ans.




2-127.

Determine the angle 6 between the two cables attached to
the pipe.

SOLUTION

Unit Vectors:

up, = cos 30° sin 30°%i + cos 30° cos 30°j — sin 30°k

0.4330i + 0.75j — 0.5k

up, = cos 135° + cos 60°j + cos 60°k

2

—0.7071i + 0.5j + 0.5k

The Angles Between Two Vectors 0:

up cup = (043300 + 0.75) — 0.5k) + (—0.7071i + 0.5§ + 0.5k)

0.4330(—0.7071) + 0.75(0.5) + (—0.5)(0.5)

—0.1812

Then,

0 = cos! (uF1 '“Fz) = cos 1(—0.1812) = 100° Ans.



*2-128.

Determine the magnitudes of the components of F acting z
along and perpendicular to segment BC of the pipe
assembly.
e
S{ﬁ
~ =
X
SOLUTION
Unit Vector: The unit vector uc-z must be determined first. From Fig. a F = {30i — 45j + 50k} Ib
res B-Di+@E-6j+[0-(-Hk 2. 1 aft

. ., 2

res NG+ @-62 40— (- 3 3

Vector Dot Product: The magnitude of the projected component of F parallel to
segment BC of the pipe assembly is

2. 1, 2
(Fpc)pa = Frucy = (30i — 455 + 50k)-<—3i -5+ 3k>
2 1 2
= =)+ (—45( — | + 50 =
=28331b = 283 1b Ans.

The magnitude of Fis F = V302 + (—45)% + 502 =\/5425 1b. Thus, the magnitude
of the component of F perpendicular to segment BC of the pipe assembly can be
determined from

(Fpc)or = VF= (Fpc)pa = V5425 — 28332 = 68.01b Ans.




2-129.

Determine the magnitude of the projected component of F
along AC. Express this component as a Cartesian vector.

= 2t
—~ >

y
SOLUTION
Unit Vector: The unit vector u,c must be determined first. From Fig. a
W = TZ0it OG-0+ (4= 0k _ ) cogsi + 0.5970j — 0.3980k
V(T =00 + (6 - 0) + (=4 — 0)?
Vector Dot Product: The magnitude of the projected component of F along line AC is 1
Fac = Fruye = (30i — 45j + 50k) - (0.6965i + 0.5970j — 0.3980k)
= (30)(0.6965) + (—45)(0.5970) + 50(—0.3980) {
= 25871b Ans. X Y
Thus, F 4¢ expressed in Cartesian vector form is F The

Fuc = Facuye = —25.87(0.69651 + 0.5970j — 0.3980k) Ye(16 4940

= {—18.0i — 15.4j + 10.3k} Ib Ans. @



2-130.

Determine the angle 6 between the pipe segments BA and BC.

SOLUTION

Position Vectors: The position vectors rz,4 and rpc must be determined first. From
Fig. a,

rga = (0 —3)i + (0—4)j+ (0—- 0k = {-3i — 4j} ft
rge = (7 —=3)i+ (6 —4)j + (-4 — 0k = {4i + 2j — 4k} ft

The magnitude of rp 4 and rpc are

rpa = V(=32 + (—4)? =51t

e = V4 + 22+ (—4) = 61t
Vector Dot Product:

rpa-tpc = (=3i — 4j) - (4i + 2j — 4k)
(=3)@) + (=4(2) + 0(=4)

= —20ft>
Thus,
rgs°r —-20
0= cos’l(M) = cos’{i} = 132° Ans.
IpaXYpc 5(6)



2-131.

Determine the angles # and ¢ made between the axes OA b4
of the flag pole and AB and AC, respectively, of each cable.
15m)
L
B 2m” AC
L
SOLUTION
rAC:{—Zi—4j+1k}m, rAC:4.58m
rap = {1.51 — 4j + 3k} m; rap = 5.22m
r40 = {—4j — 3k} m; Fio = 5.00m
tap tao = (1.5)(0) + (=4)(-4) + (3)(=3) =7
o - COS(W%) .
raBT A0
= cos~! 7\ = 74.4° Ans
5.22(5.00) ’ )

rac Tao = (=2)(0) + (=4)(=4) + (1)(=3) = 13

_ _1f YacYao
¢ =cos | ——

ractao

13
— -1 — o
cos (74.58(5.00)> 554 Ans.



*2-132.

The cables each exert a force of 400 N on the post.
Determine the magnitude of the projected component of F;
along the line of action of F,.

SOLUTION

Force Vector:
up, = sin 35° cos 20°i — sin 35° sin 20°j + cos 35°k
= 0.5390i — 0.1962j + 0.8192k
F, = Fug, = 400(0.5390i — 0.1962j + 0.8192k) N

= (215.59i — 78.47j + 327.66k} N

Unit Vector: The unit vector along the line of action of F, is

upz = cos 45° + cos 60° + cos 120°k

2

0.7071i + 0.5j — 0.5k

Projected Component of F, Along Line of Action of F,:

(F)p, = Fi-up, = (215.59 — 78.47j + 327.66k) - (0.7071i + 0.5§ — 0.5k)

(215.59)(0.7071) + (~78.47)(0.5) + (327.66)(—0.5)

= =506 N

Negative sign indicates that the force component (F,)F, acts in the opposite sense
of direction to that of u,.

thus the magnitude is (F)r, = 50.6 N Ans.

F, = 400 N




2-133.

Determine the angle 6 between the two cables attached to
the post.

SOLUTION

Unit Vector:
up, = sin 35° cos 20°i — sin 35° sin 20°j + cos 35°k
= 0.5390i — 0.1962j + 0.8192k
uy, = cos 45°% + cos 60°% + cos 120°k

= 0.7071i + 0.5j — 0.5k

The Angle Between Two Vectors 0: The dot product of two unit vectors must be
determined first.

up cup, = (0.5390i — 0.1962j + 0.8192k) - (0.7071i + 0.5j — 0.5k)
= 0.5390(0.7071) + (—=0.1962)(0.5) + 0.8192(—0.5)
= —0.1265
Then,

6 = cos™! (uﬂ '“Fz) = cos '(—0.1265) = 97.3° Ans.

F, = 400N




2-134.

Determine the magnitudes of the components of force
F = 90 Ib acting parallel and perpendicular to diagonal AB
of the crate.

SOLUTION

Force and Unit Vector: The force vector F and unit vector u, 3 must be determined

first. From Fig. a
F = 90(— cos 60° sin 45°i + cos 60° cos 45°j + sin 60°k)
= {-31.82i + 31.82j + 77.94k} Ib
g (0—-15i+@B-0)j+ (1 -0k 3,

Uyp =

s N0 152+ G0+ 0-0F 7

6. 2
S
Tty

Vector Dot Product: The magnitude of the projected component of F parallel to the

diagonal AB is

3.6
[(F)aplpa = Frusp = (—31.82i + 31.82j + 77.94k) - <—7i + i+

= (—31.82)(—3) + 31.82(3) + 77.94(3)

=63.181b = 63.21b

The magnitude of the component F perpendicular to the diagonal AB is

(F)aslr = V= [(F)aslpa = V907 — 63.18> = 64.11b

2
-k
7 >
Ans.

Ans.

K(1560)f
x




2-135.

The force F = {25i — 50j + 10k} 1b acts at the end A of
the pipe assembly. Determine the magnitude of the
components F; and F, which act along the axis of AB and
perpendicular to it.

SOLUTION

Unit Vector: The unit vector along AB axis is
0-=0i+(5-9j+(0-06k

Was = 2 2 2
V(O =07+ (5-97+ (0 - 6)

= —0.5547j — 0.8321k

Projected Component of F Along AB Axis:
F, = Fruyp = (25i — 50§ + 10k) - (—0.5547j — 0.8321k)
= (25)(0) + (—50)(—0.5547) + (10)(—0.8321)

=194151b = 1941b Ans.

Component of F Perpendicular to AB Axis: The magnitude of force F is
F = V252 + (=50)% + 10> = 56.789 Ib.

F = VF? — F? = \/56.789% — 19.414% = 53.41b Ans.




*2-136.

Determine the components of F that act along rod AC and
perpendicular to it. Point B is located at the midpoint of
the rod.

SOLUTION
e = (=3I +4j = 4K).  ruc = V(-3 + £+ (-4 = VdaIm

. S3i 4 4j + 4K
rAB:%:+=—1.5i+2j—2k

Yap =Tap t Ipp
Ipp = Yap — Y4B
= (4i + 6j — 4k) — (—1.5i + 2j — 2k)

= {5.5i + 4j — 2k} m

rep = V(5.57% + (4)* + (—2)* = 7.0887 m

F = 600(?&) = 465.528i + 338.5659j — 169.2829k
BD

Component of F along r4¢ is F)|

o Frrac | (4655281 + 338.5659) — 169.2829k) - (=3 + 4 — 4k)
1 rac V41

Fjj=99.1408 = 99.1 N Ans.

Component of F perpendicular tor,cis F |
F% + F}j= F* = 600
F? = 600° — 99.1408>

F, =591.75 =592 N Ans.



2-137.

Determine the components of F that act along rod AC and
perpendicular to it. Point B is located 3 m along the rod
from end C.

SOLUTION
rea = 3i — 4 + 4k

req = 6.403124

3 . .
Icp = m(l‘c,q) = 1.40556i — 1.874085j + 1.874085k

Top = Yoc + Icp

_3i + 4j + rcp
= —1.59444i + 2.1259j + 1.874085k
Yop = Yop T Ipp

Ypp = Yop — Yop = (4i + 6j) — rpp

5.5944i + 3.8741j — 1.874085k

rep = V(5.5944)> + (3.8741) + (—1.874085)> = 7.0582

r
F = 600(;’%’)) = 475.568i + 329.326j — 159.311k
BD

rac = (=3i + 4j — k), rac = V4l
Component of F along r ¢ is F |

Feorae  (475.568i + 329.326j — 159.311Kk) - (—3i + 4j — 4k)
rac Va1

Fjj= 824351 = 824N Ans.

Component of F perpendicular torcis F |
F% + Ff = F* = 600
F? = 600% — 82.43517

F, =59%4N Ans.



2-138.

Determine the magnitudes of the projected components of
the force F = 300 N acting along the x and y axes.

SOLUTION

Force Vector: The force vector F must be determined first. From Fig. a,
F = —300 sin 30°sin 30°i + 300 cos 30°j + 300 sin 30°cos 30°k

= [~75i + 259.81j + 129.90k] N

Vector Dot Product: The magnitudes of the projected component of F along the x
and y axes are

F, = F-i = (=75 + 259.81j + 129.90k) -

—75(1) + 259.81(0) + 129.90(0)
= —75N

F, = F-j = (=75i + 259.81j + 129.90k) -

—75(0) + 259.81(1) + 129.90(0)

260 N

The negative sign indicates that F is directed towards the negative x axis. Thus

F,=75N, F,=260N Ans.




2-139.

Determine the magnitude of the projected component of
the force F = 300 N acting along line OA.

SOLUTION

Force and Unit Vector: The force vector F and unit vector u,,, must be determined
first. From Fig. a

F = (=300 sin 30° sin 30°i + 300 cos 30°j + 300 sin 30° cos 30°k)
= {~75i + 259.81j + 129.90k} N

froa (=045 — 0)i + (0.3 — 0)j + (0.2598 — 0)k . )
Uy = — = = —0.751 + 0.5j + 0.4330k
roa /(=045 — 0)2 + (0.3 — 0)2 + (0.2598 — 0)?

Vector Dot Product: The magnitude of the projected component of F along line OA is
Fou = Frugp, = (=751 + 259.81j + 129.90k) - (—0.75i + 0.5j + 0.4330K)
= (=75)(—0.75) + 259.81(0.5) + 129.90(0.4330)

=242 N Ans.

Al-(03+035m30%, 0.3, 0.3Cos20° ] m

- (‘0‘49/ 0'3/ 0.2575),"



*2-140.

Determine the length of the connecting rod AB by first
formulating a Cartesian position vector from A to B and
then determining its magnitude.

SOLUTION
r,, = [16 — (—5sin30°)]i + (0 — 5 cos 30°) j
= (18.5i — 4.330j} in.
rp= V(1857 + (4330) = 1901n.

Ans.




2-141.

Determine the x and y components of F; and F,.

SOLUTION

Fy, = 200sin45° = 141N

Fy, = 200 cos 45° = 141 N

Fy, = —150 cos 30° = —130 N

F,, =150sin30° = 75N

Ans.
Ans.
Ans.

Ans.




2-142.

Determine the magnitude of the resultant force and its
direction, measured counterclockwise from the positive
X axis.

SOLUTION
+NFr, = 3F;  Fge= —150cos 30° + 200 sin 45° = 11.518 N

J+Fgy, = SF;

v Fgy = 150 sin 30° + 200 cos 45° = 216.421 N

Fr =V (11.518)2 + (216.421)2 = 217N Ans.

216.421
6= tanl< > = 87.0° Ans.

11.518




2-143.

Determine the x and y components of each force acting on
the gusset plate of the bridge truss. Show that the resultant
force is zero.

SOLUTION

Fi, = —2001b

Fly =0

Fy, = 400(%) = 3201b

)
I

= —400@) = —2401b

Fs = 300(%) =1801b

4
Fs, = 300(5) = 2401b
Fy, = —3001b
F4y =0

Fry = Fix + For + F3, + Fy,

—200 + 320 + 180 — 300 = 0

&)
r
[

FR =F1y+F2y+F3y+F4y

Fry,=0-240+240+0=0

Thus, Fr =0

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Fs =300 1b

3
F, = 400 1b



#2-144,

Express F; and F, as Cartesian vectors.

Fy=26kN
12 13
5
SOLUTION
F; = —305sin 30°i — 30 cos 30° j
= {-15.0i — 26.0j} kN Ans. 30°
5 . 12 . F,=30kN
= - + _
F, 13(20)i+2(26)]

{~10.0i + 24.0j} kN Ans.




2-145.

Determine the magnitude of the resultant force and its

direction measured counterclockwise from the positive
X axis.

SOLUTION

5
B Fre= SF;  Fge= —30sin30° — 13(26) = “25kN

12
+1Fg, = SF,; Fg, = —30cos30° + 13(260) = ~1.981kN

Fr= V(=252 + (—1.981)2 = 251 kN

1.981
¢ = tan’l(?) = 4.53°

0 = 180° + 4.53° = 185°

302

F,=30kN

Ans.

as kN

~

Gl

Ans. Fa

L8 kN



2-146.

The cable attached to the tractor at B exerts a force of 350 1b b4
on the framework. Express this force as a Cartesian vector.
A
¥
b
351t K F=3501b
SOLUTION X
N
r = 50 sin 20°i + 50 cos 20°j — 35k
20°
r = {17.10i + 46.98j — 35k} ft 30

r = V(17.10)% + (46.98)> + (—35)* = 61.03 ft

u= E = (0.280i + 0.770j — 0.573K)

F = Fu = {98.1i + 269j — 201k} Ib Ans.



2-147.

Determine the magnitude and direction of the resultant
Fr = F; + F, + F; of the three forces by first finding the
resultant F' = F; + F; and then forming F; = F' + F,.
Specify its direction measured counterclockwise from the
positive x axis.

SOLUTION

F' = V(80)* + (50)> — 2(80)(50) cos 105° = 104.7 N

sin ¢ _sin 105°
80 104.7 °

b = 47.54°

Fr = V(104.7)* + (75)% — 2(104.7)(75) cos 162.46°
Fr=1777 = 178N

sin 8 sin 162.46° )
1047 1777

B =10.23°

0 = 75° + 10.23° = 85.2°

F,=175N

F,=80N
\ f F3:50N

30 a0

D70\ W

Ans.

e,
Ans. B fﬁ
50N,
o]
105° Ft
goN
(b) ©) ()

A45%44754°
4 ‘m'ﬁf-‘



*2-148.

If 6 = 60° and F = 20 kN, determine the magnitude of the
resultant force and its direction measured clockwise from
the positive x axis.

SOLUTION

4 1
b Fre = 3F,; Fg, = 50<7) + ——=(40) — 20 cos 60° = 58.28 kKN
2

5) "

3 1
+1Fg, = 3F,;  Fgy= 50(5) Y (40) — 20 sin 60° = —15.60 kN

Fr = V(5828)> + (—15.60) = 60.3 kN Ans.

15.60
b= tan{ —‘ = 15.0° Ans.

58.28

50 kN

40 kN



2-149.
The hinged plate is supported by the cord AB. If the force
in the cord is F = 340 b, express this force, directed from

A toward B, as a Cartesian vector. What is the length of
the cord?

SOLUTION

Unit Vector:

rap = {(0 = 8)i + (0 — 9)j + (12 — 0)k} ft

= {~8i — 9j + 12k} ft

rap = V(=8)2 + (=9)> + 122 = 17.0 1t Ans.
w o tap_ 8ok 8. 9. 12
aB = 17 7' T

Force Vector:

_ _ . .

= {~160i — 180j + 240k} Ib Ans.



3-1.

The members of a truss are pin connected at joint O.
Determine the magnitudes of F; and F, for equilibrium.

Set 6 = 60°.

SOLUTION

S SF, =0

+13F, = 0;

Solving:

4
F,sin 70° + F cos 60° — 5 cos 30° — 5(7) =0
0.9397F, + 0.5F; = 9.930
. . 3
F,cos70° + 5sin 30° — F; sin 60° — 5(7) =0

0.3420F, — 0.8660F; = 1.7

F, = 9.60 kN

F, = 1.83kN

SkN

Ans.

‘ ¥
Ans. ;AY
q =,




3-2.

The members of a truss are pin connected at joint O. y
Determine the magnitude of F; and its angle 6 for
equilibrium. Set F, = 6 kN. 5kN

SOLUTION

L SF, =0 6sin70°+F100507500530°7%(7)=0
Fycos 0 = 42920
+13F, = 0; 6cos70°+SSin30°—Flsin0—%(7):0
Fysin 6 = 0.3521
Solving:
0 = 4.69° Ans.

F, =431kN Ans.




3-3.

The lift sling is used to hoist a container having a mass of
500 kg. Determine the force in each of the cables AB and
AC as a function of 6. If the maximum tension allowed in
each cable is 5 kN, determine the shortest lengths of cables
AB and AC that can be used for the lift. The center of
gravity of the container is located at G.

SOLUTION

Free-Body Diagram: By observation, the force F; has to support the entire weight
of the container. Thus, F; = 500(9.81) = 4905 N.

Equations of Equilibrium:
;t)EFX:O, FACcOSG_FABCOSBZO FAC:FAB:F

+13F, =0; 4905 — 2Fsinf® = 0 F = {2452.5cos6} N

Thus,

Fac=Fap=F = {245cos0} kN Ans.

If the maximum allowable tension in the cable is 5 kN, then
2452.5 cos6 = 5000

0 = 29.37°

os 6

From the geometry, [ = c and 6 = 29.37°. Therefore

1.5

|=—————=172m Ans.

cos 29.37°

o

F=500(981)
=4905N

he




*3-4,

Cords AB and AC can each sustain a maximum tension of
800 Ib. If the drum has a weight of 900 1b, determine the
smallest angle 6 at which they can be attached to the drum.

SOLUTION
+13F, = 0; 900 — 2(800) sin = 0

0 = 34.2°

Ans.




3-5.

The members of a truss are connected to the gusset plate. If
the forces are concurrent at point O, determine the
magnitudes of F and T for equilibrium. Take 6 = 30°.

8 kN
SOLUTION
B SF, =0 ~T cos30° + 8 + 5sin45° = 0
T = 1332 = 133kN Ans. F
+T2Fy = 0; F — 13.32sin30° — 5cos45° =0
F = 102 kN Ans. \J
sk .
3°
a5
T Sk




3-6.

The gusset plate is subjected to the forces of four members.
Determine the force in member B and its proper
orientation 6 for equilibrium. The forces are concurrent at

point O.Take F = 12 kN.
8 kN

SOLUTION
BIF =0, 8—Tcosf + 5sin45° =0

+12F,=0; 12— Tsinf — 5cos45° =

Solving, Y
T =143 kN Ans.

0 = 36.3° Ans. Brn *

“se
T SeN

12N



3-7.

The device shown is used to straighten the frames of B

wrecked autos. Determine the tension of each segment of 350 KN f

the chain, i.e., AB and BC, if the force which the hydraulic ’ 450 mm
D e

cylinder DB exerts on point B is 3.50 kN, as shown.

400 mm 250 mm

SOLUTION

Equations of Equilibrium: A direct solution for F ¢ can be obtained by summing
forces along the y axis. +

+15F, =0;  3.5sin4837° — Fpesin 60.95° = 0
Fpe = 2993 kN = 2.99 kN Ans. b 5
43 6095°

Using the result Fge = 2.993 kN and summing forces along x axis, we have

- SF,=0; 3.5cos 48.37° + 2.993 cos 60.95° — F, 5 =0

35k Fe
FAB = 3.78 kN Ans.



*3-8.

Two electrically charged pith balls, each having a mass of
0.2 g, are suspended from light threads of equal length.
Determine the resultant horizontal force of repulsion, F,
acting on each ball if the measured distance between them
is r = 200 mm.

SOLUTION
BIF =0; F—T(%)=O
P ] I

T =2266(1073%) N

F =113 mN

150 mm 50 mm 150 mm

r =200 mm

Ans.
02(9.81)N



3-9.

Determine the maximum weight of the flowerpot that can
be supported without exceeding a cable tension of 50 Ib in

either cable AB or AC.
SOLUTION
Equations of Equilibrium:
. 3
B IF, =0 Facsin30° = Fap\ <) =0
FAC = 120FAB (1)

4
+T2Fy:(), FACcOSSOO+FAB(§>7W:

Since F ¢ > F 4p, failure will occur first at cable AC with F - = 501b. Then
solving Egs. (1) and (2) yields

Fap = 41.671b

W =176.61b Ans.




3-10.

Determine the tension developed in wires CA and CB
required for equilibrium of the 10-kg cylinder. Take 6 = 40°.

SOLUTION

Equations of Equilibrium: Applying the equations of equilibrium along the x and y
axes to the free-body diagram shown in Fig. a,

L SF. =0, Fepcos 40° — F 4 cos 30° = 0 )
+13F, =0 Fepsin40° + F,sin 30° — 10(9.81) = 0 Q)
Solving Egs. (1) and (2), yields

FCA = 80.0N FCB =904 N Ans.

(0(9-81) N
(@



3-11.

If cable CB is subjected to a tension that is twice that of
cable CA, determine the angle 6 for equilibrium of the 10-kg
cylinder. Also, what are the tensions in wires CA and CB?

SOLUTION
Equations of Equilibrium: Applying the equations of equilibrium along the x and
y axes,

$EFX=O; Fepcos® — Feycos30° =0

+12F, = 0; Fepsin @ + F,sin30° — 10(9.81) = 0

However, it is required that
Fep = 2Fcy
Solving Egs. (1), (2), and (3), yields

0 = 64.3° Fep = 852N Fea = 426N

@
2)
FCA Eg
3
30° o
Ans.

\§
10(9-81) N
(&)



*3-12.

The concrete pipe elbow has a weight of 400 1b and the
center of gravity is located at point G. Determine the force
F . and the tension in cables BC and BD needed to support it.

SOLUTION

Free-Body Diagram: By observation, Force F , , must equal the weight of the concrete
pipe. Thus,

Fap = 400 1b Ans.

The tension force in cable CD is the same throughout the cable, thatis Fzc = Fpp.

Equations of Equilibrium:
__t) EFX = 0; FBD sin 45° — FBC sin 45° = 0
FBC = FBD: F

+13F, =0; 400 — 2F cos 45° = 0

F = Fpp=Fpe=2831b Ans.

3.

4

-
'

M g

Qs

=400 b

45°

o



3-13.

Blocks D and F weigh 5 Ib each and block E weighs 8 1b.
Determine the sag s for equilibrium. Neglect the size of the
pulleys.

SOLUTION
+1 2F, = 0; 2(5)sing — 8 =10

6 = sin"!(0.8) = 53.13°
tanf = s
4

s = 4tan 53.13° = 5.33 ft

‘ 4 ft 4 ft i

Ans.



3-14.

If blocks D and F weigh 5 Ib each, determine the weight of 4 ft 4 ft
block E if the sag s = 3 ft. Neglect the size of the pulleys. ‘ ‘

SOLUTION

+12F, = 0; 2(5)(%) ~W=0

W =61b Ans.



m3-15.

The spring has a stiffness of & = 800 N/m and an unstretched
length of 200 mm. Determine the force in cables BC and BD
when the spring is held in the position shown.

- 400 mm

N/l’l’l l//“

SOLUTION

The Force in The Spring: The spring stretchess = [ — [, = 0.5 — 0.2 = 0.3 m.
Applying Eq. 3-2, we have

300 mm

F,, = ks = 800(0.3) = 240 N

sp ~——500 mm ———~——400 mm——|

Equations of Equilibrium:

4 .
B SF. =0, Fpe cos 45°+FBD<5> — 240 = 0 Y
fac
0.7071F gc + 0.8F zp = 240 )
B | A4s’
F1SF, =0; Fpesinds® — F (§)=0 g x
y ; BC 8D\ 5 13 =40 N 3|__5
F
Fpe = 0.8485F 5p @) [

Solving Egs. (1) and (2) yields,

FBD =171 N FBC = 145N Ans.



*H3-16.

The 10-1b lamp fixture is suspended from two springs, each ‘

having an unstretched length of 4 ft and stiffness of
k = 51b/ft. Determine the angle 6 for equilibrium.

SOLUTION
—"'»EFX:O; TcosO —Tcosh =0
+12F, =0; 2T sinf — 10 = 0
Tsing =51Ib
F = ks; T = 5(00‘26 - 4>

T=20( L - 1)
cos 0

20(51116 — sin 9) =5
cos 6

tanf — sin 6 = 0.25

Solving by trial and error,

6 = 43.0° Ans.



3-17.

Determine the mass of each of the two cylinders if they
cause a sag of s = 0.5 m when suspended from the rings at
A and B. Note that s = 0 when the cylinders are removed.

SOLUTION
Tac = 100 N/m (2.828 — 2.5) = 32.84 N
+13F, =0,  32.84sin45° — m(9.81) = 0

m = 237 kg

k =100 N/m

Ans.

%
2. 5w .
1S 2878
- 8 =as®
2w

- Lwn

1
The = 32,99 4
4ge - Tas

1;«(1-“)



3-18.
Determine the stretch in springs AC and AB for

equilibrium of the 2-kg block. The springs are shown in
the equilibrium position.

SOLUTION

FAD = 2(981) = XAD(40) XAD = 0.4905 m

- 2F, =0 FAB(:) - FAC<\1/2) =0

+12F, = 0; FAC(\}§> + FAB@) —2(9.81) =0
Fuc = 1586 N
Xac = % =0.793 m
Fap = 1401N
XAB = 1401 = 0.467 m

30




3-19.

The unstretched length of spring AB is 3 m. If the block is
held in the equilibrium position shown, determine the mass

of the block at D.

SOLUTION
F=kx=3005-3)=60N
BIF, =0 hm%O—wG):o
T = 67.88N
+13F, = 0 —W’+6I%Sm4T—F&(%)=O
W =84N
-8 8.56 kg

=981

Ans.




*3-20.

The springs BA and BC each have a stiffness of 500 N/m and an
unstretched length of 3 m. Determine the horizontal force F
applied to the cord which is attached to the small ring B so

that the displacement of the ring from the wall is d = 1.5 m.
6 m
SOLUTION
B SF =0 LS e -F=0 o
o V11.25 _—
T = ks = 500(V3% + (1.5)> — 3) = 177.05N
F = 158N Ans. 34
F <—-—-—1-‘/Zl—x

o



3-21.

The springs BA and BC each have a stiffness of 500 N/m and an
unstretched length of 3 m. Determine the displacement d of the
cord from the wall when a force F =175 N is applied to the cord.

SOLUTION
B IF, = 0; 175 = 2T sin 9
Tsinf = 87.5
d
T| ———— | =875
V32 +d?

T = ks = 500(\V3? + d* — 3)
3
d(l - 7> =0.175
V9 + d?

By trial and error:

d =156m

Ans.

175 b

54




"3-22.

A vertical force P = 101b is applied to the ends of the 2-ft
cord AB and spring AC. If the spring has an unstretched

length of 2 ft, determine the angle 6 for equilibrium. Take
k = 151b/ft.

SOLUTION
B IF, = 0; Fycos¢p — Tcosh =0
+13F, = 0; Tsin6 + F,sing — 10 =0

s = V@2 + 272 —2(4)(2)cos0 — 2 =2\/5 — dcosh — 2
F, = ks = 2k(V/5 — 4cos 6 — 1)

F E 1'T—F(M>
rom Eq. (1):T = F, 08 8

T—Zk(m_l>< et )( : )

\/5 — 4 cos 6/ \cos O
From Eq. (2):
2k(\/m - 1)(2—cos 0) 2k<\/5—4m - 1)2 sin 6
/540058 tan6 + Nt =10
(Vi-temo—1 0
Ny (2tanf — sin 6 + sin ) = *
ano(V5—deso 1)
Vs—dcoso 4k

Set k = 15 1b/ft

Solving for 0 by trial and error,

0 = 35.0°

Ans.

J
T Fs
9 x
. 1o
&t
1 -

2080 . ala -m.)
e, P,

T Hass

A0



3-23.

2 ft

Determine the unstretched length of spring AC if a force
P = 801b causes the angle § = 60° for equilibrium. Cord
AB is 2 ft long. Take k = 50 1b/ft.

SOLUTION

I = V4 + 22— 2(2)(4) cos 60°
1=V12

Vi 2

sin 60°  sin [0

o Sin_1<25m60 > .

V12
+T2Fy=0; T sin 60° + F sin30° — 80 = 0 T
F
B IF, =0, —T cos 60° + F,cos 30° = 0 o0 f20° ]
Solving for F, 1
F, = 401b .
Fy = kx
40
40 = 50(V12 — 1) 1=V12 - 2 =266ft Ans.

50



*3-24,

The springs on the rope assembly are originally unstretched
when 6 = 0°. Determine the tension in each rope when
F = 90 Ib. Neglect the size of the pulleys at B and D.

SOLUTION
2
"~ cos @

T=kxzk(1—10)=3o<%—2)=60<

0s 6
+13F,=0; 2Tsinf —90 =0
Substituting Eq. (1) into (2) yields:

120(tan § — sin ) — 90 = 0

tan§ — sin 6 = 0.75

By trial and error:

0 = 57.957°

From Eq. (1),

1
T = 60(m - 1) =5311b

)

k =30 Ib /ft

k = 30 Ib /ft

@

@) .'
i

Ans.

F=90/b



3-25.
The springs on the rope assembly are originally stretched

1 ft when 6 = 0°. Determine the vertical force F that must
be applied so that § = 30°.

SOLUTION

2
A= = 2.3094 ft
cos 30°

When 6 = 30°, the springs are stretched 1 ft + (2.3094 — 2) ft = 1.3094 ft
F, = kx = 30(1.3094) = 39.28 Ib
+13F, =0;  2(39.28)sin30° — F = 0

F =3931b

k = 30 1b /ft

Ans.

39.26 b

30°




3-26.

The 10-1b weight A is supported by the cord AC and roller C,
and by the spring that has a stiffness of & =10 Ib/in. If the
unstretched length of the spring is 12 in. determine the distance
d to where the weight is located when it is in equilibrium.

SOLUTION

+12F,=0; Fysin6—10=0

12
F, = kx; F, =10 —— — 12
s o § O(COS 0 )
= 120(sec6 — 1)
Thus,
120(sec® — 1) sin 6 = 10
(tan @ — sin §) = L
12
Solving,

0 = 30.71°

d =12 tan 30.71° = 7.13 in.

Ans.

P

[2.m.




3-27.

The 10-1b weight A is supported by the cord AC and roller C,
and by spring AB. If the spring has an unstretched length of
8 1in. and the weight is in equilibrium when d =4 in., determine
the stiffness k of the spring.

SOLUTION

+1SF, =0; Fysin6—10 =0

12
F, = kx; F, = k( B 8)
cos 0

4
tanf =17 = 18.435°
an6=-55 0

Thus,

12 . o
k(m - 8) sin 18.435° = 10

k = 6.80 1b/in.

10 Ib

I27n.



*3-28.

Determine the tension developed in each cord required for
equilibrium of the 20-kg lamp.

SOLUTION

Equations of Equilibrium: Applying the equations of equilibrium along the x and y
axes to the free-body diagram of joint D shown in Fig. a, we have

X SF =0;  Fpgsin30° — 20(9.81) = 0 Fprp = 3924N = 392N Ans.
+ 13F, =0; 392.4c0830° — Fep =0 Fep = 339.83N = 340N Ans.

Using the result F;, = 339.83 N and applying the equations of equilibrium along the 4
x and y axes to the free-body diagram of joint D shown in Fig. b, we have
+ 3 o E,
S5 2F =0 339.83 — Fey 5)° Fepcos 45° = @ DE
o 30°
4 < ) X
+ 13F, =0 FCA<§) — Fepsind5° =0 )
Solving Egs. (1) and (2), yields ¥
Fep = 275N Foy = 23N Ans. 20C9-8/0N
@)
Fea
“ Ep=339-83N
e -
fzs

(b)



3-29.

Determine the maximum mass of the lamp that the cord
system can support so that no single cord develops a tension
exceeding 400 N.

SOLUTION

Equations of Equilibrium: Applying the equations of equilibrium along the x and y
axes to the free-body diagram of joint D shown in Fig. a, we have

+12F, =0,  Fpgsin 30° — m(9.81) =0  Fpp = 19.62m Ans.

X 2F, =0 19.62mcos 30° — Fcp = 0 Fep = 16.99m Ans.

Using the result F-;, = 16.99m and applying the equations of equilibrium along the
x and y axes to the free-body diagram of joint D shown in Fig. b, we have

X SF, =0, 16.99m — FCA(%) — Fep cos45° =0 1)
+ 12F, =0 FCA(%) — Fepsin45° = ?)
Solving Egs. (1) and (2), yields

Fep = 13.73m Fey = 12.14m

Notice that cord DFE is subjected to the greatest tensile force, and so it will achieve
the maximum allowable tensile force first. Thus

m = 20.4 kg Ans.

Fe
F °
20 30 2
D
m(9:81)
()
Y
Fea
" Fp=/b- 997
———
4 c
Fe

k)



3-30.

A 4-kg sphere rests on the smooth parabolic surface.
Determine the normal force it exerts on the surface and the
mass mp of block B needed to hold it in the equilibrium
position shown.

SOLUTION

Geometry: The angle 6 which the surface makes with the horizontal is to be
determined first.

_ 4

= = 5.0x
x=04m dx

x=0.4m

= 2.00

x=0.4m

tan 0

0 = 63.43°

Free-Body Diagram: The tension in the cord is the same throughout the cord and is
equal to the weight of block B, W = mp (9.81).

Equations of Equilibrium:
BIF, =0 mp(9.81)cos 60° — Nsin 63.43° = 0

N = 5.4840mp a
+13F, = 0; mp(9.81) sin 60° + Ncos 63.43° — 39.24 = 0

8.4957Tmp + 0.4472N = 39.24 ?2)
Solving Egs. (1) and (2) yields

mpg = 3.58 kg N =197N Ans.

#761)=3924 N




3-31.

If the bucket weighs 50 1b, determine the tension developed
in each of the wires.

SOLUTION

Equations of Equilibrium: First, we will apply the equations of equilibrium along the
x and y axes to the free-body diagram of joint E shown in Fig. a.

3

B IF, =0, Fpp cos 30° — FEB(g) =0 §))
A 4

+12F, = 0; Fpsin 30° + FEB(g) -50=0 ?)

Solving Egs. (1) and (2), yields

Fgp =3021b Fpp = 43.611b = 43.61b Ans.

Using the result Frp = 43.61 Ib and applying the equations of equilibrium to the
free-body diagram of joint B shown in Fig. b,

4
+13F, = 0; F e sin 30° — 43.61(§> =0
Fpe = 69.781b = 69.8 Ib Ans.
3
B IF, = 0; 69.78 cos 30° + 43.61 5)Fra=0
Fpa = 86.61b Ans.

Fee
=
+|_ ED
3 30°
x
E
Y
50 1p
)




*3-32.
Determine the maximum weight of the bucket that the wire

system can support so that no single wire develops a tension
exceeding 100 Ib.

SOLUTION

Equations of Equilibrium: First,we will apply the equations of equilibrium along
the x and y axes to the free-body diagram of joint E shown in Fig. a.

3
B IF, =0, Frp cos 30° — FEB(S) =0 ()
, 4
+13F, = 0; Fpsin 30° + FEB(g) - W = 7))
Solving,

Using the result Frz = 0.8723W and applying the equations of equilibrium to the
free-body diagram of joint B shown in Fig. b,

+13F, =0 F g sin 30° — 0.8723W(g) =0
Fpe = 1.395TW

- SF, =0 1.3957W cos 30° + 0.8723W(%) — Fpa=0
Fya = 1.7320W

From these results, notice that wire BA is subjected to the greatest tensile force.
Thus, it will achieve the maximum allowable tensile force first.

Fg, = 100 = 1.7320W

W = 57.71b Ans.

'
Y

30°

4\

k)

Fea=0-8722 W/



3-3. ) -

Determine the tension developed in each wire which is
needed to support the 50-1b flowerpot.

30°30°

SOLUTION

Equations of Equilibrium: First, we will apply the equations of equilibrium along
the x and y axes to the free-body diagram of joint £ shown in Fig. a.

L 3F =0 Fgpsin30° — Fge sin30° = 0 1)
+12F, = 0; Frpcos30° + Frecos30° — 50 = 0 (2)

Solving Egs. (1) and (2), yields
Frp = Fpe = 28.871b = 28.91b Ans.

Using the result and applying the equations of equilibrium along the x and y axes to
the free-body diagram of joint C shown in Fig. b, we have

+T2Fy =0; Fc,sin45° — 28.87 cos 30° = 0

Fcq =35361b = 3541b Ans.
X 3F, =0 Fep + 28.87sin30° — 35.36 cos 45° = 0

Fep = 10.61b Ans.

Due to symmetry,

FDB = FCA = 3541b Ans.

50 b Fec =28-87 16
(«) (b)



3-34.

If the tension developed in each of the wires is not allowed
to exceed 40 1b, determine the maximum weight of the
flowerpot that can be safely supported.

SOLUTION

Equations of Equilibrium: First, we will apply the equations of equilibrium along
the x and y axes to the free-body diagram of joint £ shown in Fig. a.

X SF, = 0; Frpsin30° — Fge sin30° = 0 @
+12F, = 0; Frpcos30° + Fpecos30° — W =0 )

Solving Egs. (1) and (2), yields
Fep = Fgc = 0.5774W Ans.

Using the result Frc = 0.5774W and applying the equations of equilibrium along
the x and y axes to the free-body diagram of joint C shown in Fig. b, we have

+1 2F, = 0; Fe4sin45° — 0.5774W cos 30° = 0
Fc, = 0.7071W

K IF, =0 Fep + 0.5774W sin 30° — 0.7071W cos 45° = 0
Fep = 02113W

Due to symmetry,

FDB = FCA = 0.7071W

From this result, notice that cables DB and CA are subjected to the greater tensile
forces. Thus, they will achieve the maximum allowable tensile force first.

FDB = FCA = 0.7071W

W = 56.61b Ans.

Fec Fer Fa
30’} 30°,

45°




3-35. 35m |

Cable ABC has a length of 5 m. Determine the position x
and the tension developed in ABC required for equilibrium 075 Tm
of the 100-kg sack. Neglect the size of the pulley at B.

SOLUTION

Equations of Equilibrium: Since cable ABC passes over the smooth pulley at B, the
tension in the cable is constant throughout its entire length. Applying the equation
of equilibrium along the y axis to the free-body diagram in Fig. a, we have

+13F, =0, 2T sin — 100(9.81) = 0 (1)

Geometry: Referring to Fig. b, we can write

35 —x N x
cos ¢ cos ¢

¢ = cos™! (35—5) = 45.57°

Also,

x tan45.57° + 0.75 = (3.5 — x) tan45.57°

x =138m Ans.
Substituting ¢ = 45.57° into Eq. (1), yields

T = 687N Ans.

0-751 ) %

ANY

100¢9.81) N
@) ¢



*3-36.

The single elastic cord ABC is used to support the 40-1b
load. Determine the position x and the tension in the cord
that is required for equilibrium. The cord passes through
the smooth ring at B and has an unstretched length of 6 ft
and stiffness of k = 50 1b/ft.

SOLUTION

Equations of Equilibrium: Since elastic cord ABC passes over the smooth ring at B,
the tension in the cord is constant throughout its entire length. Applying the equation
of equilibrium along the y axis to the free-body diagram in Fig. a, we have

+12F, =0 2Tsing — 40 = 0 (6))

Geometry: Referring to Fig. (b), the stretched length of cord ABC is
X 5—x 5

= = 2
Lasc cos ¢ cos ¢ cos ¢ @
Also,
xtang + 1 = (5 — x)tan¢
Stang — 1
T 2tan ¢ 3

Spring Force Formula: Applying the spring force formula using Eq. (2), we obtain

Fy, = k(lapc — b)

5
T = 50{ cosh 6} 4
Substituting Eq. (4) into Eq. (1) yields

Stan¢ — 6sin¢g = 0.4
Solving the above equation by trial and error

¢ = 40.86°
Substituting ¢ = 40.86° into Egs. (1) and (3) yields

T =30.61b x = 1.92ft Ans.




3-37.

The 200-1b uniform tank is suspended by means of a 6-ft-
long cable, which is attached to the sides of the tank and
passes over the small pulley located at O. If the cable can be
attached at either points A and B, or C and D, determine
which attachment produces the least amount of tension in
the cable. What is this tension?

SOLUTION

Free-Body Diagram: By observation, the force F has to support the entire weight
of the tank. Thus, F =200 1b. The tension in cable AOB or COD is the same
throughout the cable.

Equations of Equilibrium:
5 SF,=0; TcosO —Tcosf =0 (Satisfied!)

100
+13F,=0; 200 -2Tsinf=0 T=—— @
sin 0

From the function obtained above, one realizes that in order to produce the least
amount of tension in the cable, sin 6 hence 6 must be as great as possible. Since the
attachment of the cable to point C and D produces a greater 0 (9 =cos i = 70.53°>

3
as compared to the attachment of the cable to points A and B (0 = cos ! % = 48.19"),

the attachment of the cable to point C and D will produce the least amount
of tension in the cable. Ans.

Thus,

100
T = W = 106 Ib Ans.

it

34t



3-38.

The sling BAC is used to lift the 100-1b load with constant A
velocity. Determine the force in the sling and plot its value T 100 Ib
(ordinate) as a function of its orientation 6, where
0=6 = 90°.
A
]
BYf————
SOLUTION el L4
+12F, = 0; 100 — 2T cos 6 = 0
T = {50 sec 6} Ib Ans.
joolb
T [ T
-
50
]



m3-39.

A “scale” is constructed with a 4-ft-long cord and the 10-1b 1ft——
block D.The cord is fixed to a pin at A and passes over two —
small pulleys at B and C. Determine the weight of the ?
suspended block at B if the system is in equilibrium when A c
s=1.5ft.
s=151t
SOLUTION
Free-Body Diagram: The tension force in the cord is the same throughout the cord,
that is, 10 Ib. From the geometry, Dy 1+
B
0.5
— on— ! — o
0 = sin (1-25) 23.58
Equations of Equilibrium:
BIF, =0 10sin 23.58° — 10sin 23.58° = 0 (Satisfied!) 5pe
o
+13F, =0;  2(10)cos23.58° — Wy = 0 ’
= -/
Wg=1831b Ans. %_55/,”:#
Y
[0k 00k
@=23.58" =23.58°
X

We



*3-40.

The load has a mass of 15 kg and is lifted by the pulley

system shown. Determine the force F in the cord as a
function of the angle 6. Plot the function of force F versus
the angle 6 for 0 = 6 = 90°.

SOLUTION

Free-Body Diagram: The tension force is the same throughout the cord.

Equations of Equilibrium:

B IF, = 0; Fsing — Fsinf =0 (Satisfied!)
+13F, = 0; 2F cos 6 — 147.15 = 0 { (N)
F = {73.6sec} N Ans.
%
[
. F F
1 K
V4
A X
73k
i
5 3

o E s e A,
0200457 1o 90" 15980214715 N



3-41.

Determine the forces in cables AC and AB needed to hold
the 20-kg ball D in equilibrium. Take F =300 N and d = 1 m.

SOLUTION

Equations of Equilibrium:

+ 4 2
— EFX = 0, 300 — FAB(i) - FAc(i) =0
Va1 V5

06247F 45 + 0.8944F 1 = 300

+12F, =0 FAB(\/SH) + FAC(\%) -1962 =0

0.7809F 45 + 0.4472F 1 = 1962

Solving Egs. (1) and (2) yields

Fup = 986N  Fuo=267N

@

(2)

Ans.

F3
e

BooH

¥
2¢¢981)=196:2 N



3-42.

The ball D has a mass of 20 kg. If a force of F =100 N is
applied horizontally to the ring at A, determine the largest
dimension d so that the force in cable AC is zero.

SOLUTION
Equations of Equilibrium:
5SSF =0, 100 — Fupc0s0 =0  Fypcos6 = 100
+13F, = 0; Fapsinf — 1962 =0  F,psin 0 = 196.2
Solving Egs. (1) and (2) yields
0 = 62.99° Fup = 22021 N
From the geometry,

d + 1.5 = 2tan 62.99°
d=242m

@
(2)

Ans.

t
Fa
6 100N
—x
4
20(981)2196:2 §
d# 5
926299"



3-43.

Determine the magnitude and direction of the force P
required to keep the concurrent force system in
equilibrium.

SOLUTION
Cartesian Vector Notation:

F; = 2{cos 45° + cos 60°%j + cos 120°k} kN = {1.414i + 1.00j — 1.00k} kN
—1.51 + 3j + 3k
V(-1572 + 3 + 3

F; = {-0.50j} kN

F, = 0.75< > = {-0.250i + 0.50j + 0.50k} kN
P=Pi+Pj+PKk

Equations of Equilibrium:

EF:O, F|+F2+F3+P:0

(P, + 1414 — 0.250) i + (P, + 1.00 + 0.50 — 0.50) j + (P, — 1.00 + 0.50) k = 0

Equating i, j, and k components, we have
P, + 1414 — 0250 =0 P, = —1.164 kN
P, + 1.00 + 0.50 — 0.50 = 0 P, = —-1.00kN

PZ

P, —100+050=0 = 0.500 kN

The magnitude of P is
P=\P,+ P+ P2
= V(~1.164)> + (—1.00)? + (0.500)?

= 1.614 kN = 1.61 kN

The coordinate direction angles are

Ans.

Ans.

Ans.

Ans.

F3=05kN

(-1.5m,3m,3m)

F,=075kN
120°

60°

Vm:sz



*3-44.

If cable AB is subjected to a tension of 700 N, determine the z

tension in cables AC and AD and the magnitude of the

vertical force F. F
A

D 6217 /427
SOLUTION - c
/3/

1.5m
Cartesian Vector Notation: 0 “ Y
6m 2m
2i + 3j — 6k >
F, = 700 = {200i + 300j — 600k} N 3m——"
A < 2+ 32+ (—6)? " B
~1.5i + 2j — 6k ) . *
FAC = FAC = _OZSOSFAcl + 03077FAC.] - 09231FACk
V(=152 + 22 + (—6)?

—3i — 6j — 6k
V(=32 + (—6)> + (—6)?

Fap = FAD< > = —0.3333F 4pi — 0.6667F 4pj — 0.6667F 4pk

F = Fk
Equations of Equilibrium:
SF = 0; Fag + Fac + Fup + F=0
(200 — 0.2308F 4 — 0.3333F 4p)i + (300 + 0.3077F 4 — 0.6667F 4p)j

+ (=600 — 0.9231F 4 — 0.6667F 4,p + F)k = 0

Equating i, j, and k components, we have
200 — 0.2308F 4¢ — 0.3333F 4p = 0 @
300 + 0.3077F 4¢c — 0.6667F 4p = 0 2)

—600 — 0.9231F 4¢ — 0.6667F 4 + F = 0 A3)

Solving Egs. (1), (2) and (3) yields

Fuc=130N F,p=510N F =1060N = 1.06 kN Ans.




3-45.

Determine the magnitudes of Fy, F,, and F; for equilibrium
of the particle.

SOLUTION
F, = F{cos 60°i + sin 60°k}
= {0.5Fi + 0.8660F k}N

3, 4,
F, = Fz{gl —gj}

= {0.6Fi — 0.8Fj}N
F; = F; {—cos 30° — sin 30°j}
{—=0.8660F3i — 0.5F3j }N

SF, =0 0.5F, + 0.6F, — 0.8660F; = 0

SF, =0 —0.8F, — 0.5F3 + 800 sin 30° =

SF,=0; 0.8660F; — 800 cos 30° = 0
F, = 800N Ans.
F = 147N Ans.

F, = 564N Ans.




3-46.

If the bucket and its contents have a total weight of 20 1b,

determine the force in the
and DC.

supporting cables DA, DB,

SOLUTION
3 1.5 3
upa = (G5~ 435I+ 5K
. 1 3
upe {—gl 354 T gk}

SF, = 0;
2F, =0;
2F, =0

1.5 1
_EFDA — Fpp + gFDc =0

3 3

EFDA + EFDC —20=0
FDA =10.01b
FDB =1.111b

FDC = 156 lb

&
Foa Fre
Foe
Ans. " / l 5
Ans. Jﬂ M
Ans.



3-47.

Determine the stretch in each of the two springs required to
hold the 20-kg crate in the equilibrium position shown.
Each spring has an unstretched length of 2 m and a stiffness

of k = 300 N/m.
— B /
A | 12 m
()
SOLUTION T
y
Cartesian Vector Notation: * 4m //6 m
B 6i+4j+12k \ 3 . 2 . 6 %
Foc = Foc Veiii) 7Foct + ZFocj + —Fock
Foa = —Foaj Fop = —Fopi
z
F = {-196.2k} N Foc. /
Equations of Equilibrium: ] foe
1
EFZO, FOC+FOA+FOB+F:0 _— :lzml "’;
] /
3 (2 (6 2 .
(;FOC - FOB)I + (7FOC - FOA).] + (?FOC - 1962)1{ =0 ____J(/’
F=20(361)=1962 N
Equating i, j, and k components, we have
3 X
7Foc = Fop = 0 @
2
7Foc = Foa =0 )]
6
7Foc —1962 =0 A3
Solving Egs. (1),(2) and (3) yields
FOC = 2289 N FOB =98.1N FOA = 654N
Spring Elongation: Using spring formula, Eq. 3-2, the spring elongation is s = <
98.1
Sop = 300 0.327 m = 327 mm Ans.
4
_ 0 = 0.218 m = 218 mm Ans.

S04 = 300

N




*3-48.

If the balloon is subjected to a net uplift force of F =800 N,
determine the tension developed in ropes AB, AC, AD.

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram shown in

Fig. (a) in Cartesian vector form as

I (-15-0i+(2-0j+(-6-0k | 3
V(=15 = 002 + (=2 — 0)% + (=6 — 0)?

Fap = Fup

_(2—O)i+(—3—0)j+(—6—0)k :gF_
V2 - 0P+ (307 +(6-07| 77

Fac = Fuc

(0 — 0)i + (25 — 0)j + (—6 — O)k 5

Fap = F
WM N0 -0+ @50+ (—6-07 | 13

W = {800k}N
Equations of Equilibrium: Equilibrium requires

EF:‘), FAB+FAC+FAD+W:0

4 .12
— % Fapl — 75 Fagk

7——F 1
137480 T3 13

3 .6
— 5 Fac) — 5 Fack

7 7

. 12
== Fapj — TFADk

3

3 . 4 .12 2 . 3 . 6 5 . 12
<_FABl - 7FAB.] - FABk> + <7FAC1 - 7FACJ - 7FACk> + (BFADJ - 13f’ﬂADk> + 800k = 0

13 13 13

3 2 . 4
<_13FAB + 7FAC>1 + <_13FAB —

Equating the i, j, and k components yields

3 2
_BFAB +;FAC = 0
4 3 5
13 Fas = 5 Fac 3 Fap =0
12 6 12
_BFAB _;FAC _EFAD + 800 =0

Solving Egs. (1) through (3) yields
F, =203N

F,,=251N

F,,=427N

3 5 .
7 Fac = BFAD>J + <_

12 6 12
BFAB _;FAC _7FAD+ 800>k: 0

13

@

2

3

Ans.

Ans.

Ans.




3-49.

If each one of the ropes will break when it is subjected to a
tensile force of 450 N, determine the maximum uplift force
F the balloon can have before one of the ropes breaks.

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram shown in
Fig. a in Cartesian vector form as

(1.5 — )i + (=2 — 0)j + (=6 — O)k 3 4 1
Fap = Fup > > 51T 13 Fapi— 5 Fapj — -5
V(=15 = 0)* + (=2 — 02 + (—6 — 0) 3

I (2 = 0)i + (=3 — 0)j + (=6 — O)k 2

= Z Fyei— 2 Facj — 2 Fack
V@ 0P+ (302t (6_op| 7 gidTgtae

Fac = Fuc

(0 — 0)i + (2.5 — 0)j + (—6 — 0)k 5 . 12
Fap = Fap 5 > > =7 Fapj — 75 Fapk
V(0 — 02 + (25 — 02 + (=6 — 0) 13 13

F=Fk

Equations of Equilibrium: Equilibrium requires

EF:O, FAB+FAC+FAD+F:0

13 13 13 7 7 7 13 13

3 2 . 4 3 5 . 12 6 12
*BFAB +7FAC i+ *BFAB*7FAC +EFAD j + *EFAB*7FAC *EFADJFF

Equating the i, j, and k components yields

3 2

_EFAB“‘;FAC:O @
4 3 5

_BFAB_;FAC +EFAD:0 2)
12 6 12

_EFAB_7FAC—§FAD+F:0 Q)

Assume that cord AD will break first. Substituting F,p = 450 N into Egs. (2) and (3)
and solving Egs. (1) through (3), yields

Fup = 26471 N
Fuc = 2138N
F = 842.99N = 843N Ans.

Since Fyc = 213.8N < 450N and F,p = 26471 N < 450 N, our assumption is
correct.

3 4 12 2 3 6 5 12
< Fapi — — Fupj — FABk> + <FACi — - Fucj — FAck> + (FADj - FADk> + Fk=0

Jk=o




m3-50.

The lamp has a mass of 15 kg and is supported by a pole AO
and cables AB and AC. If the force in the pole acts along
its axis, determine the forces in AO, AB, and AC for

equilibrium.
SOLUTION
2 1.5 6
_ IS PR
Fao = Faolg 5= g5i + g5k N
6 3 6
= — 3 + 3 — —
Fap = Fagl 91 9J 9k} N
2 3 6
Fiuo = Fpel—=1+=-j — -k} N
AC act 71 7] 7 }
W = 15(9.81)k = {—147.15k}N FAB
Fo
SF, =0 0.3077F 40 — 0.6667F 4,5 — 0.2857F4c = 0 Fao fe
2k, =0; —0.2308F 40 + 0.3333F 5 + 0.4286F 4 = 0 ,5(,7 95”
2F, =0 0.9231F 0 — 0.667F 45 — 0.8571F ¢ — 147.15 =0
Fyo = 319N Ans.
FAB = 110N Ans.

FAC = 858N Ans.



3-51.

Cables AB and AC can sustain a maximum tension of 500 N,
and the pole can support a maximum compression of 300 N.
Determine the maximum weight of the lamp that can be
supported in the position shown. The force in the pole acts
along the axis of the pole.

SOLUTION
2 1.5 6
Fio = Faol==1i— —j + —k} N
a0 = Faolgst= g 5i+ o5kl
6 3 6
= — _‘._7' —_
Fup = Fapl 91 9.] 9k} N
Fy,c = F {,E-+7-,§k} N
Ac = Tac 71 7J 7
W = {Wk} N
2 6 2
2F, =0 EFAO - §FAB - 7FAC =0
1.5 3 3
EFYZO, _EFAO+§FAB+;FAC:0
6 6 6

2F =0 SFao = gFap = 5 Fac = W =

1) Assume F,p = 500 N

2 6 2
6510 = 5(800) = ZFuc =0
1.5 3 3
—EFAO + 5(500) + 7FAC =0
6 6 6
65 Fa0 = §(800) = ZFyc = W =0
Solving,
Fyo = 1444444 N > 300 N (N.G!)
F,c = 388.889 N
W = 666.667 N
2) Assume Fye = 500 N
2 6 2
EFAO - §FAB - ;(500) =0
1.5 3 3
6 6 6
gFAO - §FAB - ;(500) -w=0
Solving,

F,o = 1857.143N > 300 N (N.G!)
Fup = 642.857N > 500N (N.G!)
3) Assume F,p = 300 N

2 6 2
@(300) - §FAB —-Fsc=0

7
1.5 3 3
_6(300) + §FAB + ;FAC = 0
6 6 6
E(?’OO) - EFAB - 7FAC -W=0
Solving,
FAC = 80.8 N
FAB = 104N

Ans.

Fac

Fre
Fao



*3-52.

The 50-kg pot is supported from A by the three cables.
Determine the force acting in each cable for equilibrium.

Take d =2.5 m.
SOLUTION
Cartesian Vector Notation:
6i+ 2.5k 12 .5
P el ) e ek
—6i—2j+3k 6 L2 .3
Fac = Fac > —— | = 5 Faci—Z Facj+t5 Fack
V(=62 +(-2)>+3 7 7

—6i +2j + 3k
Fao = Fan\ =570
(=6)"+2°+3

F = {—490.5k} N

7 7 7

Equations of Equilibrium:
EFZO, FAB+FAC+FAD+F:0

12 6 6 . 2 2 .
EFA377FAC77FAD it *7FAC+7FAD J

5 3 3
+ (EFAB+?FAC+;FAD_490'5)I( =0

Equating i, j, and k components, we have

12 6 6

EFAB_7FAC_7FAD =0
2 2
_7FAC+7FAD = 0
5 3 3
EFAB+?FAC+?FAD_490~S =0

Solving Egs. (1), (2) and (3) yields
FAC=FAD=312N

FAB = 580 N

7

6 2 3
> =~ Fapi+t_ Fapj+- Fapk

@

2

3

Ans.

Y

F=500951)=490-5N



3-53.

Determine the height d of cable AB so that the force in
cables AD and AC is one-half as great as the force in cable
AB.What is the force in each cable for this case? The flower
pot has a mass of 50 kg.

SOLUTION
Cartesian Vector Notation:
Fap = (Fap)ei + (Fap)yk

P —6i-2t3%k& 3 1 3
FAC_2<\/(_6)2+(_2)2+32 =2 Fupl — S Fap) + — Fapk

7 7 14
FAB _6i+2j+3k 3 . 1 . 3
aD = 5 < ———— | = 5 Fasl + S Fap) + 7 Fagk
V(62 + 2+ 3

7 7 14
F = {—490.5k} N

Equations of Equilibrium:
SF=0; Fus+Fu+Fp+F=0
3 3.\, (1 1 i
((FAB)X - ;FAB - 7FAB>1+(_;FAB + 7FAB).]
3 3
+| (Fap): + ﬁFAB + EFAB — 4905 |k =0

Equating i, j, and k components, we have

3 3 6
(Fap)e =5 Fap =5 Fap =0 (Fap)x = 5FaB @
7 7 7
1 1 s %
—?FAB + 7FAB =0 (Satisfied!)
3 3 3
(Fap), + ﬁFAB + ﬁFAB — 4905 =0 (F4p), = 490.5 — ;FAB 2)

However, F%4p = (Fap)2 + (F,p)%, then substitute Eqgs. (1) and (2) into this

expression yields
6 ’ 3 :
Fop = (f FAB) + (490.5 - fFAB)
7 7
Solving for positive root, we have
F 45 = 519.79N = 520N Ans.
1
Thus, Fac=Fup= 5(519.79) = 260N Ans.
Also,
6
(Fap)x = 7(519.79) = 44553 N
3
(Fap), = 490.5 — 7 (519.79) = 267.73N
ran-! |:(FAB)Z:| _ ,1<267.73

then, 0=
en M (Fap)s 44553
d=06tan 6 = 6tan 31.00° = 3.61 m Ans.

) = 31.00°

y
A A
l/=}l"2,r'\/ i?m
Fac”)—f/ -
AV /F //
@yvb}"/ /A/p/ém
S Ay 4
i
Y
F=50(981)=490-5N



3-54.

Determine the tension developed in cables AB and AC and
the force developed along strut AD for equilibrium of the
400-1b crate.

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram shown in
Fig. a in Cartesian vector form as

(=2 = 0)i + (=6 — 0)j + (1.5 — O)k 4 1
Fip = Fap > > > = ——x Fapl — -5 Fapj + -5 Fagk
V(=2 = 07 + (=6 — 0)> + (1.5 — 0) 13

2 —0)i + (-6 — 0)j + 3 — 0)k 2

V2 -0+ (=6-02+(3-002| 7

. ., 3
act == Facl +§FAck

O0-0i+[0-(06l+[0-(25k | 12 . 5
VO- 07+ - (oP 0 - (2ap | 13Tk

Fap = Fap

W = {—400k} Ib
Equations of Equilibrium: Equilibrium requires

EF:(], FAB+FAC+FAD+W:0
4 .12 . 3 2 . 6 . 3 12 . 5
<_13FABI_BFABJJ’_BFABk>+<7FAC1_7FACJ+7FAC](>+<13FADJ+]3FADk>+(_4OOk):0
4 2 . 12 6 12 . 3 3 5
<_13FAB +7FAC>1+<_13FAB_7FAC+13FAD>J+<13FAB+7FAC +13FAD_400>k_0

Equating the i, j, and k components yields

4 2

—Fapt+ 5 Fac=0 @
13 7 b
12 6 12

_BFAB - 7FAC + EFAD =0 2)

3 3 5

EFABJ’_;FAC—"_BFAD_“'OO:O (3)

Solving Egs. (1) through (3) yields

Fup = 2741b Ans.
Fac = 2951b Ans.
Fap = 5471b Ans.




3-55.

If the tension developed in each of the cables cannot
exceed 300 Ib, determine the largest weight of the crate that
can be supported. Also, what is the force developed along
strut AD?

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram
shown in Fig. a in Cartesian vector form as

e C2-0it(6-0iAs -0k [ 4 123
AT 0Pt (6P (s —op| BTl Tz

2-0i+(-6-0j+ 3 -0k ) . .
Ve 0P (6 oprGoop| 7t Tglad Ty ack

Faoc = F,
AC AC 7 7

O-0i+0-COh+0- (29K | 12, . 5
VO =07 +[0— (=6 +[0— (25 | 13777 1377

W = -Wk

Fap = Fap

Equations of Equilibrium: Equilibrium requires

EFZO, FAB+FAC+FAD+W=0
4 .12 . 3 2 . 6 .. 3 12 . 5
<_13FABI_BFABJ+BFABk>+<7FACI_7FACJ+7FACk>+(BFADJJ'_13FADk>+(_Wk):O
4 2 . 12 6 1 . 3 3 5
<_13FAB +7FAC>1+<_13FAB_FAC +FAD>J+<13FAB+7FAC +13FAD—W>k_O

Equating the i, j, and k components yields

4 2
_EFAB + ;FAC = 0
@
12 6 12
= Fap—5Fic T+ 5 Fap=0
13 7 13 @)
3

3 5
7FAB +7FAC + iFAD -W=0
13 7 13 3)

Let us assume that cable AC achieves maximum tension first. Substituting
F4c = 3001b into Egs. (1) through (3) and solving, yields

F,p = 5571b W = 407 Ib Ans.

Since F, 3 = 278.57 Ib < 300 1b, our assumption is correct.




*3-56.

Determine the force in each cable needed to support the
3500-1b platform. Set d = 2 ft.

SOLUTION

Cartesian Vector Notation:

4i — 3j — 10k ) )
FAB = FAB = 03578FABI - 02683FABJ - 08944FABk

VA& 1+ (=3)2 + (~10)
2i + 3j — 10k

Fyc = FAC(

—4i + 1j — 10k ) )
F.p=Fip = —0.3698F ,pi + 0.09245F ,pj — 0.9245F ,pk *

V(=42 + 12 + (—10)?
F = {3500k} Ib

Equations of Equilibrium:

EFZO, FAB+FAC+FAD+F:0

(0.3578F 45 + 0.1881F 4 — 0.3698F 4p) i + (—0.2683F 45 + 0.2822F ¢ + 0.09245F ,p)j i

+ (—0.8944F 45 — 0.9407F 4c — 0.9245F 4p + 3500)k = 0
Equating i, j, and k components, we have
0.3578F 45 + 0.1881F 4 — 0.3698F 4p = 0
—0.2683F 4p + 0.2822F 4c + 0.09245F 4pp = 0
—0.8944F .5 — 0.9407F 4¢c — 0.9245F 4p + 3500 = 0
Solving Egs. (1), (2) and (3) yields

Fap = 1369.591b = 1.37 kip F e = 744.111b = 0.744 kip

Fap = 1703.621b = 1.70 kip

a0 = 0.1881F aci + 0.2822F 4cj — 0.9407F ok
V22 + 32+ (—10

@
2
3

Ans.

Ans.

s




3-57.

Determine the force in each cable needed to support the
3500-1b platform. Set d = 4 ft.

SOLUTION

Cartesian Vector Notation:

4 — 3j — 10k ) )
Fap = Faz = 0.3578F 45i — 0.2683F 45j — 0.8944F 4 k
V& + (=3)7 + (-10)
3j — 10k )
FAC = FAC W = 02873FAC.] - 09578FACk
e
—4i + 1j — 10k ) )
FAD = FAD = _03698FAD1 + 009245FAD.] - 09245FADk X
V(=42 + 12 + (—10)?

F = {3500k} Ib

Equations of Equilibrium:
SF=0; Fup+Fyu+Fp+F=0

(0.3578F 45 — 0.3698F )i + (—0.2683F 45 + 0.2873F 4c + 0.09245F ,p)j
+ (—0.8944F 5 — 0.9578F 4 — 0.9245F 41, + 3500)k = 0

Equating i, j, and k components, we have
0.3578F o5 — 0.3698F 4p = 0
—0.2683F 45 + 0.2873F 4 + 0.09245F 4p = 0
—0.8944F 45 — 0.9578F 4 — 0.9245F 4p + 3500 = 0
Solving Egs. (1),(2) and (3) yields
F,p = 1467.421b = 1.47 kip F 40 = 913.531b = 0914 kip

F,p = 1419.69 1b = 1.42 kip

@
2
3)

Ans.

Ans.

-4
F=35001b
\
it
=2
e
l/"‘:(:
7 T
417 |
4
a1 fiol |05
y !
B 55 N |
A
/ /’ L 7 \k i
/ \‘ :\\"
/ \ )
/ \ "Iﬂjf.
Ioft / \\:
/ Lo
’,’ 3t




3-58.

Determine the tension developed in each cable for
equilibrium of the 300-1b crate.

SOLUTION
Force Vectors: We can express each of the forces shown in Fig. a in Cartesian vector
form as
(=3-0)i+(-6-0)j+ 2-0k 3 . 6 ., 2
Fap = Fap 5 5 51575 Fypi — 7FABJ + 7FABk
V(=3 =07+ (=6 — 0)> + (2 - 0)
2-0i+(-6-0)j+ 3 —-0k 2 . .
Fuc = Fac :7FAC1 _7FACJ +7FAck

V(@2 =07+ (=6 - 07>+ (3 - 0)

O-0i+@B-0j+@-0k 3 .4
Fap = Fap > > S| = gFAD.] +gFADk
VO - 02+ (3—07+(4-0)

W = {~300k} Ib
Equations of Equilibrium: Equilibrium requires

EFZG, FAB+FAC+FAD+W=0

3 . 6 .2 2 . 6 .3 3 . 4
<_7FABl — ; AB) T 7FABk> + <7FAC1 — 7 ac) T 7FACk> + <5FAD.] + SFADk> + (—3001() =0
Equating the i, j, and k components yields
€
3 2
7 Fap + 7FAC =0 @
6 6 3
_7FAB - ;FAC + gFAD =0 )
2 3 4
7FAB+?FAC+§FAD_300:O (3)
Solving Egs. (1) through (3) yields
FAB =79.21b FAC =1191b FAD =283 1b Ans.

W= 360 1b
(2)



3-59.

Determine the maximum weight of the crate that can be
suspended from cables AB, AC, and AD so that the tension
developed in any one of the cables does not exceed 250 1b.

SOLUTION

Force Vectors: We can express each of the forces shown in Fig. a in Cartesian vector
form as

(=3 = 0)i + (=6 — 0)j + (2 — O)k 3

. 6 .2
Fap = Fap = —5 Fapi — 7FABJ + 7FABk

V(=3 = 0 + (=6 — 0)> + (2 — 0 7
-0t (6-0jrG-Ok | 2
V(@2 =07+ (=6 - 07>+ (3 - 0)>

Faoc = F,
AC AC 7 7

O-0i+@B-0)j+@—-0k 3 .4
Fap = Fap > 5 5| gFAD] + gFADk
VO = 02+ (3—0) + (4 — 0)

W = _WC k
Equations of Equilibrium: Equilibrium requires

EF:(], FAB+FAC+FAD+W:0

= 7FAci — 5 Fac) + 5 Fack

3 6 2 2 6 3 3 4

7 7 7 7 7 7 5

3 2 . 6 6 3 . 2 3
<_7FAB + 7FAC>1 + <_7FAB - 7FAC + SFAD>J + <7FAB +7FAC +

Equating the i, j, and k components yields

3 2
7 Fup + ;FAC =0 @
6 6 3
*7FAB - 7FAC + gFAD =0 ?2)
2 3 4
7FAB+;FAC+§FAD_WC:0 3)

Assuming that cable AD achieves maximum tension first, substituting F4, = 250 1b
into Egs. (2) and (3), and solving Egs. (1) through (3) yields

FAB:701b FAC=1051b
We = 2651b Ans.

Since F 3 = 701b < 2501b and F,¢ = 105 Ib, the above assumption is correct.

4
7FAD - Wc>k =0

5




*3-60.

The 800-1b cylinder is supported by three chains as shown.
Determine the force in each chain for equilibrium. Take

d=1ft

SOLUTION
~1j + 1k
Fap = Fap m

= —0.7071F pj + 0.7071F,pk

1i + 1k
= Fuo| ——=5 | = 07071 F i + 0.7071F 40k

FAC - LAC \/m

—0.7071i + 0.7071j + 1k
AB

Fup
V(-0.7071)* + 0.7071> + 12
F = {~800k}Ib

SF=0; Fup+Fu+F+F=0
(—0.7071F 4 pj + 0.7071Fpk) + (0.7071F 4ci + 0.7071F 4ck)
+ (=0.5F5i + 0.5F45j + 0.7071F43k) + (—800K) = 0

(0.7071F 4 — 0.5F,4p)i + (=0.7071F ,p + 0.5F 1p)j
+ (0.7071F,4p + 0.7071F4c + 0.7071F 5 — 800)k = 0

SF,=0; 0.7071F4c — 0.5F,5 = 0

SF,=0;  —0.7071F,p + 0.5F5 = 0

Solving Egs. (1), (2), and (3) yields:

FAB:4691b FAC:FAD:3311b

@
(2)
3)

Ans.

g001b



3-61.

If cable AD is tightened by a turnbuckle and develops a
tension of 1300 Ib, determine the tension developed in
cables AB and AC and the force developed along the
antenna tower AFE at point A.

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram shown in
Fig. a in Cartesian vector form as

(10 — 0)i + (—15 — 0)j + (=30 — O)k 2 . 3. . 6
> 3 3 _7FA31 _7FABJ_7FABk
V(10 = 02 + (=15 — 0)> + (=30 — 0)

Fap = Fup

(=15 = 0)i + (—10 — 0)j + (~30 — O)k 3 2 6
Fio = F = 2 Faci = = Facj — 2 Fack
AT 15— 0 (10 02 1 (30 o | 7t gl g tac

(0 — 0)i + (12.5 — 0)j + (—30 — O)k
V(0 = 0% + (125 — 0)* + (=30 — 0)

Fap = Fap

= {500§ — 1200k} Ib

Fip = Fagk
Equations of Equilibrium: Equilibrium requires

EF:‘), FAB+FAC+FAD+FAE:0

2 3 6 3 2 6
<7FABi - ?FABj - 7FABk> + <_7FA(,i - ?Fch - 7FACk> + (500j - 1200]() + FAEk = 0

2 3 ) 3 2 : 6 6
<7 Fap — 7FAC>1 + <—7 Fap = 5 Fac + 500); + (—7 Fap = = Fac + Fag = 1200>k =0

Equating the i, j, and k components yields

2 3
7FAB - ?FAC =0 @
3 2 z
—2 Fap — = Fae +500 =0 @
7 7
6 6
2 Fap = 2 Fac + Fag = 1200 = 0 3

Solving Egs. (1) through (3) yields

Fas = 808 1b Ans.
FAC = 5381b Ans.
Fap = 23541b = 235 kip Ans.




3-62.

If the tension developed in either cable AB or AC cannot
exceed 1000 1b, determine the maximum tension that can
be developed in cable AD when it is tightened by the
turnbuckle. Also, what is the force developed along the
antenna tower at point A?

SOLUTION

Force Vectors: We can express each of the forces on the free-body diagram shown in
Fig. a in Cartesian vector form as

(10 — 0)i + (=15 — 0)j + (=30 — O)k 2 . 3.
Fip = Fap > > 51 = 7FABI - 7FABJ -
V(10 = 02 + (=15 — 0)* + (=30 — 0)
(=15 — 0)i + (=10 — 0)j + (=30 — O)k 3.
Fac = Fac > 5 5 | = 75 Faci
V(=15 — 02 + (=10 — 0)* + (=30 — 0) 7
0 — 0)i + (12.5 — 0)j + (=30 — 0)k
¥, = (0= 0)i + ( )i + ( ) :iFj_QFk
VO - 072 + (125 - 072 + (=30 —0)* | 13 13
Fur = Fapk

Equations of Equilibrium: Equilibrium requires

>F =0, Fup + Fyc + Fyp + Fap =0

6
— Fapk
7 Fas

2 .6
- ;FACJ — 5 Fack

7

2 3 6 3 2 6 5 12
<FABi — - Fuj — FABk> + <—FACi — - Fucj — FACk> + (F_] - Fk> + Fuek =0

7 7 7 7 7 7 13

6 12

7 13 7 7 13

13

2 3 3 2 5 6
<7FAB - 7FAC>i + <_7FAB — - Fac t F).] + <_FAB — 5 Fac - ZF FAE>k =

Equating the i, j, and k components yields

2 3

;FAB_;FACZO @
3 2 5

_7FAB - 7FAC + BF =0 ?2)
6 6 12

_?FAB - 7FAC - EF + Fap =0 ()]

Let us assume that cable AB achieves maximum tension first. Substituting
F,5 = 1000 1b into Egs. (1) through (3) and solving yields

Fac = 666.67 1b

Fur = 29141b = 291 kip F =16101b = 1.61 kip Ans.

Since F, ¢ = 666.67 Ib < 1000 1b, our assumption is correct.




3-63.

The thin ring can be adjusted vertically between three
equally long cables from which the 100-kg chandelier is
suspended. If the ring remains in the horizontal plane and
z = 600 mm, determine the tension in each cable.

SOLUTION

Geometry: Referring to the geometry of the free-body diagram shown in Fig. a,
the lengths of cables AB, AC,and AD are all/ = 0.5 + 0.6 = V0.6l m

Equations of Equilibrium: Equilibrium requires

)ZOFAD:FAC:F

0.5 cos 30°> s (o.s cos 30°
Vo6l “\ Voo

EFVZO, FAD<

0.5 0.5 sin 30°
SE =0 Fapl| 2] —o| p[ 22520 ) | _ Fap=F
' AB<\/0.61> [ < Vo.61 ﬂ 4B

Thus, cables AB, AC, and AD all develop the same tension.

0.6

V0.61

Fap= Fac = Fu p=426N

SF, =0 3F< ) ~100(9.81) = 0

100(9-81)A ks

(&)



*3-64,

The thin ring can be adjusted vertically between three z
equally long cables from which the 100-kg chandelier is
suspended. If the ring remains in the horizontal plane and
the tension in each cable is not allowed to exceed 1 kN,
determine the smallest allowable distance z required for
equilibrium.

SOLUTION

Geometry: Referring to the geometry of the free-body diagram shown in Fig. a,
the lengths of cables AB, AC,and AD are all/ = V 0.5 + 22

Equations of Equilibrium: Equilibrium requires

0.5 30° 0.5 30°
EFXZO, FAD L - F L =0 FAD:FAC:F

N ANVost+ 2

0.5 0.5 sin 30°
SF, =0, Fap| —F———= | — 2| F| —F/——= =0 F,p=F

V0.5% + 22 V0.5% + 22

Thus, cables AB, AC, and AD all develop the same tension.

SF,=0; 3F| ———— | - 100(9.81) = 0
0.5% + 22

Cables AB, AC, and AD will also achieve maximum tension simultaneously.
Substituting F = 1000 N, we obtain

Zz

\V0.5% + 72

z = 0.1730 m = 173 mm

3(1000) — 100(9.81) = 0

X X o~
100(9-81) N
(&)



3-65.

The 80-1b chandelier is supported by three wires as shown.

Determine the force in each wire for equilibrium.

SOLUTION
1 1 )
EFXZO, %FAcfﬁFAgcoséls =0
— 1 1 ; o _
EF),—O, _ﬁFADJ’_ﬁFABSln“S =0
2.4 24 2.4
EFZ = 0, %FAC + ﬁFAD + %FAB 80 0
Solving,
FAB =3591b

FAC = FADZ 2541b

2.4 ft

Ans. 3

Ans. Fap



3-66.

If each wire can sustain a maximum tension of 120 1b before
it fails, determine the greatest weight of the chandelier the
wires will support in the position shown.

SOLUTION
1 1 )
EFX = O, %FAC - RFAB cos45° =0
-0 1 1 : o —
2F, =0, —%FAD-F%FABSIH45 =0
24 24 2.4
EFZZO; %FAC—"—ﬁFAD—F%FAB W =0

Assume F,c = 120 1b. From Eq. (1)

1 1
ﬁ(lZO) - 276FAB cos45° =0

Fap = 169.71 > 120 1b (N.G!)

Assume F,p = 120 1b. From Eqgs. (1) and (2)

1 1 o
%FAC - %(120)(COS 45°) =0

F,c = 84.8531b < 1201b (0.K?!)

1 1 .
——Fup + — ° =
2.6FAD 26 (120) sin 45 0

F,p = 84.8531b < 1201b (0.K!)

Thus,

2.4
W = %(FAC + Fup + Fup) = 267.42 = 267 1b

24 ft

@

2

3

Ans.




m3-67.

The 80-1b ball is suspended from the horizontal ring using
three springs each having an unstretched length of 1.5 ft and
stiffness of 50 1b/ft. Determine the vertical distance /4 from
the ring to point A for equilibrium.

SOLUTION

Equation of Equilibrium: This problem can be easily solved if one realizes that due
to symmetry all springs are subjected to a same tensile force of F,. Summing forces

along z axis yields
2F, =0 3F,cosy =80 =0

Spring Force: Applying Eq. 3-2, we have

15 75
Fyp=ks =k(l — Iy) = 50( 2 1.5) - -7
sin y sin y

Substituting Eq. (2) into (1) yields

75
3( - —75)cosy—80:0
sin y

45
tany = —(1 — sinvy)

16
Solving by trial and error, we have
v = 42.4425°
Geometry:
h = Ly 1.3 = 1.64ft

tany  tan 42.4425°

@

2

Ans.

151t 1.5ft
120°
< 120°
120°‘ /
h
A
z
F
¥ A
F’f .'1 ox’ / 5
™~/ ’
7
* ‘Lamb



*3-68.

The pipe is held in place by the vise. If the bolt exerts a
force of 50 Ib on the pipe in the direction shown, determine
the forces F,4 and Fj that the smooth contacts at A and B
exert on the pipe.

SOLUTION
4
BIF =0, Fg— F,cos60° — 50<§> =0
. 3
+13F,=0; —F,sin60° + 50(5) =0
F,=3461b Ans.

Fz =5731b Ans.




3-69.

When y is zero, the springs sustain a force of 60 Ib.
Determine the magnitude of the applied vertical forces F
and —F required to pull point A away from point B a
distance of y = 2 ft. The ends of cords CAD and CBD are
attached to rings at C and D.

SOLUTION
Initial spring stretch:
60
=— =15ft
1T %0
1
+12F, =0 F—26T>=& F=T
3
BIF =0 —ﬂ+2<j>F—O
F, = 1.732F

Final stretch is 1.5 + 0.268 = 1.768 ft
40(1.768) = 1.732F

F =40.81b

i T
. Y %

k = 40 b /ft k = 40 b /ft

-F
%

F

2,4
TR T

Ans.

R —
02085t 1732 1



3-70.

When y is zero, the springs are each stretched 1.5 ft.
Determine the distance y if a force of F = 60 1b is applied
to points A and B as shown. The ends of cords CAD and

CBD are attached to rings at C and D.

SOLUTION
+T2Fy:0;
B SF =0;

Substitute Fin Eq. 1

By trial and error:

2T sinf = 60
Tsin6 = 30
2T cos 6 = Fy,
F,,tan 6 = 60
Fy, = kx

F,,=40(1.5 + 2 — 2 cos 0)

40(1.5 + 2 — 2cos f)tan § = 60
(35 —2cosf)tanf = 1.5
3.5tanf — 2sinf = 1.5

1.75tan6 — sin 6 = 0.75

0 = 37.96°
% = 2 sin 37.96°

y = 2.46 ft

y
k = 40 Ib /ft ﬂ

-F
¥
bolb
1
¥ - -
T T
& ooT

Ans.



3-71.

Romeo tries to reach Juliet by climbing with constant
velocity up a rope which is knotted at point A. Any of the
three segments of the rope can sustain a maximum force of
2 kN before it breaks. Determine if Romeo, who has a mass
of 65 kg, can climb the rope, and if so, can he along with
Juliet, who has a mass of 60 kg, climb down with constant
velocity?

SOLUTION

+12F, =0; T 4 sin 60° — 65(9.81) = 0
Tap = 73629 N < 2000 N

B SF, =0, T ac — 736.29 cos 60° = 0

Yes, Romeo can climb up the rope. Ans.
+12F, =0; T 4p5sin 60° — 125(9.81) = 0
T 5 = 141595 N < 2000 N

S3F, =0 T ¢ — 1415.95 cos 60° = 0

Tus

T sc = 708 N < 2000 N
(74 Tac_. N
Also, for the vertical segment,
65(981)N

T = 125(9.81) = 1226 N < 2000 N

Yes, Romeo and Juliet can climb down. Ans.

Tas

40° Tac

—_x

125(9-31)N



*W3-72.

Determine the magnitudes of forces Fy, F,, and F; necessary z
to hold the force F = {—9i — 8j — 5k} kN in equilibrium.

SOLUTION

4
YF,=0;  Fycos60°os30° + F,cos 135° + gF3 -9=0

4
2F,=0; —F; cos 60°in 30° + F, cos 60° + 8F3 -8=0

2
2F, =0 Flsin60°+cmos60°—gF3—5=0

0.433F, — 0.707F, + 0.667F; = 9
—0.250F; + 0.500F, + 0.667F; = 8

0.866F; + 0.500F, — 0.333F; = 5

Solving,
F; = 826 kN Ans.
F, = 3.84 kN Ans.

F3 =122 kN Ans.



3-73.

The man attempts to pull the log at C by using the three
ropes. Determine the direction 6 in which he should pull on
his rope with a force of 80 Ib, so that he exerts a maximum
force on the log. What is the force on the log for this case?
Also, determine the direction in which he should pull in
order to maximize the force in the rope attached to B. What
is this maximum force?

SOLUTION
B SF, =0, Fup+ 80cosf — Fcsin60° =0 ()
+13F, =0; 80sinf — F ¢ cos 60° = )
F 4c = 160sin 0
ngc =160cos§ = 0
0 = 90° Ans.
F, c=1601b Ans.
From Eq. (1),

FACsin 60° = FAB + 80 cos 0
Substitute into Eq. (2),
80 sin 0 sin 60° = (F 45 + 80 cos #)cos 60°

F 5 = 138.6sin0 — 80 cos 0

dF 4p

= 138. + inf =
20 138.6 cos 6 + 80sinf = 0

138.6
= == = 1200 Ans.
0 = tan { 80} 0 ns

F 4p = 138.6 sin 120° — 80 cos 120° = 160 1b Ans.



m3-74,

The ring of negligible size is subjected to a vertical force of
200 Ib. Determine the longest length / of cord AC such that
the tension acting in AC is 160 1b. Also, what is the force
acting in cord AB? Hint: Use the equilibrium condition to
determine the required angle 6 for attachment, then
determine / using trigonometry applied to AABC.

SOLUTION
Equations of Equilibrium:
B SF =0, Fapcos40°—160cosf = 0

+12F,=0;  Fupsin40° + 160sin 6 — 200 = 0

Solving Egs. (1) and (2) and choosing the smallest value of 6, yields
0 = 33.25°

FAB = 175 lb

Geometry: Applying law of sines, we have

[ 2

sin40° ~ sin 33.25°

l =2341t

@
2

Ans.

Ans.

%
Fozt60 b Fag
6 40°
Ny X
4"20015




3-75.

Determine the maximum weight of the engine that can be
supported without exceeding a tension of 450 1b in chain AB
and 480 1b in chain AC.

SOLUTION

BIF, =0; Fuccos30° — Fup=0

+13F, =0;  Fyesin30° =W =0

Assuming cable AB reaches the maximum tension F,z = 450 Ib.
From Eq. (1) Fyc cos30° — 450 = 0 Fyc = 519.61b > 480 1b
Assuming cable AC reaches the maximum tension F,- = 480 Ib.
From Eq. (1) 480 cos 30° — F45 =0 F,p = 415.71b < 4501b

From Eq. (2) 480sin30° — W =0 W = 2401b

@
(2)

(No Good)

(OK)

Ans.




*3-76.

Determine the force in each cable needed to support the
500-1b load.

SOLUTION
At C:

-0 1 _ LI
*h FCA(VE) FCB(VE) !

3 3
o <\/E> * e (5) B

3
2 F = 0, _FCA <>
g V10
4
> FZ = 0, -500 + FCD (g) =0
Solving:
Fep = 6251b

FCA = FCB = 198 Ib

Ans.

Ans.




3-77.

The joint of a space frame is subjected to four member
forces. Member OA lies in the x—y plane and member OB
lies in the y—z plane. Determine the forces acting in each of
the members required for equilibrium of the joint.

SOLUTION

Equation of Equilibrium:

SF. =0 —Fsin45° = 0 Fi =0 Ans.
ZF, =0 F,sin 40° — 200 = 0 F,=311.141b = 3111b Ans.

Using the results /| = 0 and F>, = 311.14 Ib and then summing forces along the y axis,
we have

2F, =0, F3 — 311.14 cos 40° = 0 F;=2381b Ans.




4-1.

If A, B, and D are given vectors, prove the
distributive law for the vector cross product, i.e.,
AX(B+D)=(AXB)+ (A XD).

SOLUTION

Consider the three vectors; with A vertical.

Note obd is perpendicular to A.
od = |A X (B + D)| = |A||B + D|sin 6;
ob = |A X B| = |A||B] sin 6,

bd = |A X D| = |A||D] sin 6,

|
‘ |
Also, these three cross products all lie in the plane obd since they are all SN
perpendicular to A. As noted the magnitude of each cross product is proportional to b
the length of each side of the triangle.

The three vector cross products also form a closed triangle o'b’d" which is similar to
triangle obd. Thus from the figure,

AXB+D)=(AXB)+ (A XD) (QED) -
Note also fx‘d A X(B TD)
: D
A=A i+ Aj+ Ak ;XBD
B=B,i+B,j+ Bk
D =D,i+ D,j+ D.k
i i k 0 A
AXB+D)=| A, A, A,
B.+D, B,+D, B +D,
— [A, (B. + D.) - A(B, + D,)li b

- [Ax(Bz + Dz) - Az(Bx + Dx)]j

+ [A«(B, + Dy) — A(B, + Dy)]k

=[(AyB, — A.B)i — (AB, — A B))]j + (A, B, — A, Bk RXB
+ [(AyDz - Asz)i — (AD, - A, D))j + (Any - Any)k = T
i j k i j k AX(B“))
=lA, A, Al+]A, A, A,
B, By B, D, Dy D, -
= (A XB) + (A XD) (QED) AXE




4-2.

Prove the triple scalar product identity
A-(B X C)= (A XB)-C.

SOLUTION

As shown in the figure

Area = B(Csin6) = |B X C|

Thus,
Volume of parallelepiped is |B X C||A|
But,
B xC
= 1A wc| = ‘A'(m ' C|)‘
Thus,

Volume = |A - (B X C)|

Since [(A X B) - C| represents this same volume then

A-BXC)=(AXB)C (QED)

Also,
LHS = A-(B X C)
i j k
= (A,i+ Ayj+ A, k). | B, B, B,
¢, ¢ C
= A, (ByCZ — BZCy) - Ay(BxCZ - BC,) + AZ(Bny — Bny)
=ABC, - ABC, - ABC, +ABC,+ ABC, - AB/C,
RHS = (A X B):-C

i Kk
A, A]-(Cii+ Cj+C.K)
B, B

i
Ay
B, 2

= C(A, B, — A.B,) — C(AB, — A.B,) + C.(AB, — A,B,)
= ABC. - ABC,— ABC. + ABC, + A.B.C, — A.B,C,
Thus, LHS = RHS

A-BXC)=(AXB)C (QED)



4-3.

Given the three nonzero vectors A, B, and C, show that if
A-(B X C) = 0, the three vectors must lie in the same
plane.

SOLUTION

Consider,

|A-(B X C)| = |A||B X C|cos 8

= (|A| cos 8)[B x C| > ;
= |n|[B x C] b
= BC |h| sin ¢

= volume of parallelepiped.

If A- (B X C) = 0, then the volume equals zero, so that A, B, and C are coplanar.




*4-4,

Determine the moment about point A of each of the three F,=3751b F,=5001b
forces acting on the beam.

SOLUTION

F3=1601b
C-i- (MFI)A = _375(8)

= —=30001b-ft = 3.00 kip - ft (Clockwise) Ans.
4
= —=56001b-ft = 5.60 kip - ft (Clockwise) Ans.
G+ (Mp,) 4 = —160(cos 30°)(19) + 160 sin 30°(0.5)

= —25931b-ft = 2.59 kip - ft (Clockwise) Ans.



4-5.

Determine the moment about point B of each of the three
forces acting on the beam.

SOLUTION

C+(Mp)p = 375(11)

41251b-ft = 4.125 kip - ft (Counterclockwise)

C+(Mp)p = 500(%)(5)

= 20001b-ft = 2.00 kip - ft (Counterclockwise)

C+(Mg,)p = 160 sin 30°(0.5) — 160 cos 30°(0)

= 40.0Ib-ft (Counterclockwise)

F,=3751b

F,=5001b

Ans.

Ans.

Ans.

Fy=1601b



4-6.

The crane can be adjusted for any angle 0° = # = 90° and
any extension 0 = x = 5m. For a suspended mass of
120 kg, determine the moment developed at A as a function
of x and 6. What values of both x and 6 develop the
maximum possible moment at A? Compute this moment.
Neglect the size of the pulley at B.

SOLUTION
C+ My = —120(9.81)(7.5 + x) cos 0
= {-11772cos (75 + x)} N-m

= {1.18 cos (7.5 + x)} kN-m (Clockwise)

The maximum moment at A occurs when # = 0° and x = 5m.

CH+ (Mp)max = {—1177.2cos 0°(7.5 + 5)} N-m

—14715N'm

14.7kN-m (Clockwise)

Ans.

Ans.

Ans.



4-7.

Determine the moment of each of the three forces about F =250 N 30° F,=300N
point A. ! ‘i i
A 60
2m | 3m
4m
SOLUTION
The moment arm measured perpendicular to each force from point A is
d; = 2sin 60° = 1.732 m BN\
. o __ 3
d, = 5sin 60° = 4.330 m Fyix 500N
dz = 2sin 53.13° = 1.60 m
F=250d
Using each force where M, = Fd, we have
G+ (Mp)a = —250(1.732)
= —433N-m = 433 N-m (Clockwise) Ans.
C + (Mp) a4 = —300(4.330) £ =300M
= —1299N-m = 1.30kN-m (Clockwise) Ans. .
5m 60
g + (MF3)A = _50()(1.60) A @0’

—800N-m = 800 N-m (Clockwise) Ans. 4y




*4-8.

Determine the moment of each of the three forces about point B.

SOLUTION

The forces are resolved into horizontal and vertical component as shown in Fig. a.
For Fq,

C+ My = 250 cos 30°(3) — 250 sin 30°(4)
= 14951 N-m = 150N-m O Ans.

For Fy,

C + My = 300 sin 60°(0) + 300 cos 60°(4)
=600N-m 5 Ans.

Since the line of action of F3 passes through B, its moment arm about point B is
zero. Thus

Mg =20 Ans.

o) F,=300N
L= 250N 30 2
60°
]
2m | 3m
4m
BN\
3
Fy= 500N

F <2508 250C0530N _3003in 60°N
-==1

-—-ak,=300n

300 Cas bo°N




4-9.

Determine the moment of each force about the bolt located
at A.Take Fg = 401b, F- = 50 1b.

SOLUTION
C+Mp = 40 cos 25°(2.5) = 90.61b-ft D

C+M¢ = 50 cos 30°(3.25) = 141 1b-ftS

Ans.

Ans.



4-10.

If Fp=301b and Fc = 451b, determine the resultant
moment about the bolt located at A.

SOLUTION

C+M,

30 cos 25°(2.5) + 45 cos 30°(3.25)

1951b-1t D




4-11.

The railway crossing gate consists of the 100-kg gate arm
having a center of mass at G, and the 250-kg counterweight
having a center of mass at Gyy. Determine the magnitude
and directional sense of the resultant moment produced by

the weights about point A.

SOLUTION

+(Mg)a = SFd; (Mg), = 10009.81)(2.5 + 0.25) — 250(9.81)(0.5 — 0.25)
= 2084.625 N -m = 2.08 kN - m (Counterclockwise)

Ans.

2.5m

0.75m

AA

GWlm

Uﬁ"
5

o



*4-12.

The railway crossing gate consists of the 100-kg gate arm
having a center of mass at G, and the 250-kg counterweight
having a center of mass at Gyy. Determine the magnitude
and directional sense of the resultant moment produced by
the weights about point B.

SOLUTION

C+(My)p = SFd; (Mg)g = 100(9.81)(2.5) — 250(9.81)(0.5)
= 122625 N-m = 1.23 kN - m (Counterclockwise)

0.75 m

Ans.




*4-13.

The two boys push on the gate with forces of F, = 301b,
and Fg = 501b, as shown. Determine the moment of each
force about C. Which way will the gate rotate, clockwise or
counterclockwise? Neglect the thickness of the gate.

SOLUTION

3
C+ Mp,)e = *3()(5)(9)
= —1621b-ft = 162 1b - ft (Clockwise) Ans.

G+ (Mp,)c = 50(sin 60°)(6)
260 1b - ft (Counterclockwise) Ans.

Since (Mp,)c > (Mp,)c, the gate will rotate Counterclockwise. Ans.



4-14.

Two boys push on the gate as shown. If the boy at B exerts
a force of Fp = 301b, determine the magnitude of the
force F 4 the boy at A must exert in order to prevent the
gate from turning. Neglect the thickness of the gate.

SOLUTION

In order to prevent the gate from turning, the resultant moment about point C must
be equal to zero.

+My, = SFd; My =0 = 30sin60°(6) — FA(%)@)

F,=2891b Ans.



4-15.

The Achilles tendon force of F, = 650 N is mobilized when F,
the man tries to stand on his toes. As this is done, each of his )
feet is subjected to a reactive force of N; = 400 N. OJ’
Determine the resultant moment of F, and N, about the 3
ankle joint A.

K

SOLUTION 200[““‘

Referring to Fig. a,

C+(Mg)a = SFd;  (Mg), = 400(0.1) — 650(0.065) cos 5°

65 mm ) Np=400N
=—2.09N-m = 2.09 N-m (Clockwise) Ans. 100 mm



*4-16.

The Achilles tendon force F, is mobilized when the man tries F,
to stand on his toes. As this is done, each of his feet is
subjected to a reactive force of N, = 400 N. If the resultant
moment produced by forces F, and N about the ankle joint
A is required to be zero, determine the magnitude of Fy.

—_—

200 mm

SOLUTION J

Referring to Fig. a, A

C+(Mp)a = SFd; 0 = 400(0.1) — F cos 5°(0.065)

65 mm / Ny=400N
F = 618N Ans. 100 mm




4-17.

The total hip replacement is subjected to a force of
F = 120 N. Determine the moment of this force about the
neck at A and the stem at B.

SOLUTION

Moment About Point A: The angle between the line of action of the load and the
neck axis is 20° — 15° = 5°.

C+ M, = 120sin 5°(0.04)

= 0.418 N-m (Counterclockwise) Ans.

Moment About Point B: The dimension / can be determined using the law of sines.

l 55
sin 150° - sin 10° [ = 158.4 mm = 0.1584 m

Then,

G+ My = —120sin 15°(0.1584)

= —492N-m = 492 N-m (Clockwise) Ans.

150°



4-18.

The tower crane is used to hoist the 2-Mg load upward at

4m
. .o .o 9.5m
constant velocity. The 1.5-Mg jib BD, 0.5-Mg jib BC, and G,

B

6-Mg counterweight C have centers of mass at G, G, and

Gy, respectively. Determine the resultant moment produced G W
by the load and the weights of the tower crane jibs about

point A and about point B.

12.5m

SOLUTION

Since the moment arms of the weights and the load measured to points A and B are
the same, the resultant moments produced by the load and the weight about points
A and B are the same.

C+ (Mp)a = (Mp)p = SFd; (Mp)a = (Mg)g = 6000(9.81)(7.5) + 500(9.81)(4) — 1500(9.81)(9.5)

—2000(9.81)(12.5) = 76 027.5 N-m = 76.0 kN - m (Counterclockwise)
Ans.



4-19.

The tower crane is used to hoist a 2-Mg load upward at con- 4m - 9.5m —

stant velocity. The 1.5-Mg jib BD and 0.5-Mg jib BC have '

centers of mass at G| and Gy, respectively. Determine the G B I
required mass of the counterweight C so that the resultant c ! G
moment produced by the load and the weight of the tower Gs [ 75m —3 12.5 m—

XX

crane jibs about point A is zero. The center of mass for the
counterweight is located at G3.

XD

X

X

23 m

DXDIXDIXDIXDDXD XX

X

X

SOLUTION _

b

C+ (Mp)y = 2Fd, 0 = Mc(9.81)(7.5) + 500(9.81)(4) — 1500(9.81)(9.5) — 2000(9.81)(12.5)
M = 4966.67 kg = 4.97 Mg Ans.



*4-20.

The handle of the hammer is subjected to the force of
F = 201b. Determine the moment of this force about the
point A.

SOLUTION

Resolving the 20-1b force into components parallel and perpendicular to the
hammer, Fig. a, and applying the principle of moments,

C+M, = =20 cos 30°(18) — 20 sin 30°(5)

—361.771b-in = 362 Ib-in (Clockwise) Ans.

Bin.

5iN-
()



4-21.

In order to pull out the nail at B, the force F exerted on the
handle of the hammer must produce a clockwise moment of
500 Ib. in. about point A. Determine the required magnitude
of force F.

SOLUTION

Resolving force F into components parallel and perpendicular to the hammer, Fig. a,
and applying the principle of moments,

C +M, = =500 = —F cos 30°(18) — F sin 30°(5)

F =2761b Ans.




4-22.

The tool at A is used to hold a power lawnmower blade
stationary while the nut is being loosened with the wrench.
If a force of 50 N is applied to the wrench at B in the direction
shown, determine the moment it creates about the nut at C.
What is the magnitude of force F at A so that it creates the
opposite moment about C?

SOLUTION
C+ M, = 50sin 60°(0.3)

My =1299 = 13.0N'm Ans.

C+My=0; —12.99 + F(%)(OA) =0

F =352N Ans.



4-23.

The towline exerts a force of P = 4 kN at the end of the
20-m-long crane boom. If 6 = 30°, determine the
placement x of the hook at A so that this force creates a
maximum moment about point O. What is this moment?

SOLUTION

Maximum moment, OB 1. BA

C+ (Mp)max = —4kN(20) = 80kN -m D Ans.
4 kN sin 60°(x) — 4 kN cos 60°(1.5) = 80 kN -m

x =24.0m Ans.



*4-24,

The towline exerts a force of P = 4k N at the end of the
20-m-long crane boom. If x =25 m, determine the position 6
of the boom so that this force creates a maximum moment

about point O. What is this moment? P=4kN

A
SOLUTION
Maximum moment, OB 1. BA
C+ (Mp)max = 4000(20) = 80000 N-m = 80.0 kN -m Ans.
0m
4000 sin ¢(25) — 4000 cos ¢(1.5) = 80 000 0. 3
25sin¢ — 1.5cos ¢ = 20 tSmL 3 4,000N
¢ = 56.43° W,
60 = 90° — 56.43° = 33.6° Ans.
_0m
Also, | °
. —xE|*5m M,000N
15y +z2=y 7 D5y
225 + 22 = y?

Similar triangles

20+y 25+ z
4 y

20y + y* =25z + 2
20(V225 + 22 + 225 + 22 =252 + 22
7 =12260m

y=2712m

2.260
0 = cos _1<m) = 33.6° Ans.



4-25.

If the 1500-1b boom A B, the 200-1b cage BCD, and the 175-1b
man have centers of gravity located at points G, G, and G3,
respectively, determine the resultant moment produced by
each weight about point A.

SOLUTION

Moment of the weight of boom AB about point A:

C+ M, = —1500(10 cos 75°) = —3882.29 Ib - ft = 3.88 kip * ft (Clockwise) Ans.
Moment of the weight of cage BCD about point A:

C+ M, = —200(30 cos 75° + 2.5) = —2052.91 Ib- ft = 2.05 kip - ft (Clockwise) ~ Ans.
Moment of the weight of the man about point A:

C+ M, = —175(30 cos 75° + 4.25) = —2102.55Ib - ft = 2.10 kip - ft (Clockwise) Ans.




4-26.

If the 1500-1b boom AB, the 200-1b cage BCD, and the Gs
175-1b man have centers of gravity located at points G1, Gy
and Gg, respectively, determine the resultant moment pro-
duced by all the weights about point A.

SOLUTION

Referring to Fig. a, the resultant moment of the weight about point A is given by
C+(Mp)4 = 2Fd, (M), = —1500(10 cos 75°) — 200(30 cos 75°+2.5) — 175(30 cos 75°+ 4.25)
= —8037.751b - ft = 8.04 kip - ft (Clockwise) Ans.

Goeospspas) it~k i ih

\\ L
-1 754¢
20§t 25,
" 10¢08TE ft
i 15001b
10ft
15°
A
(Rocosis’s 42504t .

@)



4-27.

The connected bar BC is used to increase the lever arm of the
crescent wrench as shown. If the applied force is F =200 N and
d = 300 mm, determine the moment produced by this force
about the bolt at A.

SOLUTION

By resolving the 200-N force into components parallel and perpendicular to the box
wrench BC, Fig. a, the moment can be obtained by adding algebraically the moments
of these two components about point A in accordance with the principle of
moments.

C+(Mg)4 = SFd; M 4 = 200 sin 15°(0.3 sin 30°) — 200 cos 15°(0.3 cos 30° + 0.3)

/4\0;3/5 n30°m

= —100.38 N-m = 100 N - m (Clockwise) Ans. & —a005in 16N

2008505 N



*4-28,.

The connected bar BC is used to increase the lever arm of
the crescent wrench as shown. If a clockwise moment of
M, = 120N -m is needed to tighten the bolt at A and the
force F = 200 N, determine the required extension d in
order to develop this moment.

SOLUTION

By resolving the 200-N force into components parallel and perpendicular to the box
wrench BC, Fig. a, the moment can be obtained by adding algebraically the moments
of these two components about point A in accordance with the principle of moments.

C+(Mp)y = SFd; —120 = 2005sin 15°(0.3 sin 30°) — 200 cos 15°(0.3 cos 30° + d)

d = 0.4016 m = 402 mm Ans.




4-29.

The connected bar BC is used to increase the lever arm of
the crescent wrench as shown. If a clockwise moment of
M, = 120N -m is needed to tighten the nut at A and the
extension d = 300 mm, determine the required force F in
order to develop this moment.

SOLUTION

By resolving force F into components parallel and perpendicular to the box wrench
BC, Fig. a, the moment of F can be obtained by adding algebraically the moments
of these two components about point A in accordance with the principle of
moments.

C+(Mp)4 = SFd; =120 = F'sin 15°(0.3sin 30°) — F cos 15°(0.3 cos 30° + 0.3)
F =239N Ans.




4-30.

A force F having a magnitude of F = 100 N acts along the
diagonal of the parallelepiped. Determine the moment of F
about point A,usingM, = rz X Fand M, = rc X F.

SOLUTION

—-04i+06j+ 0.2 k)
0.7483

F=100<

F={-535i+802j+ 267k} N

i i k

M,=1z xF=| 0 —06 0 |={-160i-321k}N-m
~535 802 267

Also,

i ik
M,=rcXxF=|-04 0 02|={-160i-321k}N-m
~535 802 267

B rp
/7 600 mm
F
X
Ans.
Ans.




4-31.

The force F = {600i + 300j — 600k} N acts at the end of
the beam. Determine the moment of the force about

point A.

SOLUTION

-

= {021 + 12§} m
i K

Mp=rxF=1[02 12 0

600 300 —600

M, = {~720i + 120j — 660k} N-m Ans.



*4-32.

Determine the moment produced by force Fp about point O.
Express the result as a Cartesian vector.

SOLUTION

Position Vector and Force Vectors: Either position vector rp4 Or rpp can be used to
determine the moment of Fgz about point O.

Yoa = [6k] m o = [25j] m
The force vector Fy is given by

(0 = 0)i + (25 — 0)j + (0 — 6)k
VO = 0> + (25— 0> + (0 — 6)

Vector Cross Product: The moment of Fp about point O is given by

i Kk

Mp=ro, XxFz=10 0 6 | =[-1800i] N-m = [-1.80i] kN-m  Ans.
0 300 —720

or
i K

Mp=r1o5 XFz=10 25 0 |=[-1800i]N-m = [-1.80i kN-m  Auns.
0 300 —720

AC0,06)m
F=780N

%

1

0 B(o,250)m
o

e ¢

(&)



4-33.

Determine the moment produced by force Fc about point O.
Express the result as a Cartesian vector

SOLUTION

Position Vector and Force Vectors: Either position vector rp,4 Or roc can be used to
determine the moment of F¢ about point O.

roa = {0k} m
roc=Q2—-0)i+ (-3-0)j+ (0 —0k=1[2i —3j]m
The force vector F¢ is given by

2 —0)i + (-3 — 0)j + (0 — 6)k
V2 =02+ (=3-0)07%+ (0 - 6)

FC = FC“FC = 420B

J = [120i — 180j — 360k] N

Vector Cross Product: The moment of F. about point O is given by

i i K
My =rtos X Fo= | 0 0 6 | = [1080i + 720j] N -m Ans.
120 —180 —360

or
i i k
Mp=r1oc XFe=|2 -3 0 | = [1080i + 720j] N -m
120 —180 —360




4-34.

Determine the resultant moment produced by forces Fp
and F¢ about point O. Express the result as a Cartesian
vector.

SOLUTION

Position Vector and Force Vectors: The position vector rp 4 and force vectors Fgz and
Fc, Fig. a, must be determined first.

Yoa = {6k}m

(0 — 0)i + (25 — 0)j + (0 — 6)k
VO = 0> + (25— 02 + (0 — 6)
2-0i+(-3-0)j+ (0-06)k
V(@2 =07+ (=3-072+ (0 - 6)>

Fy = Fyupp = 780[ } = [300j — 720k] N

FC = FCuFC = 420[

Resultant Moment: The resultant moment of Fy and F. about point O is given by

MO=rOA><FB+r0AXFC

i j Kk i k
=0 0 6 [ +10 0 6
0 300 =720 120 —180 —360
= [=720i + 720§]N-m Ans.
<23, 0)in
x

} = [120i — 180j — 360k] N

N

: ACO,‘ 0,6)m
B=780n

%

)

8(g25,0)m

¢



md-35.

Using a ring collar the 75-N force can act in the vertical z
plane at various angles 6. Determine the magnitude of the
moment it produces about point A, plot the result of M
(ordinate) versus 6 (abscissa) for 0° = 6 = 180°, and

specify the angles that give the maximum and minimum
moment. /\ 6/
2m &
SOLUTION <
i k . \
M, = |2 1.5 0
0 75cosf 75sin6
=1125sin6i — 150sin 0 j + 150 cos 6 k
M, = V(11255in 6)* + (—150sin )% + (150 cos 6)* = V12 656.25 sin® § + 22 500
dMA 1 .2 _1 .
0 5(12 656.25 sin” 6 + 22 500) 2(12 656.25)(2 sin 6 cos §) = 0 "
sinfcosf =0; 6 =0°90° 180° Ans.

5184 - :
]
M,,. = 187.5N-mat 6 = 90° I:“_/_\

M, = 150 N-mat6 = 0°, 180°




*4-36.

The curved rod lies in the x—y plane and has a radius of 3 m.
If a force of F = 80 N acts at its end as shown, determine

the moment of this force about point O.

SOLUTION
rae = {li —3j — 2k}jm
rae = VA2 + (=372 + (=22 =3742m
i i k

MO = rOC X F = 4 O 72
572(80)  —53(80)  —5755(80)

M, = {—128i + 128j — 257k} N-m



4-37.

The curved rod lies in the x—y plane and has a radius of 3 m.
If a force of F = 80 N acts at its end as shown, determine

the moment of this force about point B.

SOLUTION
| Teln {1i - 3j - Zk}m

rac = VAP + (=372 + (=2)* =3742m

i i K
Mg =134 X F = |3cos45° (3 — 3sin45°) 0
75(80)  —5p(0)  —57;(80)

My = {—37.6i + 90.7j — 155k} N-m



4-38.

Force F acts perpendicular to the inclined plane. Determine
the moment produced by F about point A. Express the
result as a Cartesian vector.

SOLUTION

Force Vector: Since force F is perpendicular to the inclined plane, its unit vector up
is equal to the unit vector of the cross product,b = r ¢ X rpc, Fig. a. Here

ric = (0= 0)i + (4 — 0)j + (0 — 3)k = [4] — 3k]m

z
rge =(0—3)ii+ (4 —-0)j+ (0 —-0k=[-3i+4j]m [
Thus,
i j k
b = Tca X cp = 0 4 -3
-3 4 0
= [12i + 9 + 12k] m?
Then,
12i + 95 + 12k
up = b e I 0.6247i + 0.4685j + 0.6247k x
b 122 + 9 + 122
And finally

F = Fup = 400(0.6247i + 0.4685j + 0.6247k)

= [249.88i + 187.41j + 249.88k] N

Vector Cross Product: The moment of F about point A is
i j k
MA =Tyc X F = 0 4 -3
249.88 187.41 249.88

= [1.56i — 0.750j — 1.00k] kN - m Ans.



4-39.

Force F acts perpendicular to the inclined plane. Determine
the moment produced by F about point B. Express the
result as a Cartesian vector.

SOLUTION

Force Vector: Since force F is perpendicular to the inclined plane, its unit vector ug
is equal to the unit vector of the cross product,b = r ¢ X rpc, Fig. a. Here

tac = (0= 0)i + (4 — 0)j + (0 - 3)k = [4j — 3k]m

rge = (0= 3)i+ (4 —0)j + (0 — 0)k = [-3k + 4] m 4
Thus,
i j ok
b=rcyXrep=10 4 =3|=[12i+ 9+ 12k] m?
-3 4 0
Then,
b 12i + 95 + 12k ) .
up=—-=———"—— = (0.6247i + 0.4685j + 0.6247k
b V122 + 9 + 122
And finally x

F = Fup = 400(0.6247i + 0.4685j + 0.6247k)

= [249.88i + 187.41j + 249.88k] N

Vector Cross Product: The moment of F about point B is

i i k
Mg =rge XF=| -3 4 0
249.88 18741 249.88

[1.00i + 0.750j — 1.56k] kN -m Ans.



*4-40.

The pipe assembly is subjected to the 80-N force. Determine
the moment of this force about point A.

SOLUTION

Position Vector And Force Vector:
ryc = {(0.55 = 0)i + (0.4 — 0)j + (=02 — 0O)k} m
= {0.55i + 0.4j — 0.2k} m
F = 80(cos 30° sin 40°i + cos 30° cos 40°j — sin 30°k) N

= (44.53i + 53.07j — 40.0k} N

Moment of Force F About Point A: Applying Eq. 4-7, we have
MA =T c X F
i j k
055 04 02
4453 53.07 -—40.0

= {~5.3% + 13.1j + 114k} N+-m Ans.




4-41.

The pipe assembly is subjected to the 80-N force. Determine z
the moment of this force about point B.

SOLUTION

Position Vector And Force Vector:
rzc = {(0.55 = 0)i + (0.4 — 0.4)j + (=02 — O)k} m
= {0.55i — 0.2k} m

F = 80 (cos 30° sin 40°i + cos 30° cos 40°j — sin 30°k) N

= (44.53i + 53.07j — 40.0k} N

Moment of Force F About Point B: Applying Eq.4-7, we have
MB = Ipc X F
i j k
=10.55 0 -0.2
4453 53.07 -—40.0

= {10.6i + 13.1j + 292k} N-m Ans.



4-42.

Strut AB of the 1-m-diameter hatch door exerts a force of z
450 N on point B. Determine the moment of this force
about point O.

SOLUTION

Position Vector And Force Vector:

rog = {(0 — 0)i + (1cos30° — 0)j + (1sin30° — 0)k} m

= {0.8660j + 0.5k} m
ro4 = {(0.5sin30° — 0)i + (0.5 + 0.5c0s30° — 0)j + (0 — O)k} m

= {0.250i + 0.9330j} m

. 450< (0 — 0.55sin 30°)i + [1 cos 30° — (0.5 + 0.5 cos 30°)]j + (1sin 30° — 0)k )N
V(0 = 0.5 sin 30°)% + [1cos 30° — (0.5 + 0.5 cos 30°)]* + (1sin 30° — 0)?

= {—199.82i — 53.54j + 399.63k} N

Moment of Force F About Point O: Applying Eq. 4-7, we have
MO = Iop X F

i j k

0 0.8660 0.5
—199.82  —53.54 399.63

= {373i — 99.9j + 173k} N-m Ans.

MOZI'OAXF

i i K
=1025 09330 0
~199.82  —53.54 399.63

{373i — 99.9j + 173k} N-m Ans.



4-43.

The curved rod has a radius of 5 ft. If a force of 60 Ib acts at
its end as shown, determine the moment of this force about
point C.

SOLUTION
Position Vector and Force Vector:
rcy = {(5sin60° — 0)j + (5 cos 60° — 5)k} m

= {4.330j — 2.50k} m

(6 =0)i + (7 —5sin60°)j + (0 — 5 cos 60°)k

FAB = 60(

= {51.231i + 22.797j — 21.346k} Ib

Moment of Force ¥,z About Point C: Applying Eq. 4-7, we have

Mc =rcq X Fyp
i j k
= 0 4.330 —2.50
51231 22797 —21.346

{—35.4i — 128) — 222k} Ib- ft

V(6 = 0) + (7 — 5sin 60°)2 + (0 — 5 cos 60°)?

__ ¢
5ft [TT60° A
N
5 ft
¢60 b
6 ft

B /

7 ft o

I

Ans.



*4-44,

Determine the smallest force F that must be applied along
the rope in order to cause the curved rod, which has a radius
of 5 ft, to fail at the support C. This requires a moment of
M = 801b - ft to be developed at C.

SOLUTION

Position Vector and Force Vector:

rca = {(5sin 60° — 0)j + (5 cos 60° — 5)k} m
= {4.330j — 2.50k} m

(6 — 0)i + (7 — 5sin 60°)j + (0 — 5 cos 60°)k
FAB = lb

V(6 — 0)2 + (7 — 55sin 60°)2 + (0 — 5 cos 60°)>
= 0.8539F; + 0.3799F; — 0.3558F
Moment of Force F 5 g About Point C:
Mc = rcq X Fup
i j k
0 4.330 —-2.50
0.8539F 0.3799F —0.3558F

—0.5909F; — 2.135j — 3.697k

Require

80 = V/(0.5909)> + (—2.135)* + (=3.697)> F
F = 18.61b. Ans.

_ C
5t 600 A
N\
5 fit
¢ y
60 Ib /
6 ft

B /

7t A




4-45.

A force of F = {6i —2j + 1k} kN produces a moment
of Mp = {4i + 5j — 14k} kKN-m about the origin of
coordinates, point O. If the force acts at a point having an x
coordinate of x = 1 m, determine the y and z coordinates.

SOLUTION

MOZI'XF

i
4i+5j—14k=11 vy
6 -2 1

4=y+2z
5=-1+6z
—14 = -2 — 6y

y=2m

Ans.

Ans.

\




4-46.

The force F = {6i + 8j + 10k} N creates a moment about
point O of My = {—14i + 8j + 2k} N-m. If the force
passes through a point having an x coordinate of 1 m,
determine the y and z coordinates of the point. Also, realizing
that M, = Fd, determine the perpendicular distance d from
point O to the line of action of F.

SOLUTION
i j k
—14i + 8 + 2k = |1
6 8 10
—14 = 10y — 8z
8 =-10 + 6z
2=8-— 6y
y=1m
z=3m

My = V(~14)* + 8)* + (2> = 1625N-m

F=V(6)?+ (87 + (10? = 14.14N

16.25
= m =1.15m

Ans.

Ans.

Ans.

\

N




4-47.

Determine the magnitude of the moment of each of the
three forces about the axis AB. Solve the problem (a) using
a Cartesian vector approach and (b) using a scalar
approach.

SOLUTION

a) Vector Analysis

Position Vector and Force Vector:

r={-15}m n=r=>0

F, = {-60k}N F,= {85} N F;={45j}N

Unit Vector Along AB Axis:
(2-0)i+ (0-15)j
Uap =
V(2 =02 + (0 — 1.5

= 0.8i — 0.6)

Moment of Each Force About AB Axis: Applying Eq.4-11, we have

(Mag)y = uyp- (r; X Fy)

08 —0.6 0
=10 -15 0
0 0 —60

= 0.8[(~1.5)(—=60) — 0] =0 + 0 =720N-m

(Mag)y = uyp- (1, X Fy)
0.8 —0.
=10 0
85 0

6 0
0 =0
0

(Mup)s = uyp- (r3 X F3)

08 -06 O
=10 0 0l =0
0 45 0

b) Scalar Analysis: Since moment arm from force F, and Fj; is equal to zero,

(Mag)y = (Map)s = 0
Moment arm d from force F; to axis ABisd = 1.5sin 53.13° = 1.20 m,

(M), = Fid = 60(1.20) = 720 N-m

Ans.

Ans.

Ans.

Ans.

Ans.

F,=85N

F,=60N

Fy=45N




*4-48.

The flex-headed ratchet wrench is subjected to a force of
P = 161b, applied perpendicular to the handle as shown.
Determine the moment or torque this imparts along the
vertical axis of the bolt at A.

SOLUTION
M = 16(0.75 + 10 sin 60°)

M = 1511b-in.

Ans.




4-49.

If a torque or moment of 80 1b - in. is required to loosen the
bolt at A, determine the force P that must be applied
perpendicular to the handle of the flex-headed ratchet wrench.

SOLUTION
80 = P(0.75 + 10 sin 60°)

P - 80 8.50 1b

T 941

Ans.




4-50.

The chain AB exerts a force of 20 1b on the door at B. z
Determine the magnitude of the moment of this force along
the hinged axis x of the door.

SOLUTION

Position Vector and Force Vector:

toa = {(3 — 0)i + (4 — Ok} ft = {3i + 4k} ft

rop = {(0 — 0)i + (3cos20° — 0)j + (3sin20° — O)k} ft

= {2.8191j + 1.0261K} ft
( (3 — 0)i + (0 — 3c0s20°)j + (4 — 3sin 20°)k )

F =20
V(3 = 0)% + (0 — 3c0s20°)% + (4 — 35in 20°)?

= {11.814i — 11.102j + 11.712k} Ib

Moment of Force F About x Axis: The unit vector along the x axis is i. Applying
Eq.4-11, we have

Mx = i.(rOA X F)

1 0 0
= 3 0 4
11.814 —11.102 11.712

1[0(11.712) — (~11.102)(4)] — 0 + 0

44 41b - ft Ans.

M, =i (rop X F)

1 0 0
= 0 2.8191  1.0261
11.814 —11.102 11.712

= 1[2.8191(11.712) — (—11.102)(1.0261)] — 0 + 0

= 44.41b-ft Ans.



4-51.

The hood of the automobile is supported by the strut AB, which
exerts a force of F = 24 Ib on the hood. Determine the moment

of this force about the hinged axis y.

SOLUTION
r = {4ij m
- 20+ 2j + 4k
- 24( V(=22 + 27 + (4)2>

{—9.80i + 9.80j + 19.60k} Ib

0 1 0
M, = 4 0 0 | = —784Ib-ft

-9.80 9.80 19.60

= {~784j} Ib-ft

<

Ans.



*4-52.

Determine the magnitude of the moments of the force F 7
about the x, y, and z axes. Solve the problem (a) using a
Cartesian vector approach and (b) using a scalar approach.

SOLUTION
a) VectorAnalysis x/< )

Position Vector:

rap={4-0i+ 3-0)j+ (-2—-0)Kk}ft={4i+ 3j— 2k} ft

Moment of Force F About x,y, and z Axes: The unit vectors along x, y, and z axes are

i, j, and k respectively. Applying Eq. 4-11, we have
J P Y- Applying £q F = {4i + 12j — 3k} Ib

M, =1i-(ryp X F)

1 0 0
-4 3 =2

4 12 -3
= 1[3(=3) — (12)(=2)] = 0 + 0 = 15.0 b~ ft Ans.

M, =j-(rap X F)

0 1 0
=4 3 =2
4 12 -3
=0 — 1[4(=3) — (4)(=2)] + 0 = 4.001b-ft Ans.

M, =k-(rsp X F)

0 0 1
=4 3 =2
4 12 -3
=0 -0+ 1[4(12) — 4)(3)] = 36.01b-ft Ans.
b) ScalarAnalysis
M,=3M, M, =12(2) — 3(3) = 15.01b-ft Ans.
M,=3M,; M,=—42)+ 3(4) = 4001b-ft Ans.
M,=3M,; M,=—4(3) + 12(4) = 36.01b-ft Ans.



4-53.

Determine the moment of the force F about an axis
extending between A and C. Express the result as a
Cartesian vector.

SOLUTION y
Position Vector:
rcp = {—2Kk]} ft
rap={4—-0)i+ @ —-0)j+ (-2 —0k}ft ={4i + 3j — 2k} ft
Unit Vector Along AC Axis:
4 —-0)i+ 3 -0)j F = {4i + 12j — 3k} Ib

Uyc = 0.8i + 06j

- V4 -0y + (3 - 0y

Moment of Force F About AC Axis: With F = {4i + 12j — 3k} Ib, applying Eq. 4-7,
we have

M 4 = uye (rep X F)

08 06 O
=10 0o -2
4 12 -3

= 0.8[(0)(=3) — 12(=2)] — 0.6[0(=3) — 4(—2)] + 0

14.41b - ft

M e = uye (rap X F)

08 06 0
=14 3 -2
4 12 -3

— 0.8[(3)(=3) — 12(=2)] — 0.6[4(=3) — 4(=2)] + 0

14.41b - ft

Expressing M - as a Cartesian vector yields
Myc = Macuac
= 14.4(0.8i + 0.6j)

— {11.5i + 8.64j} Ib- ft Ans.



4-54.

The board is used to hold the end of a four-way lug wrench in
the position shown when the man applies a force of F = 100
N. Determine the magnitude of the moment produced by this
force about the x axis. Force F lies in a vertical plane.

SOLUTION

Vector Analysis
Moment About the x Axis: The position vector r 4 g, Fig. a, will be used to determine
the moment of F about the x axis.

rap = (025 — 0.25)i + (0.25 — 0)j + (0 — 0O)k = {0.25j} m
The force vector F, Fig. a, can be written as
F = 100(cos 60°j — sin 60°k) = {50j — 86.60k} N

Knowing that the unit vector of the x axis is i, the magnitude of the moment of F
about the x axis is given by

1 0 0
M, =iryxF=1[0 025 0
0 50 —86.60

= 1[0.25(—86.60) — 50(0)] + 0 + 0
= —21.7N-m Ans.

The negative sign indicates that M, is directed towards the negative x axis.

Scalar Analysis
This problem can be solved by summing the moment about the x axis
M, =2ZM,; M, = —100 sin 60°(0.25) + 100 cos 60°(0)

= —21.7N-m Ans.

A(025,00)m

/00N

60° 3(0'..3@ g.zg;p)m

(@)



4-55.

The board is used to hold the end of a four-way lug wrench
in position. If a torque of 30 N-m about the x axis is
required to tighten the nut, determine the required magni-
tude of the force F that the man’s foot must apply on the
end of the wrench in order to turn it. Force F lies in a verti-
cal plane.

SOLUTION

Vector Analysis
Moment About the x Axis: The position vector r 4 g, Fig. a, will be used to deter-
mine the moment of F about the x axis.

rup = (025 — 025)i + (0.25 — 0)j + (0 — 0O)k = {0.25j} m
The force vector F, Fig. a, can be written as
F = F(cos 60° — sin 60°k) = 0.5Fj — 0.8660Fk

Knowing that the unit vector of the x axis is i, the magnitude of the moment of F
about the x axis is given by

1 0 0
Mx:i'rAB X F = 3) 0.25 0 3
0 05F —0.8660F

1[0.25(—0.8660F) — 0.5F(0)] + 0 + 0

= —0.2165F Ans.

The negative sign indicates that M, is directed towards the negative x axis. The
magnitude of F required to produce M, = 30 N - m can be determined from

30 = 0.2165F

F =139N Ans.
Scalar Analysis

This problem can be solved by summing the moment about the x axis

M,=2M, —30 = —F sin 60°(0.25) + F cos 60°(0)

F =139N Ans.

4(0'251 0, 0)m
x” e

60° 3(0-25; 0250)m
(@)



*4-56.

The cutting tool on the lathe exerts a force F on the shaft
as shown. Determine the moment of this force about the
y axis of the shaft.

SOLUTION
M, =wu,-(r X F)
0 1 0
= {30cos40° 0 30 sin 40°
6 —4 -7

M, = 27657 N-mm = 0277 N-m

Ans.

F = {6i — 4j — 7k} kN



4-57.

The cutting tool on the lathe exerts a force F on the shaft as
shown. Determine the moment of this force about the x and
Z axes.
F = {6i — 4j — 7k} kN
\
30 mm
SOLUTION

Moment About x and y Axes: Position vectors ry and r, shown in Fig. a can be con-
veniently used in computing the moment of F about x and z axes respectively.

r, = {0.03sin40°k} m  r, = {0.03 cos 40°i} m

Knowing that the unit vectors for x and z axes are i and k respectively. Thus, the
magnitudes of moment of F about x and z axes are given by

10 0 z
M,=ir,XxF=1[0 0 003sin40° F
6 —4 -7 -

= 1[0(=07) — (—4)(0.03 sin 40°)] — 0 + 0
= 0.07713kN-m = 77.1N-m

0 0 1 I [ >

M, =k-r, X F=]003cos40° 0 0
6 —4 7
x 4

=0 — 0 + 1[0.03 cos 40°(—4) — 6(0)]
= —0.09193kN-m = —91.9N-m @)

0:03M
'/ 3

Thus,
M, = M, = {77.1i) N-m M,= Mk ={-919k}N-m Ans.

z



4-58.

If the tension in the cable is F = 140 1b, determine the z
magnitude of the moment produced by this force about the
hinged axis, CD, of the panel.

SOLUTION

Moment About the CD Axis: Either position vector rc4 or rpg, Fig. a, can be used
to determine the moment of F about the CD axis.

rca = (6 — 0)i + (0 — 0)j + (0 — 0)k = [6i] ft
rpp = (0 —0)i + (4 —8)j + (12 — 6)k = [—4j + 6k] ft
Referring to Fig. a, the force vector F can be written as

(0 — 6)i + (4 — 0)j + (12 — O)k
V(O = 6> + (4 — 0 + (12 — 0)

F = Fu,p = 140 = [—60i + 40j + 120Kk] Ib

The unit vector uj,, Fig. a, that specifies the direction of the CD axis is given by
O—-0i+@®—-0)j+ (6—-0k 4 3

= — 4+ 2k
Y 0 0P+GB-0fr 60 5 3

Thus, the magnitude of the moment of F about the CD axis is given by

4 3

O — —

5 5

MCD:uCD'rCAXF: 6 0 0
—-60 40 120

-0 - g[6(120) — (—60)(0)] + %[6(40) — (=60)(0)]

= —4321b-ft Ans.
or
4 3
0 — _
5 5 z
MCD = Ucp- Ipp X F = 0 —4 6
—60 40 120

B(0,4,12)f%

X
) 6) 4t

0 = £100120) — (~60)(®)] + 3 [0(40) — (~60)(~4)

—4321b-ft F

The negative sign indicates that Mp acts in the opposite sense to that of ucp.

Thus, x A(é, 0,0) ’?.
M¢p = 4321b-ft Ans.



4-59.

Determine the magnitude of force F in cable AB in order to
produce a moment of 500 1b - ft about the hinged axis CD,
which is needed to hold the panel in the position shown.

SOLUTION

Moment About the CD Axis: Either position vector r¢ 4 or rcp, Fig. a, can be used to
determine the moment of F about the CD axis.

rcy = (6 — 0)i + (0 — 0)j + (0 — 0)k = [6i]ft
reg = (0 — 0)i + (4 — 0)j + (12 — O)k = [4j + 12Kk]ft
Referring to Fig. a, the force vector F can be written as

0—-6)i+ 4 —-0)j+12-0k
( )l ( ).] ( ) :_gFi+gFj+ng

F:FuAB:F\/(0_6)2+(4—0)2+(12_0)2 7 !

The unit vector up,, Fig. a, that specifies the direction of the CD axis is given by

O-0i+E-0j+6-0k 4. 3
1, = = — -
PO+ 80Pt 60 55

Thus, the magnitude of the moment of F about the CD axis is required to be
Mcp = [5001b - ft. Thus,

Mcp = ucprcqg X F

4 3
©s s
s00l=| 6 0 0
3.2, 6
~F SF JF
4 (6 3 3[ (2 3
— — _ _ _ = + = - _ _=
F=1621b Ans.

or

Mcp = ucp-rep X F

4 3

© s s
s00/=] 0 4 12

3.2

—~F ZF 2F
7
4l (6 3
~500=0- 2| 0| 2F |- ->F |12
F =1621b

L [Zs

§ B(94 12) 4+

D(0,8,604t



*4-60.

The force of F = 30N acts on the bracket as shown.
Determine the moment of the force about the a—a axis of
the pipe. Also, determine the coordinate direction angles of
Fin order to produce the maximum moment about the a—a
axis. What is this moment?

SOLUTION
F = 30 (cos 60° i + cos 60°j + cos 45° k)
={15i+15j + 2121k} N

r={-01i+ 015k} m

u=j
0 1 0
M,=1-01 0 015 =437N-m Ans.
15 15 21.21

F must be perpendicular to u and r.

Yy 045 01
701803 0.1803

0.8321i + 0.5547k

a = cos ' 0.8321 = 33.7° Ans.
B =cos 10 =90° Ans.
vy = cos ' 0.5547 = 56.3° Ans.
M =30(0.1803) = 541 N-m Ans.

0.15m

ol
0.15

Q. )m

F=30N



4-61.

The pipe assembly is secured on the wall by the two brack-
ets. If the flower pot has a weight of 50 lb, determine the
magnitude of the moment produced by the weight about the
x,y,and z axes.

SOLUTION

X

Moment About x, y, and z Axes: Position vectors 1y, r,, and r, shown in Fig. a can
be conveniently used in computing the moment of W about x, y, and z axes.

r, = {(4 + 3 cos 30°) sin 60°j + 3 sin 30°k} ft
= {5.7141j + 1.5k} ft
r, = {(4 + 3c0s30°) cos 60°i + 3 sin 30°k] ft
= {3.2990i + 1.5k} ft
r, = {(4 + 3 cos30°) cos 60°i + (4 + 3 cos30°) sin 60°j} ft

= {3.2990i + 5.7141j} ft
The Force vector is given by
W = W(-k) = {-50k}1b

Knowing that the unit vectors for x, y, and z axes are i, j, and k respectively. Thus,
the magnitudes of the moment of W about x, y, and z axes are given by

1 0 0
M =i-r,xW=1[0 57141 15
0 0 —50
= 1[5.7141(-50) — 0(1.5)] = 0 + 0

= —285.701b-ft = —2861b-ft Ans.

0 1 0
M,=j-r, x W=1[3290 0 15
0 0 =50

= 0 — 1[3.2990(—50) — 0(1.5)] + 0
= 164.951b-ft = 165 1b- ft Ans.

0 0 1
M, =k-r, x W= 3290 57141 0
0 0o -5

=0 — 0+ 1[3.2990(0) — 0(5.7141)]
= 0Ans.

The negative sign indicates that M, is directed towards the negative x axis.



4-62.

Z

The pipe assembly is secured on the wall by the two
brackets. If the flower pot has a weight of 50 b, determine
the magnitude of the moment produced by the weight
about the OA axis.

SOLUTION

Moment About the OA Axis: The coordinates of point B are
[(4 + 3 cos 30°) cos 60° (4 + 3 cos 30°) sin 60°, 3 sin 30°] ft = (3.299, 5.714, 1.5) ft.
Either position vector r, or 4 5 can be used to determine the moment of W about
the OA axis.

rop = (3299 — 0)i + (5.714 — 0)j + (1.5 — 0)k = [3.299 + 5.714j + 1.5k] ft
rup = (3.299 — 0)i + (5.714 — 4)j + (1.5 — 3)k = [3.299i + 1.714j — 1.5k] ft
Since W is directed towards the negative z axis, we can write W = [—50k] 1b

The unit vector u,,,, Fig. a, that specifies the direction of the OA axis is given by

O-0i+@-0j+G -0k _4. 3
1, = e -
N O- 0P @ - 07+ (G -0y s17s

The magnitude of the moment of W about the OA axis is given by

4 3
O — —_
5 5
MOA = Upy°Top X W = [3.299 5.714 1.5
0 0 =50

—o- 2[3_299(_50) —0(13)] + %[3.299(0) 0(5.714)]

= 1321b-ft Ans.
or
4 3
o 3 3 x
Moa = Ups-tag X W= (3299 1714 -15
0 0 —-50
\ . 83299 5714, 1:5) f¢
=0 = £ [3299(=50) = 0(~1.5)] + £ [3.299(0) ~ 0(1.714)] (@)

=1321b-ft Ans.



4-63.

The pipe assembly is secured on the wall by the two
brackets. If the frictional force of both brackets can resist a
maximum moment of 1501b-ft, determine the largest
weight of the flower pot that can be supported by the
assembly without causing it to rotate about the OA axis.

SOLUTION

Moment About the OA Axis: The coordinates of point B are x
[(4 + 3 cos 30°) cos 60° (4 + 3 cos 30°) sin 60°, 3 sin 30°]ft = (3.299, 5.174, 1.5) ft.
Either position vector rpp or roc can be used to determine the moment of W about
the OA axis.

rou = (3299 — 0)i + (5.714 — 0)j + (1.5 — 0)k = [3.299i + 5.714j + 1.5k] ft
rup = (3.299 — 0)i + (5.714 — 4)j + (1.5 — 3)k = [3.299i + 1.714j — 1.5k] ft
Since W is directed towards the negative z axis, we can write W = —Wk

The unit vector u,,,, Fig. a, that specifies the direction of the OA axis is given by

O-0i+@-0j+G-0k 4. 3
u = - =
TNt @-0rrGoop 55

Since it is required that the magnitude of the moment of W about the OA axis not
exceed 150 ft - 1b, we can write

Moy = upa-rop X W

4 3
s s
150/ = |3.299 5714 15
o 0 -W
%
4
150 = 0 = £ [3.29(~W) = 0(L5)] + %[3.299(0) — 0(5.714)]
W =5681b

or

Moy =wpp-rsp X W

0 4 3 ,
5 5 <
150/ = [3299 5714 0
0 0o -w
¥ W=50p
_ 4 3 <l 3
150 = 0 = S [3:299(=W) = 0(0)] + < [3.299(0) — 0(5.714)] (3299, 5.7/4/ o) p

(&)
W = 56.81b Ans.



*4-64

The wrench A is used to hold the pipe in a stationary posi-
tion while wrench B is used to tighten the elbow fitting. If
Fp =150 N, determine the magnitude of the moment pro-
duced by this force about the y axis. Also, what is the mag-
nitude of force F 4 in order to counteract this moment?

SOLUTION

Vector Analysis

Moment of Fg About the y Axis: The position vector rcpg, Fig. a, will be used to
determine the moment of F g about the y axis.

rcg = (—0.15 — 0)j + (0.05 — 0.05)j + (—0.2598 — 0)k = {—0.15i — 0.2598k} m
Referring to Fig. a, the force vector Fg can be written as

Fp = 150(cos 60°i — sin 60°k) = {75i — 129.90k} N

Knowing that the unit vector of the y axis is j, the magnitude of the moment of F

about the y axis is given by

0 1 0
y=itcp X Fg=[-015 0 —02598
75 0 —129.90

=0 — 1[—0.15(=129.90) — 75(—0.2598)] + 0
= —-3897N-m = 39.0N-m Ans.

M

The negative sign indicates that My is directed towards the negative y axis.

Moment of F 5 About the y Axis: The position vector rp 4, Fig. a, will be used to
determine the moment of F 4 about the y axis.

rpa = (0.15 = 0)i + [-0.05 — (=0.05)]j + (—0.2598 — 0)k = {0.15i — 0.2598k} m
Referring to Fig. a, the force vector F 4 can be written as

F, = Fy(—cos 15° + sin 15°k) = —0.9659F,i + 0.2588F,k

Since the moment of F 4 about the y axis is required to counter that of Fg about the
same axis, F 4 must produce a moment of equal magnitude but in the opposite sense

to that of F 4.

M, =j rpy X Fp

0 1 0
+0.38.97 = 0.15 0 —0.2598
—0.9659F, 0 0.2588F,
+0.38.97 = 0 — 1[0.15(0.2588F4) — (—0.9659F 4)(—0.2598)] + 0
F, =184 N Ans.
Scalar Analysis

This problem can be solved by first taking the moments of Fg and then F 4 about
the y axis. For Fp we can write

M, =3M,; M, = —150 cos 60°(0.3 cos 30°) — 150 sin 60°(0.3 sin 30°)
= —3897N-m Ans.

The moment of F 4, about the y axis also must be equal in magnitude but opposite
in sense to that of Fg about the same axis

M, =3M,; 38.97 = F, cos 15°(0.3 cos 30°) — F,sin 15°(0.3 sin 30°)
F, =184 N Ans.

€0, 0-05.60m

D{0,-0050)m
\

'ﬂ.

les
B(-035m30;0.08, - 9:3¢0530°)m
17016 2:05 02578 )m

0
A(0:-35in3p} ~0.08, ~0:3¢o530°)m
A =(06 ~0.05 -0.2590 )m



4-65.

The wrench A is used to hold the pipe in a stationary position z
while wrench B is used to tighten the elbow fitting.
Determine the magnitude of force Fp in order to develop a
torque of SON - m about the y axis. Also, what is the required
magnitude of force F, in order to counteract this moment?

SOLUTION

Vector Analysis
Moment of Fg About the y Axis: The position vector rcp, Fig. a, will be used to
determine the moment of Fp about the y axis.

rep = (—0.15 — 0)i + (0.05 — 0.05)j + (—0.2598 — 0)k = {—0.15i — 0.2598k} m

Referring to Fig. a, the force vector Fg can be written as

Fy = Fy(cos 60°i — sin 60°Kk) = 0.5F4i — 0.8660Fzk

Knowing that the unit vector of the y axis is j, the moment of Fg about the y axis is z
required to be equal to —50 N - m, which is given by
(0 -0.05, c(g0.05
M, = forcn X By i
0 1 0 ; e
—50i = | — _ »8(-035m3p" 0-05,-0-3¢08307)m
50i = [-0.15 0 —0.2598 o | = (015,005 o a53m3m
05F 0 —0.8660Fy b0
1207 '
=50 = 0 — 1[—0.15(—0.8660Fp) — 0.5F3(—0.2598)] + 0 x 5 B
Fp =192N Ans.

A(03gin30; -0-05, -0.3Cos30°)m

e . . A =(0./15:-0.05 -p. Py
Moment of F5 About the y Axis: The position vector rp,, Fig. a, will be ’ EREREE

used to determine the moment of F, about the y axis.
rps = (0.15 — 0)i + [-0.05 — (=0.05)]j + (—0.2598 — 0)k = {—0.15i — 0.2598k} m
Referring to Fig. a, the force vector F 4 can be written as

F, = Fa(—cos 15% + sin 15°k) = —0.9659F i + 0.2588F k

Since the moment of F 4 about the y axis is required to produce a countermoment
of 50 N - m about the y axis, we can write

My:j-rDA X FA
0 1 0

50=1| 015 0 —0.2598
—0.9659F, 0 0.2588F,

50 = 0 — 1]0.15(0.2588F4) — (—0.9659F4)(—0.2598)] + 0
F, =236 N-m Ans.

Scalar Analysis
This problem can be solved by first taking the moments of Fg and then F 4 about
the y axis. For Fg we can write

M, = 3M,; =50 = —Fp cos 60°(0.3 cos 30°) — Fp sin 60°(0.3 sin 30°)
Fp =192 N Ans.

For F 4, we can write

M, = 3M,; 50 = F,4 cos 15°(0.3 cos 30°) — F,4 sin 15°(0.3 sin 30°)
F, =236 N Ans.



4-66.
The A-frame is being hoisted into an upright position by the <

vertical force of F = 80 1b. Determine the moment of this
force about the y axis when the frame is in the position shown.

SOLUTION
Using x', y’, z:

u, = —sin30°i" + cos 30°

ryc = —6cos15°% + 3j + 6sin15°k

F =80k

—sin 30° cos 30° 0

M, = |—6cos15° 3 6sin 15°| = =120 + 401.53 + 0
0 0 80
M, = 2821b-ft Ans.

Also, using x, y, z:

Coordinates of point C:
x = 3sin 30° — 6 cos 15° cos 30° = —3.52 ft

y = 3 cos 30° + 6 cos 15°sin 30° = 5.50 ft

z = 6sin15° = 1.55 ft

ryc = —3.52i+ 5505 + 155k

F=280k
0 1 0
M,=|-352 550 1.55| =2821b-ft Ans.

y
0 0 80



4-67.

A twist of 4 N - m is applied to the handle of the screwdriver.
Resolve this couple moment into a pair of couple forces F
exerted on the handle and P exerted on the blade.

SOLUTION
For the handle
M = 2M;; F(0.03) = 4
F =133N Ans.
For the blade,
Mc = 2ZM,; P(0.005) = 4

P = 800N Ans.



*4-68.

The ends of the triangular plate are subjected to three 100N
couples. Determine the plate dimension d so that the
resultant couple is 350 N - m clockwise. 3> 600N
d
100 N
3§)°
<€ 600 N
SOLUTION l K
200 N 200 N

C+Mg=3SMy; 350 = 200(d cos 30°) — 600(d sin 30°) — 100d

d=154m Ans.



4-69.

The caster wheel is subjected to the two couples. Determine
the forces F that the bearings exert on the shaft so that the ]
resultant couple moment on the caster is zero.

SOLUTION
45 mmN{
C+SM,=0; 500(50) — F(40) = 0
A (50) — F(40) P
F = 625N Ans. Qy
A
50 mm-|




4-70.

Two couples act on the beam. If F = 125 1b , determine the result-

ant couple moment.

SOLUTION

125 1b couple is resolved in to their horizontal and vertical components as shown in

Fig. a.

G+ (Mg)e = 200(1.5) + 125 cos 30°(1.25)
=435321b-ft = 4351b-ftD

NZ— 5 2001b

2 ft

Ans.

[1251b
\—~ 125 Co530° b

] 200 1b Bo:tlzi co530°

@)



4-71.

Two couples act on the beam. Determine the magnitude of
F so that the resultant couple moment is 4501b-ft,
counterclockwise. Where on the beam does the resultant
couple moment act?

SOLUTION
C+Mg=23IM; 450 = 200(1.5) + Fcos 30°(1.25)

F =1391b Ans.

The resultant couple moment is a free vector. It can act at any point on the beam.



*4-T72.

Friction on the concrete surface creates a couple moment of
Mo =100 N-m on the blades of the trowel. Determine the
magnitude of the couple forces so that the resultant couple
moment on the trowel is zero. The forces lie in the horizon-
tal plane and act perpendicular to the handle of the trowel.

SOLUTION

Couple Moment: The couple moment of F about the vertical axis is
M = F(0.75) = 0.75F. Since the resultant couple moment about the vertical axis is
required to be zero, we can write

(Mg = =M,  0=100 — 0.75F F=133N Ans.



4-73.

The man tries to open the valve by applying the couple forces
of F =75 N to the wheel. Determine the couple moment

produced.

SOLUTION

C+M, = IM; M. = —75(0.15 + 0.15)
=—-225N'm =225N-m )

Ans.




4-74.

If the valve can be opened with a couple moment of 25 N - m, determine
the required magnitude of each couple force which must be applied

to the wheel.

SOLUTION

C+M, = SM; —25 = —F(0.15 + 0.15)

F =833N

Ans.




4-75.

When the engine of the plane is running, the vertical
reaction that the ground exerts on the wheel at A is
measured as 650 Ib. When the engine is turned off, however,
the vertical reactions at A and B are 575 lb each. The
difference in readings at A is caused by a couple acting on
the propeller when the engine is running. This couple tends
to overturn the plane counterclockwise, which is opposite to
the propeller’s clockwise rotation. Determine the magnitude
of this couple and the magnitude of the reaction force
exerted at B when the engine is running.

SOLUTION

When the engine of the plane is turned on, the resulting couple moment exerts an
additional force of F = 650 — 575 = 75.01b on wheel A and a lesser the reactive
force on wheel B of F = 75.0 1b as well. Hence,

M =75.0(12) = 900 1Ib - ft Ans.

The reactive force at wheel B is

Rp =575 — 75.0 = 500 1b Ans.




*4-176.

Determine the magnitude of the couple force F so that the
resultant couple moment on the crank is zero.

SOLUTION

By resolving F and the 150-1b couple into components parallel and perpendicular to
the lever arm of the crank, Fig. a, and summing the moment of these two force
components about point A, we have

C+Mo)gp = =My 0 = 150 cos 15°(10) — F cos 15°(5) — F sin 15°(4) — 150 sin 15°(8)
F =19%1b Ans.

Note: Since the line of action of the force component parallel to the lever arm of the
crank passes through point A, no moment is produced about this point.

- L ’
155015 (5000516 if,'\

B ——mosmis’ 1 -
7 Feosi5°



4-717.

Two couples act on the beam as shown. If F =150 Ib, determine LR
the resultant couple moment. A
7
> 200 1b
1.5t
< 200 1b
5
SOLUTION F
150 Ib couple is resolved into their horizontal and vertical components as shown in 45
Fig.a t
4 3
C+(Mg). = 150 3 (1.5) + 150 3 (4) — 200(1.5)
=2401b-ftD Ans.
150(&) b
150b "
b
—I50(3 / 200lb
iso(H)b| |15ft
T r=—"" 200 b
EN
5o 150
4+ft




4-78.

Two couples act on the beam as shown. Determine the ~F
magnitude of F so that the resultant couple moment is A3
300 1b - ft counterclockwise. Where on the beam does the ! > 200 1b
resultant couple act? -
1.5 1t
= 200 1b
A

F 4
SOLUTION

41t

C+ (Mo)g = %F(4) + %F(l.S) — 200(1.5) = 300

F =1671b Ans.

Resultant couple can act anywhere. Ans.



4-79.

If F = 200 b, determine the resultant couple moment.

SOLUTION

a) By resolving the 150-1b and 200-1b couples into their x and y components, Fig. a,
the couple moments (MC); and (MC), produced by the 150-Ib and 200-1b
couples, respectively, are given by

C+(M¢), = —150 cos 30°(4) — 150 sin 30°(4) = —819.62 b+ ft = 819.62 b« ft )
C+(Mc¢), = 200( )(2) + 200( )(2) = 560 1b - ft
Thus, the resultant couple moment can be determined from
C+Mo)g = (M) + (M),
= —819.62 + 560 = —259.62 1b-ft = 260 1b - ft (Clockwise) Ans.

b) By resolving the 150-1b and 200-1b couples into their x and y components, Fig. a,
and summing the moments of these force components algebraically about point A,

2 ft——2ft—

CH+(M)g = SM 43 (Mg)g = —150 sin 30°(4) — 150 cos 30°(6) + 200( )(2) + 200( )(6)

- 200( )(4) + 200( )(0) + 150 cos 30°(2) + 150 sin 30°(0)

= —259.621b-ft = 260 1b - ft (Clockwise) Ans.

15051030°1b

P}

‘;3:‘
e
(o]
i?—-

u@',f

1501b
150 5in 30 °

i 2001b

200(45)1b

(@)



*4-80.

Determine the required magnitude of force F if the
resultant couple moment on the frame is 200 1b-ft,
clockwise.

SOLUTION

By resolving F and the 150-1b couple into their x and y components, Fig. a, the
couple moments (Mc)1 and (Mc)2 produced by F and the 150-1b couple, respec-
tively, are given by

F(%)(Z) + F(%)(Z) = 28F

—150 cos 30°(4) — 150 sin 30°(4) = —819.621b-ft = 819.62 1b - ft D

C+(Me)

C+(Mc),

The resultant couple moment acting on the beam is required to be 200 Ib - ft,
clockwise. Thus,

CH+(Mo)g = (M) + (M),

—200 = 2.8F — 819.62

F=2211b Ans.

2 ft——2ft—

2ft

150 Cos30°1b

1501b
1503in20° 1}



4-81.

Two couples act on the cantilever beam. If F = 6 kN, | Im Im
determine the resultant couple moment.

SOLUTION

a) By resolving the 6-kN and 5-kN couples into their x and y components, Fig. a, the
couple moments (M.); and (M.), produced by the 6-kN and 5-kN couples,
respectively, are given by

C+(M), = 6in30°(3) — 6 cos 30°(0.5 + 0.5) = 3.804 kN -m
CH+(Me), = 5@)(0.5 +0.5) — 5(%)(3) — —9kN-m

Thus, the resultant couple moment can be determined from

(Mc)g = (Mc)y + (Mc),
=3804 — 9 = —5196kN-m = 520 kN -m (Clockwise) Ans.

b) By resolving the 6-kN and 5-kN couples into their x and y components, Fig. a, and
summing the moments of these force components about point A, we can write

C+(Mp)g=SMy; (Mco)g = 5(%)(0.5) + 5(%)(3) — 6.cos 30°(0.5) — 6sin 30°(3)

+ 6'sin 30°(6) — 6 cos 30°(0.5) + 5@)(0.5) - 5(%)(6)

= —5.196 kN-m = 5.20 kN -m (Clockwise) Ans.

3™

" 5(H5) W |osm3o°




4-82.

Determine the required magnitude of force F, if the
resultant couple moment on the beam is to be zero.

SOLUTION

By resolving F and the 5-kN couple into their x and y components, Fig. a, the couple
moments (M.); and (M.), produced by F and the 5-kN couple, respectively, are
given by

C+(M¢), = Fsin30°(3) — F cos 30°(1) = 0.6340F
C+(M¢), = 5(%)(1) - 5(%)(3) = —9kN-m

The resultant couple moment acting on the beam is required to be zero. Thus,
(Mc)r = (Mc)1 + (Mc),

0 = 0.6340F — 9

F =142kN-m Ans.

3m




4-83.

Express the moment of the couple acting on the pipe
assembly in Cartesian vector form. Solve the problem
(a) using Eq. 4-13, and (b) summing the moment of each
force about point O.Take F = {25k} N.

SOLUTION
(a) Mc = r4p X (25k)
i j k
=1-035 —-02 O
0 0 25
Mc = {—5i + 8.75j} N-m Ans.

(b) Mc = rop X (25K) + ros X (—25K)

i j Kk i j Kk
=103 02 0| +[065 04 0
0 0 25 0 0 -25

Mc = (5 — 10)i+ (-7.5 + 16.25)j

M¢ = {-5i + 875§} N-m Ans.



*4-84.

If the couple moment acting on the pipe has a magnitude of
400 N * m, determine the magnitude F of the vertical force

applied to each wrench.

SOLUTION
MC = I'yB X (Fk)
i i k
=1-035 -02 O
0 0 F

M¢ = {—02Fi + 0.35Fj} N-m

Mc = V/(=0.2F)* + (0.35F) = 400

4
00 =992 N Ans.

F =
V(—0.2)* + (0.35)




4-85.

The gear reducer is subjected to the couple moments
shown. Determine the resultant couple moment and specify
its magnitude and coordinate direction angles.

SOLUTION

Express Each Couple Moment as a Cartesian Vector:

M; = {50j} N-m
M, = 60(cos 30° + sin 30°k) N-m = {51.96i + 30.0k} N-m
Resultant Couple Moment:
My = ZM; Mp; =M, + M,
= {51.96i + 50.0j + 30.0k} N-m

= {52.0i + 50j + 30k} N-m Ans.

The magnitude of the resultant couple moment is

Mg = \V/51.96% + 50.0> + 30.0°

=78102N-m = 781 N-+m Ans.

The coordinate direction angles are

51.96
= - 27 = ©
a = Cos (78.102) 48.3 Ans.
50.0
= _1 = o
B = cos (78.102) 50.2 Ans.

vy = cos_1< 30.0 > = 67.4° Ans.



4-86.
The meshed gears are subjected to the couple moments

shown. Determine the magnitude of the resultant couple
moment and specify its coordinate direction angles.

SOLUTION

M, = {50k} N-m

M, = 20(—cos 20° sin 30°i — cos 20° cos 30°j + sin 20°k) N-m
= {-9.397i — 16.276j + 6.840k} N-m
Resultant Couple Moment: /T\M‘ =30N-m
My = SM; My =M, +M, |
= {-9.397i — 16.276j + (50 + 6.840)k} N-m
= {-9.397i — 16.276j + 56.840k} N -m

The magnitude of the resultant couple moment is

Mg = V(=9397)F + (—16276)% + (56.840)
= 59.867N-m = 59.9N-m Ans.

The coordinate direction angles are

-9.397
= _1 = o
a = oS < 59867 > 99.0 Ans.
—-16.276
= _] = o
B 0S ( 50867 ) 106 Ans.

56.840
= cos! =18.3° Ans.
Y = cos (59.867) 8.3 ns,



4-87.

The gear reducer is subject to the couple moments shown.
Determine the resultant couple moment and specify its
magnitude and coordinate direction angles.

SOLUTION
Express Each:

M, = {60i} Ib- ft

M, = 80(—cos 30° sin 45°i — cos 30° cos 45°j — sin 30°k) Ib - ft

= {—48.99i — 48.99j — 40.0k} Ib- ft

Resultant Couple Moment:

My = SM; My =M, + M,
= {(60 — 48.99)i — 48.99j — 40.0k} 1b- ft
= {11.01i — 48.99j — 40.0k} 1b - ft

= {11.0i — 49.0j — 40.0k} Ib- ft

The magnitude of the resultant couple moment is

Mg = V11.01> + (—48.99)? + (—40.0)2
= 64201b-ft = 642 1b- ft

The coordinate direction angles are

11.01
= 71 — = °
@ = cos (64.20) 80.1

—48.99
71 = o
( 64.20 ) 140

—40.0
= _1 — = o
cos ( 64.20 ) 129

=™
Il
(@]
o}
7

<
|

M, =601b-ft

e

Ans.

Ans.

Ans.
Ans.

Ans.

My =801b-ft

Y




*4-88.
A couple acts on each of the handles of the minidual

valve. Determine the magnitude and coordinate direction
angles of the resultant couple moment.

SOLUTION
M, = —35(0.35) — 25(0.35) cos 60° = —16.625

M, = —25(0.35) sin 60° = —7.5777N-m

M| = V(=16.625)> + (=7.5777) = 182705 = 183N +-m

— -1 — )
o = COS (1827 5) = 155

~7.5777
= _1 = °
B = cos ( 18.2705 ) 15

0
= cos™' =90°
Y = cos <18.2705>

Ans.

Ans.



4-89.

Determine the resultant couple moment of the two couples
that act on the pipe assembly. The distance from A to B is
d = 400 mm. Express the result as a Cartesian vector.

SOLUTION

Vector Analysis

Position Vector:
rap = {(0.35 — 0.35)i + (—0.4 cos 30° — 0)j + (0.4sin 30° — 0)k} m
= {—0.3464j + 0.20k} m
Couple Moments: With F; = {35k} N and F, = {—50i} N, applying Eq. 4-15, we have

M¢) =1y X Fy

i k
=10 —03464 0.20| = {-12.12i}N-m
0 0 35
(Mc), =148 X F,
i j k
= 0 —03464 020] = {~10.0j — 1732k} N-m
-50 0 0

Resultant Couple Moment:
Mp = ZM; Mg = (Mc); + (Mc),
= {-12.1i — 10.0j — 17.3k}]N-m Ans.
Scalar Analysis: Summing moments about x, y, and z axes, we have
(Mg), = EM,; (Mg), = —35(0.4 cos 30°) = —12.12N-m
(Mg)y = ZM,; (Mg), = —50(0.45in 30°) = —10.0N-m

(Mg), = ZM,; (Mg), = —50(0.4 cos 30°) = —17.32N-m

Express Mg as a Cartesian vector, we have

M = {—12.1i — 10.0j — 173k} N-m



4-90.

Determine the distance d between A and B so that the z
{35k} N

resultant couple moment has a magnitude of Mz = 20 N - m.

SOLUTION

Position Vector:

rap = {(0.35 — 0.35)i + (=d cos 30° — 0)j + (d sin 30° — 0)k} m
= {—0.8660d j + 0.50d k} m
Couple Moments: With F; = {35k} N and F, = {—50i} N, applying Eq. 4-15, we have

(M¢) =1 X Fy

i i K
=10 —0.8660d 0.50d| = {-3031di}N-m
0 0 35

M¢), =145 X Fy

i i k
=| 0 —08660d 0.50d| = {~25.0dj — 43.30d k} N-m
-50 0 0

Resultant Couple Moment:
Mi = EM;  Mgi = (M¢); + (Mc),
= {-30.31di — 25.0d j — 43.30d k} N-m

The magnitude of My is 20 N - m, thus

20 = V/(=3031d)? + (—25.0d)> + (43.30d)>

d = 0.3421 m = 342 mm Ans.



4-91.

If F = 80N, determine the magnitude and coordinate
direction angles of the couple moment. The pipe assembly
lies in the x—y plane.

SOLUTION

It is easiest to find the couple moment of F by taking the moment of F or —F about
point A or B, respectively, Fig. a. Here the position vectors r,z and rz,4 must be
determined first.

r, = (0.3 —0.2)i + (0.8 —03)j + (0 — 0k = [0.1i + 0.5j] m
rgs = (0.2 — 0.3)i + (0.3 — 0.8)j + (0 — O)k = [-0.1i — 0.5j] m
The force vectors F and —F can be written as
F = {80k} Nand —F = [-80k] N

Thus, the couple moment of F can be determined from

i j k
M.=r, xF=|01 05 0|=[40i —8]N-m
0 0 80
or
i j k
M, =1, X -F=[-01 -05 0 |=[40i — 8] N-m
0 0 —80

The magnitude of M, is given by

M.= VM2 + M+ M>= V40 + (-8)> + 0> = 40.79N-m = 40.8 N-m

The coordinate angles of M, are

M 40
= | pnid = — | = °
a = cos ( M> cos (40 79 11.3 Ans.
M -8
= -1 22 2 — | = °
B = cos < ) cos <40.79> 101 Ans.
M 0
= _1 7Z = — = °
Y = cos ( > cos < 2079 90 Ans.

A(2.2,0.3 0)m \’

%OO mm

‘\300 mm
‘ 200 mm
L~
300 mm
/<200 mm s Y
Ans.

"o "B(0.3,08,0)m
(@)



*4-92,

If the magnitude of the couple moment acting on the pipe z
assembly is 50 N - m, determine the magnitude of the couple
forces applied to each wrench. The pipe assembly lies in the
x—y plane.

SOLUTION

It is easiest to find the couple moment of F by taking the moment of either F or -F /600 m%/ < Y
about point A or B, respectively, Fig. a. Here the position vectors r,p and rg, must
be determined first.

ras = (03 — 02)i + (0.8 — 0.3)j + (0 — 0)k = [0.1i + 0.5§] m

rpa = (02 — 0.3)i + (0.3 — 0.8)j + (0 — O)k = [~0.1i — 0.5j]m

The force vectors F and —F can be written as
F = {Fk} N and —F = [-FKk|N

Thus, the couple moment of F can be determined from

i j k
M, =1, XxF=1[01 05 0|=05Fi— 01Fj
0 0 F

The magnitude of M, is given by

M, = VM?+ M>+ M. = V(05F) + (0.1F)> + 0> = 0.5099F

Since M. is required to equal 50 N - m,
50 = 0.5099F

F =981N Ans.




4-93.

IfF = {100k} N, determine the couple moment that acts on
the assembly. Express the result as a Cartesian vector.
Member BA lies in the x—y plane.

SOLUTION
(2 R .
¢ = tan 3 —30° = 3.69
r; = {—360.6 sin 3.69° + 360.6 cos 3.69°j}
= {—23.21i + 359.8j) mm
4.5

2
0= tan—1<—) + 30° = 53.96°

r, = {492.4 sin 53.96° + 492.4 cos 53.96°j}

= (398.2i + 289.7j} mm

M :(rl—rz)XF

i ik
= [-4214 7010 O
0 0 100

=
I

{7.01i + 42.1j} N-m Ans.



4-94.

If the magnitude of the resultant couple moment is

15 N - m, determine the magnitude F of the forces applied
to the wrenches.

SOLUTION
¢ = tan‘(%) —30° = 3.69°

r; = {—360.6 sin 3.69° + 360.6 cos 3.69°j}

= (2321 + 359.8j} mm

2
=tan ' — | + 30° = 53.96°
0 an (4.5) 9

r, = {492.4 sin 53.96° + 492.4 cos 53.96%}
= {398.2i + 289.7j) mm

MC:(rl_l'z)XF

i ik
= |-4214 7010 0
0 0 F

M, = {0.0701Fi + 0.421Fj} N-m

M= V(0.0701F)* + (0.421F) = 15

= 15 = 351N Ans.
V(0.0701)% + (0.421)>

Also, align y’ axis along BA.

M, = —F(0.15)i' + F(0.4)j’

15 = V(F(—0.15) + (F(0.4))?

F=351N Ans.



4-95.

magnitude and coordinate direction angles of the resultant

If F,=100N, F, = 120N and F; = 80N, determine the z l_F4 = [~150k] N
couple moment.

SOLUTION

Couple Moment: The position vectors rq, 1y, 13, and ry, Fig. a, must be determined
first.

r; = {0.2i} m r, = {0.2j} m r; = {0.2j} m

From the geometry of Figs. b and ¢, we obtain
ry = 0.3 cos30°cos 45° + 0.3 cos 30°sin 45°%j — 0.3 sin 30°k
= {0.1837i + 0.1837j — 0.15k} m
The force vectors Fq, Fy, and F3 are given by
F, = {100k} N F, = {120k} N F; = {80i} N
Thus,
M; =r; X F; = (0.2i) X (100k) = {—20j} N-m
M, =1, X F, = (0.2j) X (120k) = {24i} N-m
M; =13 X F; = (0.2j) X (80i) = {—16k} N-m
M, =1, X F, = (0.1837i + 0.1837j — 0.15k) X (150k) = {27.56i — 27.56j} N-m - ;

Resultant Moment: The resultant couple moment is given by

(Mg = SM,; (Mg = M; + M, + M + M, (2
= (—20j) + (24i) + (—16k) + (27.56i—27.56j)
= {51.56i — 47.56j — 16k} N-m 0:3¢0830°

The magnitude of the couple moment is

(Mg = VIM)RlZ + [(M)g], + [(M)g].> )
= V/(51.56)% + (—47.56)> + (—16)? 45° }7}
=7194N-m =71.9N'm Ans.

The coordinate angles of (M) are )

a = cos 71(%) = cos(51'56) = 44.2° Ans.

B = cos 1(%) = cos<_4?'56) = 131° Ans.

1.9

4
) = 103° Ans.




*4-96.

Determine the required magnitude of Fq, Fy, and F3 z
so that the resultant couple moment is (M.)g =
[50i —45j — 20k] N-m.

SOLUTION

Couple Moment: The position vectors rq, rp, r3, and ry, Fig. a, must be determined”™
first.

r; = {0.2ij m r, = {0.2j} m r; = {0.2j} m

From the geometry of Figs. b and ¢, we obtain

ry = 0.3 cos30°cos 45° + 0.3 cos 30°sin 45°j — 0.3 sin 30°k
= {0.1837i + 0.1837j — 0.15k} m

The force vectors Fq, Fy, and F3 are given by

Fl = Flk F2 = sz F3 = F3i

Thus,

Ml =n X Fl = (02i) X (Flk) =-0.2 Flj

M2 =In X F2 = (02j) X (sz) =02 in

M3 =I3 X F3 = (02j) X (F3i) = -02 F3k

M, = 1, X F, = (0.1837i + 0.1837j — 0.15k) X (150K) = {27.56i — 27.56j} N -m

Resultant Moment: The resultant couple moment required to equal
(M,)g = {50i — 45j — 20k} N - m. Thus,

Mg = EM; Mg =M; + M, + M3 + M,
508 — 45§ — 20k = (—0.2Fj) + (02F5) + (—0.2FK) + (27.56i — 27.56j)
50i — 45) — 20k = (0.2F, + 27.56)i + (—0.2F, — 27.56)j — 0.2Fsk

Equating the i, j, and k components yields

50 = 0.2F, + 27.56 F =112N Ans.
—45 = —0.2F, — 27.56 F, = 872N Ans.
—20 = —0.2F, Fy = 100N Ans.
'F" ()
0-3¢€0530°
rl
*®)

—F, = [~150 k] N




4-97.

Replace the force and couple system by an equivalent force
and couple moment at point O.

SOLUTION
+ 5 .
= ZFpy = 2F; Fre =6 e} — 4 cos 60
= 0.30769 kN
12 ,
+13Fg, = SF,;  Fg, = 6(§) — 45in 60°

= 2.0744 kN
Fr = V(0.30769)> + (2.0744)> = 2.10 kN

) tan,{ 2.0744

Ans.
0.30769} = 8167

Ans.
12 5
C+Mo=3Mo;  Mo=8=6(3)(4) + 63 )5 — 4cos60°(4)
My = —10.62kN-m = 10.6 kN -m D

Ans.

0 r
\ . am
6 kN 4 kN
4m
Sm
13/|12 60°
5 I B




4-98.

Replace the force and couple system by an equivalent force
and couple moment at point P.

SOLUTION

+ > o

- XFg, = 2F,; Fr, =6 e} — 4 cos 60
= 0.30769 kN

12
+1SFg, = SF,;  Fg, = 6(E) — 4sin 60°

= 2.0744 kN
Fr = V(0.30769)2 + (2.0744)2 = 2.10 kN

. tan,l{ 2.0744

Ans.
0.30769} = 8L6"

Ans.
12 5 .
C+Mp=3Mp; Mp=8—-06 I (7) + 6 el (5) — 4 cos 60°(4) + 4 sin 60°(3)

Mp=—-168kN-m = 16.8 kN-m )

Ans.




4-99.

Replace the force system acting on the beam by an
equivalent force and couple moment at point A.

SOLUTION

4
B F = SF,;  Fp = 1.5sin30° - 2.5<§>

—125kN = 1.25kN <

+1F, = 3F;  F

—1.5cos 30° — 2.5(§> -3

= —5.799 kN = 5.799 kN |

Thus,

Fg = VF% + Fx = V125" + 5799 = 5.93kN

and

IR 5799
6 = tan ! <Fy> = tan _1(E) =718° &
R .

x

C+Mg, = SM,; Mg, = —2.5@)(2) — 1.5 cos 30°(6) — 3(8)

= —34.8kN-m = 34.8 kN-m (Clockwise)

3kN

Ans.

Ans.

Ans.



*4-100.
3kN

Replace the force system acting on the beam by an
equivalent force and couple moment at point B. 25KN 15 kN 300
s
4 \
| :e: B
T. \
kZm | 4m —2m-—
SOLUTION
4
5 Fr =3F,; Fg =15si 30°—2.5(—)
R, X R, s 3 _4’

= —125kN = 1.25kN <

+TFR.v =2F,; Fg =-15co0s30° - 2'5<§) -3
= —5.799 kN = 5.799 kN |

Thus,

Fr = VF} + F% = V125 + 5799 = 5.93kN Ans.
and
Fr 5.799
—tan ) = an (227 = 770
6 = tan ( RX> tan ( 1'25) 77.8° & Ans.
R 3
G+ Mg, =3Mg,; My = 1.5c0s 30°(2) + 2.5 3 (6)

Ans.

= 11.6 kN-m (Counterclockwise)



4-101.

Replace the force system acting on the post by a resultant
force and couple moment at point O.

SOLUTION

Equivalent Resultant Force: Forces Fy and F are resolved into their x and y com-
ponents, Fig. a. Summing these force components algebraically along the x and y
axes, we have

4

X S(Fp), = =F, (Fg), = 300 cos 30° — 150(5) + 200 = 339.811b —
3

+ 1(Fg), = =Fy; (Fg)y = 3005sin30° + 150(5) =2401b 1

The magnitude of the resultant force Fp is given by

Fr = V(Fp),2 + (Fg),* = V/339.812 + 2402 = 416.021b = 416 1b Ans.

The angle 6 of Fg is

(Fr)
6 = tanfl{(F )y} = tanfl{:é;(;l} = 3523°=352° & Ans.
R)x .

Equivalent Resultant Couple Moment: Applying the principle of moments,
Figs. a and b, and summing the moments of the force components algebraically
about point A, we can write

C+ (Mg)y = SMy; (M) = 150(%)(4) —200(2) — 300 cos 30°(6)

= —1478.851b- ft = 1.48 kip - ft (Clockwise) Ans.

24t
ﬂ
2 ft

Bo0css30°lb

- 150(346) 16

> 200 /L,




4-102.

Replace the two forces by an equivalent resultant force and
couple moment at point O. Set F = 20 Ib.

SOLUTION

4
B Fy =3SF;  Fgr, = 5(20) — 205in30° = 61

3
+1 Fry = BFi Fry = 20008 30° + < (20) = 29321b

Fr = VFh + Fry = V6 + (29322 =2991b  Auns.

Fr
12— tan *(%) = 784° 2 Ans.
Rx

6 = tan —

C +Mg, = ZMo; Mg, = 20 sin 30°(6 sin 40°) + 20 cos 30°(3.5 + 6 cos 40°)

—g (20)(6 sin 40°) + % (20)(3.5 + 6 cos 40°)

=2141b- in.d Ans. 201b

6sin4o'n.

40 v x

T3

& cos #0° /. /vsﬁi




4-103.

Replace the two forces by an equivalent resultant force and
couple moment at point O. Set F = 15 Ib.

SOLUTION
B Fy. = SF;  Fg, = g(15) —205sin30° = 21b

3
+1 Foy = SF; Fry = 20c0s30° + < (15) = 26.321b

Fr = VFh, + F, = V22 + 26322 = 2641b  Auns.

Fg 26.32
6 = tan ! F Y — tan ’1(7) =857° <

Rx

G+ Mg, = ZMy; Mg, = 20 sin 30°(6 sin 40°) + 20 cos 30°(3.5 + 6 cos 40°)

—% (15)(6 sin 40°) + % (15)(3.5 + 6 cos 40°)

=2051b- in.D

-2 in~
Ans.
Ans.
201b -
/
s 30 2
Az
.4-
bsin4o’n
Y x
’I'5l'f!.

? I




*4-104.

Replace the force system acting on the crank by a resultant
force, and specify where its line of action intersects BA
measured from the pin at B.

SOLUTION

Equivalent Resultant Force: Summing the forces, Fig. a, algebraically along the x
and y axes, we have

& S(Fp), = SFy (Fo), = —601b = 60 1b —
+1 (Fp), = SF; (Fr)y = =10 =20 = —301b = 301b |

The magnitude of the resultant force Fy is given by

Fr= V(Fp) 2 + (Fr),> = V60% + 30% = 67.081b = 67.11b Ans.

The angle 0 of Fp is

(FR)y} = tan_]{ﬁ

= 26.57° = 26.6° Ans.
(Fr). 60} P ns

6 = tan_]{

Location of Resultant Force: Summing the moments of the forces shown in Fig. a
and the force components shown in Fig. b algebraically about point B, we can write

C+ (Mp)g = SMy; 60(d) = 60(12) — 10(4.5) — 20(9)
d = 8.25in. Ans.

@

60 1b

121

b)




4-105.

Replace the force system acting on the frame by a resultant

force and couple moment at point A. 2kN
4m I m |
5_Y
I /
Sm °
SOLUTION
Equivalent Resultant Force: Resolving Fq, Fy, and F3 into their x and y compo- I
nents, Fig. a, and summing these force components algebraically along the x and A

y axes, we have

4 5
X S(Fy), = SFy (Fp)x = 5(5) - 3(5) = 2846 kN —
3 12
+1 (Fp), = 3Fy; (Fg), = —5(5) -2- 3(5) = —7.769 kN = 7.769 kN |
The magnitude of the resultant force Fp is given by
Fr = V(Fp),2 + (Fg),* = V/2.8467 + 7.769* = 8274 kN = 827 kN Ans.
The angle 6 of Fp is
(Fr)y 7.769

= tan! = tan |- | = 69.88° = 69.9° Ans.

0 an {(FR)J {2.846} 9 ~ ns

Equivalent Couple Moment: Applying the principle of moments and summing the
moments of the force components algebraically about point A, we can write

Crota =3 9= 32— 5o -0 -3(B ) +3(3)e

= —9.768 kN -m = 9.77 kN - m (Clockwise) Ans.

’ 4m Imjim| 3(,%3)1@1
F=5 kN L2k - l?‘;:5 kn
Al aEDL \1 k i+
+ B |
o 3(%13) kN
5(4/s) kN
5m
A
ST




4-106.

Replace the force system acting on the bracket by a resultant 450 N
force and couple moment at point A.

SOLUTION

Equivalent Resultant Force: Forces F; and F, are resolved into their x and y com-
ponents, Fig. a. Summing these force components algebraically along the x and y
axes, we have

B S(Fp), = SF:  (Fg), = 450 cos45° — 600 cos30° = —201.42N = 20142 N«
+1(Fg)y = SF,;  (Fg), = 450sin45° + 600sin30° = 61820N 1

The magnitude of the resultant force Fy is given by

Fr = V(Fp)> + (Fr),> = V201.4% + 618.20> = 650.18 kN = 650 N Ans.

The angle 0 of Fy is

(FR)y:| _ 71{@

= tan~ !
0 = tan [(FR)x 2014

} =71.95° = 72.0° Ans.

Equivalent Resultant Couple Moment: Applying the principle of moments, Figs. a
and b, and summing the moments of the force components algebraically about
point A, we can write

C+(Mp)a = SMy; (Mg) 4 = 600 sin 30°(0.6) + 600 cos 30°(0.3) + 450 sin 45°(0.6) — 450 cos 45°(0.3)

= 43136 N-m = 431 N -m (Counterclockwise) Ans.




4-107.

A biomechanical model of the lumbar region of the human b4
trunk is shown. The forces acting in the four muscle groups
consist of Fr = 35N for the rectus, Fp = 45N for the
oblique, F; = 23 N for the lumbar latissimus dorsi, and
Fr = 32N for the erector spinae. These loadings are
symmetric with respect to the y—z plane. Replace this system
of parallel forces by an equivalent force and couple moment
acting at the spine, point O. Express the results in Cartesian
vector form.

SOLUTION
Fg = SF, ; Fg = (2(35 + 45 + 23 + 32)k } = {270k} N
Mo = SMp ;. Mgo = [~2(35)(0.075) + 2(32)(0.015) + 2(23)(0.045)]i

Myo = {-2.22i}N-m Ans.

y



*4-108.

Replace the two forces acting on the post by a resultant
force and couple moment at point O. Express the results in
Cartesian vector form.

SOLUTION

Equivalent Resultant Force: The forces F; and F ), Fig. a, expressed in Cartesian
vector form can be written as

0 —0)i+ (6—0)j+ (0— 8k
5
0 —0)+ (6 — 0)> + (0 — 8)?

Fp = Fpuyp = = [3j — 4k] kN

2—-0)i+ (-3-0)j+(0-6k
(202 + (=3 -0)2+ (0 —6)

FD = FD“CD =7 = [2i - 3j - 6](] kN

The resultant force Fy is given by
Fr = 2F; Fr, = F3z + Fp

= (3j — 4k) + (2i — 3j — 6k)

= [2i — 10k] kN Ans.
Equivalent Resultant Force: The position vectors r,; and r - are

rop = {6j} m roc = [6k] m

Thus, the resultant couple moment about point O is given by
(Mg)o = ZMp;  (Mg)o = rop X Fp + roc X Fp
i j k i j k
0 6 O0|+]0 0 6
0 3 —4 2 -3 -6

= [—6i + 12j] kN m Ans.




4-109.

Replace the force system by an equivalent force and couple
moment at point A.

F, = {100i — 100j — SOk}N/

SOLUTION F; = {- 500k} NY

FR:EF, FR:F1+F2+F3

Im

= (300 + 100)i + (400 — 100)j + (—100 — 50 — 500)k

= {400i + 300j — 650k} N

\ F; = {300i + 400j — 100k} N
4m

The position vectors are r 5 = {12k} mand r z = {—1j} m.
MRAZEMA; MRAerBXFl+rABXF2+rAEXF3 X
i j k i j k
=10 0 12 |+1]0 0 12
300 400 —100 100 —100 —50

i K
+0 -1 0
0 0 =500

= {-3100i + 4800j} N-m Ans.



4-110.

The belt passing over the pulley is subjected to forces F; and
F,, each having a magnitude of 40 N. F; acts in the —k direction.
Replace these forces by an equivalent force and couple
moment at point A. Express the result in Cartesian vector form.

Set # = 0° so that F, acts in the —j direction.

SOLUTION
Fr = F, + F,
Fr = {—40j — 40k} N

MRA = E(l‘ X F)

i j k i j
=(-03 0 0.08] +[-03 0.08
0 -40 O 0 0

=
2
|

= {~12j + 12k} N-m

—40

Ans.

Ans.




4-111.

The belt passing over the pulley is subjected to two forces F;
and F,, each having a magnitude of 40 N. F; acts in the —k
direction. Replace these forces by an equivalent force and
couple moment at point A. Express the result in Cartesian
vector form. Take 6 = 45°.

SOLUTION
Fr=F, +F,

= —40 cos 45% + (—40 — 40 sin 45°)k

Fr = {—28.3j — 683k} N Ans. F,
rar1 = {—0.3i + 0.08j} m
Y = —0.3i — 0.08 sin 45°§ + 0.08 cos 45°k
= {~0.3i — 0.0566j + 0.0566k} m

Mpa = (tap X Fy) + (rapm X F)

i i K i i k
=|-03 008 0 |+ [-03 —0.0566 0.0566 g
0 0 —40 0 —40 cos 45° —40sin 45° B.28N +
Mg, = {—20.5] + 849k} N-m Ans.
Also,
MRAX = EMAX

Mps = 28.28(0.0566) + 28.28(0.0566) — 40(0.08)
Mpga, =0
Mpga, = ZM A,
Mga, = —28.28(0.3) — 40(0.3)
Mgry = —205N-m

M RA., = M A,
Mpa, = 28.28(0.3)
Mgy, = 849N-m

Mg, = {~20.5i + 849k N-m Ans.



*4-112.

Handle forces Fq and F, are applied to the electric drill.
Replace this force system by an equivalent resultant force
and couple moment acting at point O. Express the results in
Cartesian vector form.

SOLUTION
Fz = SF, Fg = 6i — 3j — 10k + 2j — 4k
= {6i — 1j — 14k} N

Mgo = ZMp;
i o K i § Kk
Mo =015 0 03] +[0 —025 03
6 -3 —-10 0 2 —4
=09 + 3.30j — 0.450k + 0.4i
= {1.30i + 3.30j — 0.450k} N - m Ans.

Note that Fz, = —14 N pushes the drill bit down into the stock.
(Mgo)x = 1.30 N*m and (Mgo), = 3.30 N - m cause the drill bit to bend.

(Mgo); = —0.450 N-m causes the drill case and the spinning drill bit to rotate
about the z-axis.



4-113.

The weights of the various components of the truck are
shown. Replace this system of forces by an equivalent
resultant force and specify its location measured from B.

SOLUTION
+1 Fg = =F;  Fg = —1750 — 5500 — 3500

= —10750 b = 10.75 kip | Ans.

C+Mpg, = M, ; —10750d = —3500(3) — 5500(17) — 1750(25)

d=13.7ft Ans.

14 ft

B ssomy 4|y

1 6 ft



4-114.

The weights of the various components of the truck are
shown. Replace this system of forces by an equivalent
resultant force and specify its location measured from
point A.

SOLUTION
] 141t 61t

Equivalent Force: 3ft 2ft

+1Fg = =F,;  Fx = —1750 — 5500 — 3500

= —107501b = 10.75 kip | Ans.

Location of Resultant Force From Point A:

C+Mg, = SMy;  10750(d) = 3500(20) + 5500(6) — 1750(2)

d =926 ft Ans. & l



4-115.

Replace the three forces acting on the shaft by a single i 51t i 3 ft i 2 ft i 4 ft i
resultant force. Specify where the force acts, measured from 1
Al B

end A. ,

s 12|\13 =

4 5
500 1b
200 Ib 260 Ib

SOLUTION

4 5
b Fr, = 3F,; Fry = —500(5) + 260(5) = —3001b =3001b <«

3 12
+1Fp, = SF,;  Fpy = —500(5) — 200 — 260(—) = —7401b = 7401b |

13
F = V/(-300)2 + (—740)> = 798 Ib Ans.
740
— -1 — o
6 = tan (300) 67.9° ¥ Ans.

CH Mp, = SMy  740(x) = 500(%)(5) 1 200(8) + 260(%)(10)

740(x) = 5500

x = 743 ft Ans.



*4-116.

Replace the three forces acting on the shaft by a single i 51t
resultant force. Specify where the force acts, measured from P
end B. b

500 Ib
SOLUTION
4 5
B Fpe = SF;  Fge = —500(5) + 260<E> = —3001b =3001b <
3 12
+1Fg, = 3F,; Fg, = —soo(g) ~ 200 — 260<B) = —7401b = 7401b |
F = V(=300)2 + (—740)> = 798 Ib Ans.
740
— -1 2 ) = o
6 = tan (300) 67.9° ¥ Ans.

C+ Mpp = EMy; - 740(x) = 500(%)(9) +200(6) + 260<%>(4)

x = 657 ft Ans.

200 1b

260 1b



4-117.

Replace the loading acting on the beam by a single resultant 700 N
force. Specify where the force acts, measured from end A. 450N 300 N 30
|
BY
A l i
3 ‘ \ ‘ 1500 N-m
‘«—2 m-— 4m | 3m |
SOLUTION

B Fpe = SF,; Fr, =450cos 60° — 700sin 30° = —125N = 125N <«

+TFRy =2F,; Fgry = —450sin 60° — 700 cos 30° — 300 = —1296 N = 1296 N !

F = V/(~125)2 + (—1296)* = 1302 N Ans.
1296

=tan!| ) =845 & Ans.

0 tan(125> 84.5 ns,

C+Mpy=ZMy; 1296(x) = 450 sin 60°(2) + 300(6) + 700 cos 30°(9) + 1500

x=1736m Ans.



4-118.

Replace the loading acting on the beam by a single resultant 700 N
force. Specify where the force acts, measured from B. 450 N 300N 30°
60 ‘
BY
A Z i
| |
‘<—2m | 4m } 3m | 1500 N-m

SOLUTION

5 Fr = 3F,; Fg,

450 cos 60° — 700sin 30° = —125N = 125N <«

+1Fgy = SF,;  Fg,= —450sin60° — 700 cos 30° — 300 = —1296N = 1296 N |

F = V/(~125)% + (—1296)* = 1302 N Ans.
1296
= _1 — = o
0 = tan ( 125 > 84.5° & Ans.

C+ Mgy = SMy;  1296(x) = —450sin 60°(4) + 700 cos 30°(3) + 1500

x = 1.36 m (to the right) Ans.



4-119.

Replace the force system acting on the frame by a resultant
force, and specify where its line of action intersects member
AB, measured from point A.

~—2.51ft ﬂ‘-—3 ft —
B

\
\
Wy,

SOLUTION

Equivalent Resultant Force: Resolving F and F3 into their x and y components,
Fig. a, and summing these force components algebraically along the x and y axes,
we have

4
B S(Fp), = SF;  (Fg), = 200 cos45° — 250(5) —300 = —358.58 Ib = 358.58 Ib <

+1(Fg), = =F,;  (Fg), = —200sin45° — 250(%) = —291.421b = 291.421b!

The magnitude of the resultant force Fp is given by

Fr = V(F)2 + (F),” = 1/358.58% + 291.422 = 462.07 1b = 462 1b Ans.

The angle 0 of Fy is

(Fr)y }

,1[291.42
(FR)x

358.58}:39'1 P Ans.

0= tan’l[

Location of Resultant Force: Applying the principle of moments to Figs. a and b, and
summing the moments of the force components algebraically about point A, we can write

C+(Mp)a = SM,;  358.58(d) = 250(%)(2.5) + 250(%)(4) + 300(4) — 200 cos 45°(6)

— 200sin 45°(3)
d = 3.07ft Ans.

’l 200Los45° |b
250(45)1b 46°
=300lb | zﬂ. F=zoolp
= i 2005in45° [b

<o)
F=2501b . 250(34)1b 44t




*4-120.

Replace the loading on the frame by a single resultant force. 300 N
Specify where its line of action intersects member AB, 250 N
measured from A. H‘lermﬂ%3m*>‘ s A
©; B 4
< 1 (D
Q N\ 3 ) \
wooN-m¥
600>/
SOLUTION 3m
500N
4
B SF, = Fgy; Fg, = —250(7> — 500(cos 60°) = —450 N = 450 N < 5 8 -
5 =
A

3
+15F, = SF,;  Fgy, = —300 — 250<§> ~ 500 sin 60° = —883.0127 N = 883.0127 N |

Fr = V/(—450)2 + (—883.0127)> = 991 N Ans.
883.0127
= 71 — = o
0 ( 150 ) 63.0° &

C+ Mgy = SMy; 450y = 400 + (500 cos 60°)(3) + 250(%)(5) —300(2) — 250(%)(5)

800
y = E =178 m Ans.



4-121.

Replace the loading on the frame by a single resultant force. 300 N
Specify where its line of action intersects member CD, 250 N
measured from end C. H‘ 1m erﬂ%3 m%‘ s A
C B /4/
oS t (D
Q N ) \
w0oN-m¥
60°
SOLUTION
3m
4 500N
B SF, = Fgy; Fg, = —250(*> — 500(cos 60°) = —450 N = 450N < ‘
5 & )
A

3

5) — 500 sin 60° = —883.0127 N = 883.0127 N |

+13F, = 3F,;  Fg, = =300 — 250(

Fr = V/(—450)> + (—883.0127)> = 991 N Ans.

883.0127
0=t 71(?) = 63.0° >

3
C+ Mgy = SMe;  883.0127x = —400 + 300(3) + 250<§>(6) + 500 cos 60°(2) + (500 sin 60°)(1)

2333

X = m = 2.64m Ans.



4-122.

Replace the force system acting on the frame by an 351b 30° 201b
equivalent resultant force and specify where the — At
resultant’s line of action intersects member AB, measured A ‘ Y B
from point A. o
2 ft—
o| 31
@
251b
SOLUTION s
B Fp, = SF,;  Fgy = 35sin30° + 25 = 42.51b S

+J,FRy = 3F; Fgy = 35c0s30° + 20 = 50.31 Ib

Fr = V(42.5)? + (50.31)> = 6591b Ans.

50.31
= _1 — = o
6 = tan ( 105 ) 49.8° X Ans.

ol

C+Mgy = SMy;  5031(d) = 35cos 30°(2) + 20(6) — 25(3)

d = 2.10ft Ans.




4-123.

Replace the force system acting on the frame by an
equivalent resultant force and specify where the resultant’s
line of action intersects member BC, measured from
point B.

SOLUTION
b Fp, = SF;  Fry = 35sin30° + 25 = 42.51b
+1Fpy = SF,;  Fgy = 35c0s30° + 20 = 5031 Ib

Fr = V(42.5)* + (50.31)> = 6591b

50.31
— -1 o
6 = tan (42.5>—49.8 ~

C+Mpa = ZMy; 50.31(6) — 42.5(d) = 35cos 30° (2) + 20(6) — 25(3)

d =4.62ft

Ans.

Ans.

30° 20 1b
Xl 4ft
A ‘ I B
Q@ Q
2 ft——‘
o] 31t
Q@
251b
2 ft
C
&St




*4-124.

Replace the force system acting on the post by a resultant
force, and specify where its line of action intersects the post
AB measured from point A.

SOLUTION

Equivalent Resultant Force: Forces F, and F, are resolved into their x and y
components, Fig. a. Summing these force components algebraically along the x and
y axes,

4
B (Fp), = SF;  (Fr), = 250(5) — 500c0s 30° — 300 = —533.01 N = 533.01 N«
3
+1(Fg)y = =F,;  (Fg), = 500sin 30° — 250(§> = 100N 1

The magnitude of the resultant force Fy is given by

Fr = V(Fgp),> + (Fr)y?> = V/533.01> + 100° = 54231 N = 542N Ans.
The angle 0 of F is
(FRr)y 100
= tan ~' = tan ~' =10.63° = 10.6° = Ans.
0 = tan [(FR),V tan {533001} 0.63 0.6 ns

Location of the Resultant Force: Applying the principle of moments, Figs. a and b,
and summing the moments of the force components algebraically about point A4,

C+(Mp)a = SMy;  533.01(d) = 500 cos 30°(2) — 500 sin 30°(0.2) — 250(%)(0.5) - 250(%)(3) + 300(1)

d = 0.8274mm = 827 mm Ans.
Soosinzo I;/“anqm 250C45)N
sON a
Fe. E), =
] /Uk)y JOON
b L2
(Fe) =533.01A
4
A v
i (s

) (b)



4-125.

Replace the force system acting on the post by a resultant
force, and specify where its line of action intersects the post
AB measured from point B.

SOLUTION

Equivalent Resultant Force: Forces F, and F, are resolved into their x and y
components, Fig. a. Summing these force components algebraically along the x and
y axes,

4
B S(Fp), = SF;  (Fr)x = 250<§> — 500cos 30° — 300 = —533.0IN = 533.01 N «

3
+1(Fgr), = 5F,;  (Fg), = 500sin 30° — 250(5) = 100N 1

The magnitude of the resultant force Fy is given by

Fr = V(Fp),> + (Fr),* = V/533.01 + 100% = 54231 N = 542N Ans.
The angle 6 of Fy is
(Fr)y 100
6 = tan ! =t *1{—} =10.63° = 10.6° = Ans.
an [(FR)X M 53300 ns

Location of the Resultant Force: Applying the principle of moments, Figs. a and b,
and summing the moments of the force components algebraically about point B,

C+(Mg)p= SMy;  —533.01(d) = —500cos 30°(1) — 500sin 30°(0.2) — 250(%)(0.5) — 300(2)

d=217m Ans.



4-126.

Replace the loading on the frame by a single resultant force.
Specify where its line of action intersects member AB,
measured from A.

SOLUTION
b Fp, = SF,;  Fge = —200 Ib = 200b <

+TFRy=ZFy; Fgy = =300 — 200 — 400 = —9001b = 900 Ib !

F = V(-200)2 + (—900)> = 922 1b

900
0= tan_l(ﬁ) =775 ¥

CH+ Mgy = SMy;  900(x) = 200(3) + 400(7) + 200(2) — 600 = 0
3200

=" =356f
X =500 3.56 ft

300 1b

~— 3 ft

200 Ib

4 ft

400

‘ S

b

(&

600 1Ib - ft

Ans.

Ans.

Ans.

o/

f
2 ft

A

200 Ib




4-127.

The tube supports the four parallel forces. Determine the
magnitudes of forces Fo and F), acting at C and D so that
the equivalent resultant force of the force system acts
through the midpoint O of the tube.

SOLUTION

Since the resultant force passes through point O, the resultant moment components
about x and y axes are both zero.

=M, =0, Fp(0.4) + 600(0.4) — Fc(0.4) — 500(0.4) = 0

Fc — Fp =100 @
XM, =0; 50000.2) + 600(0.2) — F-(0.2) — Fp(02) =0

Fe + Fp = 1100 )
Solving Egs. (1) and (2) yields:

Fe = 600N Fp = 500N Ans.




*4-128.

Three parallel bolting forces act on the circular plate.
Determine the resultant force, and specify its location (x, z)
on the plate. F, = 200 1b, Fz = 100 Ib, and F = 400 Ib.

SOLUTION

Equivalent Force:

Fx=3F;  —Fg=—400 — 200 — 100

Fr =7001b Ans.

Location of Resultant Force:

Mg = =M,  700(z) = 400(1.5) — 200(1.5 sin 45°) — 100(1.5 sin 30°)

z = 0.447 ft Ans.
Mg = 3M; —700(x) = 200(1.5 cos 45°) — 100(1.5 cos 30°)
x = —0.117 ft Ans.

1.5 ft

30° \<0
/
o S C‘/\}y

S



4-129.

The three parallel bolting forces act on the circular plate. If z
the force at A has a magnitude of F 4, = 200 Ib,determine the
magnitudes of Fg and F( so that the resultant force Fy of the
system has a line of action that coincides with the y axis. Hint: (/\
This requires XM, = 0 and ZM, = 0. g\
c
1.5 ft
SOLUTION o
30°
Since Fg coincides with y axis, Mg, = M R, = 0. ‘\\y Q/q\F "

Mg, = M 0 = 200(1.5 cos 45°) — Fy(1.5 cos 30°)

Fg =163.301b = 163 1b Ans.

Using the result Fz = 163.30 Ib,
My = ZM,; 0 = Fc(1.5) — 200(1.5 sin 45°) — 163.30(1.5 sin 30°)

F-=2231b Ans.
fo




4-130.

The building slab is subjected to four parallel column
loadings. Determine the equivalent resultant force and
specify its location (x, y) on the slab. Take F; = 30 kN,
F, = 40 kN.

SOLUTION
+1Fg = 3F; Fgp=—20 - 50 — 30 — 40 = —140kN = 140kN
(Mg), = EM,;  —140y = —50(3) — 30(11) — 40(13)
y=714m

(M), = SM,;  140x = 50(4)+20(10)+40(10)

x =571m

Ans.

Ans.

Ans.



4-131.

The building slab is subjected to four parallel column
loadings. Determine the equivalent resultant force and
specify its location (x, y) on the slab. Take F; = 20 kN,
F, = 50kN.

SOLUTION
+VFg = 3F;  Fr=20+ 50+ 20 + 50 = 140 kN
Mg, = SM,;  140(x) = (50)(4) + 20(10) + 50(10)
X =643m
Mg, =3M,  —140(y) = —(50)(3) — 20(11) — 50(13)

y=729m

F,

Ans.

Ans.

Ans.



*4-132.

If F4, = 40kN and Fz = 35kN, determine the magnitude z
of the resultant force and specify the location of its point of
application (x, y) on the slab.

SOLUTION x

Equivalent Resultant Force: By equating the sum of the forces along the z axis to
the resultant force Fp, Fig. b,

+1Fg = 3F; —Fr=—30 —20 — 90 — 35 — 40

Fr = 215kN Ans.

Point of Application: By equating the moment of the forces and Fg, about the x and

y axes,

(Mg), = SM,; —215(y) = —35(0.75) — 30(0.75) — 90(3.75) — 20(6.75) — 40(6.75)
y =3.68m Ans.

(Mg), = ZM,; 215(x) = 30(0.75) + 20(0.75) + 90(3.25) + 35(5.75) + 40(5.75)

x =354m Ans.



4-133.

If the resultant force is required to act at the center of the
slab, determine the magnitude of the column loadings F,4
and Fp and the magnitude of the resultant force.

SOLUTION

Equivalent Resultant Force: By equating the sum of the forces along the z axis to 0.75m
the resultant force F,

+1Fz = 3F; —Fr=-30—-20—-90 — F, — Fg
Fr =140 + F, + Fy @

Point of Application: By equating the moment of the forces and Fg, about the x and

y axes,

(Mg), = SM,; —Fx(3.75) = —F3(0.75) — 30(0.75) — 90(3.75) — 20(6.75) — F(6.75)
Fr = 02F + 1.8F, + 132 @)

(Mg), = SM,; Fx(3.25) = 30(0.75) + 20(0.75) + 90(3.25) + F,(5.75) + F(5.75)

Fx = 1.769F, + 1.769F, + 101.54 A3)

Solving Eqgs.(1) through (3) yields

F, = 30kN Fp = 20kN Fr = 190kN Ans.



4-134.

Replace the two wrenches and the force, acting on the pipe
assembly, by an equivalent resultant force and couple

moment at point O.

SOLUTION

Force And Moment Vectors:

F, = {300k} N F; = {100j} N

F, = 200{cos 45° — sin 45°k} N
= {141.42i — 141.42k} N
M, = {100k} N-m
M, = 180{cos 45°1 — sin 45°k} N-m
— {12728 — 12728k} N-m
Equivalent Force and Couple Moment At Point O:

FRZEF, FR=F1+F2+F3
141.42i + 100.0] + (300 — 141.42)k

{141i + 100j + 159k} N Ans.

The position vectors are r; = {0.5j} mandr, = {1.1j} m.

MR(): EMo, MRU:l'] XF] +r2><F2+M1 +M2
i j Ok
=10 05 0
0 0 300
i i k
+ 0 1.1 0

141.42 0 —141.42
+ 100k + 127.28i — 127.28k

= {122i — 183k} N-m Ans.



4-135.

The three forces acting on the block each have a magnitude
of 10 Ib. Replace this system by a wrench and specify the
point where the wrench intersects the z axis, measured from
point O.

SOLUTION
Fx = {—10j) Ib
M, = (6] + 2K) X (—10j) + 2(10)(—0.707i — 0.707j)

= {5.858i — 14.14j} Ib - ft

Require
5.858
z= 0 0.586 ft
Fy = {—10j} 1b

My, = {—14.1j} Ib- ft

F,

4

6 ft

>

/

Ans.

Ans.

Ans.



*4-136.

Replace the force and couple moment system acting on the
rectangular block by a wrench. Specify the magnitude of the
force and couple moment of the wrench and where its line
of action intersects the x—y plane.

N

4 ft

600 1b-ft

SOLUTION * 3t
. L

Equivalent Resultant Force: The resultant forces F;, F,, and F; expressed in

Cartesian vector form can be written as F; = [600j] 1b, F, = [-450i] Ib, and 3001

F; = [300K] Ib. The force of the wrench can be determined from
Fr = 2F; Fr = F; + F, + F; = 600j — 450i + 300k = [—450i + 600j + 300k] 1b
Thus, the magnitude of the wrench force is given by

Fr = V(Fp)> + (Fr),? + (Fr).> = V/(—450)? + 600% + 300> = 807.771b = 808 b Ans.

Equivalent Couple Moment: Here, we will assume that the axis of the wrench passes
through point P, Figs. a and b. Since My, is collinear with F,

—450i + 600j + 300k x
Y V/(=450)2 + 6007 + 3002

MW = MWuFR = M,

= —0.5571M,i + 0.7428M,j + 0.3714M,k

The position vectors rp,, rpp, and rp- are z
rpa=0—x)Ji+@—-y)j+Q2-0k=-xi+@—-yj+2k

tpp =B - 0it+ @ - pj+0-0k=0@-xit+4-y)j

tpe=CB-xi+@-yj+Q2-0k=0C-x)i+@-yj+2k - S 3 My
7
The couple moment M expressed in Cartesian vector form is written as X Plx
M = [600i]lb - ft. Summing the moments of F,, F,, and F; about point P and 140
including M,
&)
My, = EZMp; My =r1py X Fi +rpc X F, +rpg X F3; + M
i j k i j k i j k
—0.5571M,,i + 0.7428M,,j + 03714M k= |-x (4 —y) 2|+ |B—x) @ —y) 2/ +|B—x) (A —y) 0|+ 600i
0 600 0 —450 0 0 0 0 300

—0.5571M,,i + 0.7428M,,j + 0.3714M,,k = (600 — 300y)i + (300x — 1800)j + (1800 — 600x — 450y)k

Equating the i, j, and k components,

—0.5571M,, = 600 — 300y @
0.7428M,, = 300x — 1800 ?2)
0.3714M,, = 1800 — 600x — 450y (&)

Solving Egs. (1),(2),and (3) yields

x = 3521t y = 0.138 1t My, = —1003 1b - ft Ans.

The negative sign indicates that My, acts in the opposite sense to that of F,.



4-137.

Replace the three forces acting on the plate by a wrench.
Specify the magnitude of the force and couple moment for
the wrench and the point P(x, y) where its line of action
intersects the plate.

SOLUTION
Fx = {500i + 300j + 800k} N

Fr = V(500)% + (300)2 + (800)> = 990 N

upg = {0.5051i + 0.3030j + 0.8081k}

Mg, = ZM,; Mg, = 800(4 — y)
MRy' = EMy/; MRy’ = 800x
Mg, = ZMy; Mg, = 500y + 300(6 — x)

Since My, also acts in the direction of u,
Mg (0.5051) = 800(4 — y)
My (0.3030) = 800x
Mg (0.8081) = 500y + 300(6 — x)
Mg = 3.07kN-m
x =116m

y = 2.06 m

Ans.

Ans.

Ans.

Ans.

Z

Fj3 = {800k} N
F, = {500} N




4-138.

The loading on the bookshelf is distributed as shown.
Determine the magnitude of the equivalent resultant
location, measured from point O.

21b/ft | 3.5 1b/ft

SOLUTION
+|lFro = ZF; Fro=8 + 525 =1325 = 1321bl Ans.
S 525U
C+Mgo=3My; 1325x = 525(0.75 + 1.25) — 8(2 — 1.25) ——— 'L‘ BT S
. o , !
x = 0.340 ft Auns. L i Pof J'




4-139.

Replace the distributed loading with an equivalent resultant 3kN/m
force, and specify its location on the beam measured from
point O.

3m ‘ 1.5m—

SOLUTION

Loading: The distributed loading can be divided into two parts as shown in Fig. a.
Equations of Equilibrium: Equating the forces along the y axis of Figs. a and b,
we have

+| Fy = SF; Fr = %(3)(3) + %(3)(1.5) =6.75kN | Ans.

If we equate the moment of Fp, Fig. b, to the sum of the moment of the forces in
Fig. a about point O, we have

CH (Mo = My —675() = =3 IB)Q) — ,(N1HES)
X =25m Ans.

Gk %G1 K

N

0 &




*4-140.

Replace the loading by an equivalent force and couple 200 N/m
moment acting at point O.

SOLUTION
Equivalent Force and Couple Moment At Point O:
+1Fg = SF,; Fp = —800 —
1 Fy v R 800 — 300 20004)=800N +(200)(3) =300N
= —1100N = 1.1I0kN | Ans. N -
C+ Mg, = SMp: Mg, = —800(2) — 300(5) 0”;; ———
7
v L7
= —3100 N-m =z~ 3m T zm

3.10kN-m (Clockwise) Ans.



4-141.

The column is used to support the floor which exerts a force
of 3000 Ib on the top of the column. The effect of soil pressure
along its side is distributed as shown. Replace this loading
by an equivalent resultant force and specify where it acts
along the column, measured from its base A.

SOLUTION
B SFp, = 3SF,;  Fg, =720 + 540 = 1260 b
+{Fg, = SF; Fgy = 30001b
Fr = V(1260)> + (3000)> = 3254 1b
Fr = 325kip
6= tanl[’iggg} =672° ¥
C+ Mgy=3SMy; 1260x = 540(3) + 720(4.5)

x = 3.86 ft

3000 1b

80 Ib /ft
oft |
il 200 Ib//it
A )
3,000k
Ans.
Ans.
Ans.




4-142.

Replace the loading by an equivalent resultant force and
specify its location on the beam, measured from point B.

SOLUTION

+lFr = SF;

C+ Mgp = ZMp;

Fr = 4800 + 1350 + 4500 = 10 650 1b

Fr = 10.6kip |

10 650x = —4800(4) + 1350(3) + 4500(4.5)

x = 0.479 ft

s

800 Ib /ft
500 Ib /ft
/v/l/ o'
_0O
} 12 ft 9 ft
1,350

} 800k ,500 L
-~ -::£ J":..
e i b

B>
X

o




4-143.

The masonry support creates the loading distribution —03m—
acting on the end of the beam. Simplify this load to a single OFb1+——1—
resultant force and specify its location measured from | KN/m : :
point O.

2.5 kN/m
SOLUTION

Equivalent Resultant Force:

+1Fg = 3F,; Fr=1(03) + %(2.5 — 1)(0.3) = 0.525kN 1 Ans.
Location of Equivalent Resultant Force:

C + (Mg)o = =Mp;  0.525(d) = 0.300(0.15) + 0.225(0.2)

d =0.171m Ans.



*4-144.

The distribution of soil loading on the bottom of a
building slab is shown. Replace this loading by an

equivalent resultant force and specify its location, measured 0\
from point O.
50 Ib/ft 100 1b/tt
300 1b /ft
12 ft i 9 ft
SOLUTION
" L 165 f
+1Fy = 2Fy; Fr=50(12) + 5(250)(12) + 5(200)(9) + 100(9) 15 R
=39001b = 3.90 kip 1 Ans. L6 Ry |
o==F%~
. . 50012) bl [7=*711100(9) b
G +Mg, = ZMy; 3900(d) = 50(12)(6) + 5(250)(12)(8) + 5(200)(9)(15) + 100(9)(16.5) P .
(250121 ,
Ans ’ ?( b

d=113ft



4-145.

Replace the distributed loading by an equivalent resultant
force, and specify its location on the beam, measured from the

pin at C.
SOLUTION
+\Fg = SF;

C+Mpe = EMc;

Fgr = 12000 + 6000 = 18 000 Ib
Fr = 18.0kip |
18000x = 12000(7.5) + 6000(20)

x =11.71ft

A A

B

le

800 Ib /£t
15 ft 15 ft
X
Ans. ¢ l‘_"
EN SN -2
i i i
Ans. woooy &0t



4-146.

Replace the distributed loading with an equivalent resultant Wy wy

force, and specify its location on the beam measured from
point A.
[ ;

A

SOLUTION

Loading: The distributed loading can be divided into two parts as shown in Fig. a.
The magnitude and location of the resultant force of each part acting on the beam
are also shown in Fig. a.

Resultants: Equating the sum of the forces along the y axis of Figs. @ and b,

1 L 1 L 1
+lFR =2F; Fr= EWo(z) + EWO(E> = EWOL ) Ans.

If we equate the moments of Fp, Fig. b, to the sum of the moment of the forces in
Fig. a about point A4,

CH+H(MR)s = =M, _%WOL(Y) = —%wo(%)(%) - %m(%)(%L)

X =-—=L Ans.

(a) (b



4-147.

The beam is subjected to the distributed loading. Determine
the length b of the uniform load and its position a on the
beam such that the resultant force and couple moment
acting on the beam are zero.

SOLUTION
Require Fi = 0.
+1Fg = 2Fy; 0=180 — 40b

b =450ft

Require My, = 0. Using the result b = 4.50 ft, we have

4,
C+Mpg, = XMy, 0=180(12) — 40(4.50)(a + %)

a =975t

b |
! 40 1b /tt
o
| A A .
60 Ib /ft
10 ft 6 ft
b
%
Ans.
P |m—=y-—
g = :
T g
A l //
(R 8
12
f
1z %(m)(s)-.,mm
Ans.



*4-148.

If the soil exerts a trapezoidal distribution of load on the
bottom of the footing, determine the intensities wy and wy of
this distribution needed to support the column loadings.

SOLUTION

Loading: The trapezoidal reactive distributed load can be divided into two parts
as shown on the free-body diagram of the footing, Fig. a. The magnitude and loca-
tion measured from point A of the resultant force of each part are also indicated in
Fig. a.

Equations of Equilibrium: Writing the moment equation of equilibrium about
point B, we have

CHEMp=0; W2(8)<4 - 2) + 60<§ - 1) - 80(3.5 — 2) - 50(7 - 2) =0

w, = 17.1875 kN/m = 17.2 kN/m Ans.

Using the result of wy and writing the force equation of equilibrium along the
y axis, we obtain

1
~(w;, — 17.1875)8 + 17.1875(8) — 60 — 80 — 50 = 0

+1 2F, =0; 5

wy = 303125 kN/m = 30.3 kN/m Ans.

bokN BOKN Bokn

im| z5m ,I, 35m

/q'.

e e =]
- —




4-149.

The post is embedded into a concrete footing so that it is
fixed supported. If the reaction of the concrete on the post
can be approximated by the distributed loading shown,
determine the intensity of wq and wy so that the resultant
force and couple moment on the post due to the loadings
are both zero.

SOLUTION

Loading: The magnitude and location of the resultant forces of each triangular dis-
tributed load are indicated in Fig. a.

Resultants: The resultant force Fp of the triangular distributed load is required to
be zero. Referring to Fig. a and summing the forces along the x axis, we have

B Fy=0=3F; 0= %(30)(3) + %(wl)(l.S) - %(WZ)(I.S)
0.75wy — 0.75w, = 45 @

Also, the resultant couple moment Mp of the triangular distributed load is
required to be zero. Here, the moment will be summed about point A, as in Fig. a.

CH(Ma = 0= SMy 0= 2 ()15 = 3 (m)(15)(03) — 5 GOG)E)
0.75w, — 0.375w, = 292.5 @
Solving Egs. (1) and (2), yields

wy = 6601b/ft  w, = 720 Ib/ft Ans.

30

Ib /tt

3
\
\

o5t

oot
7 %

36 0)(5)"\:\\

',é‘(ﬁ)(ﬁs%

Lo

oi5ft A




4-150.

Replace the loading by an equivalent force and couple

. § 6 kN/m 15 kN
moment acting at point O.
oo m 7] ﬁw\l
/\
0!)7 : — /W
| 7.5m 45m
SOLUTION
+1Fy = 3F,;  Fg=-225-135 - 150
522-5 kil
= —51.OkN = 51.0kN| Ans. Fex75)22 .
2(4)(4~5)-/3-5Nl 5K
C+ Mg = =M,; Mg, = =500 — 22.5(5) — 13.5(9) — 15(12) S00KNM T
A :
= —914kN-m
S dal
= 914 kN - m (Clockwise) Ans. T




4-151.

Replace the loading by a single resultant force, and specify
the location of the force measured from point O.

SOLUTION

Equivalent Resultant Force:

+1 Fr = 2F,; —Fg=-225—-135—-15
Fr=510kN |

Location of Equivalent Resultant Force:

C+ (Mpo=3My;  —51.0(d) = —500 — 22.5(5) — 13.5(9) — 15(12)

d=179m

/_3
o !}7 /W
7.5m

4.5m ‘



*4-152.

Replace the loading by an equivalent resultant force and
couple moment at point A.

SOLUTION
F = %(6) (50) = 150 1b
F, = (6)(50) = 3001b
Fy = (4)(50) = 200 1b
B Fr.=3F,;  Fg, = 150sin 60° + 300 sin 60° = 38
+iFRy =2F,; Fgy = 150 cos 60° + 300 cos 60° + 20

Fr = V/(389.71)> + (425)2 = 5771b

425
= _1 = o
0 = tan (389.71> 47.5° X

C+Mpy=EMy;

=22001b-ft = 2.20 kip - ft D

F=2001b

9.71 1b

0 = 4251b

Mgy = 150 (2) + 300(3) + 200(6 cos 60° + 2)

r (bloseo’+2) ft

o369,

50 b /ft

50 Ib /ft

i

6 ft

100 Ib /ft

Ans.

Ans.

771



4-153.

Replace the loading by an equivalent resultant force and 50 Ib /ft
couple moment acting at point B. 50 1b/ft

| B
0

41t l

SOLUTION

F = %(6) (50) = 150 Ib

B, = (6)(50) = 300 1b

F, = (4)(50) = 200 1b
+ Fp. = SF,;  Fg, = 150sin 60° + 300 sin 60° = 389.71 Ib

+lFRy =2F,; Fgy = 150 cos 60° + 300 cos 60° + 200 = 425 1b

Fr = V(389.71)2 + (425)2 = 5771b Ans.
425

= -1 =475 g Ans.

0 = tan (389.71) 7.5 ns.

C+Mgg = XMy, Mg = 150 cos 60° (4 cos 60° + 4) + 150 sin 60° (4 sin 60°)

+ 300 cos 60° (3 cos 60° + 4) + 300 sin 60° (3 sin 60°) + 200 (2)

Mgy = 28001b- ft = 2.80 kip - ft9 Ans.
" (Bcoseo®+4 )t
=200 1Ib




4-154.

Replace the distributed loading by an equivalent resultant
force and specify where its line of action intersects member
AB, measured from A.

SOLUTION

& SFgo=3F,;  Fg,=1000N
+|Fg, = SF; Fgy, = 900N

Fr = V/(1000)> + (900)? = 1345 N

Fr=135kN

0= tan*l[%} =420° &=

C+Mpgy=3SMy; 1000y = 1000(2.5) — 300(2) — 600(3)

y=01m

200 N/m

B

200 N/m

Ans.

Ans.

Ans.

6m
Sm
Q" v
A
30(}»1 600N
™~ ~ 1
v~
|
1,000N e;—-!:
7 1

Fa



4-155.

Replace the distributed loading by an equivalent resultant
force and specify where its line of action intersects member
BC, measured from C.

SOLUTION
& SFp, = 3F,;  Fge = 1000N
+|Fg,=SF,;  Fg,= 90N
Fr = V/(1000)> + (900)> = 1345 N
Fr=135kN

0 = tan! {%} =420° >

C+ Mge = SMc;  900x = 600(3) + 300(4) — 1000(2.5)

x =0.556m

200 N/m
B
Tc
6m
o\l
200 N/m iy

A

Ans.
o g
Ans. [t Ry i
1,000N (—2— :’4

Ans.



*4-156.

Replace the distributed loading with an equivalent resultant w

force, and specify its location on the beam measured from Y
w = wysin (57x)

point A.

SOLUTION

Resultant: The magnitude of the differential force dFy is equal to the area of the
element shown shaded in Fig. a. Thus,

LT
dFr = wdx = (wo sin 2L x)dx

Integrating dF g over the entire length of the beam gives the resultant force Fg.

L - 2woL -
+ Fo = F, = in — == o
! R ld R l <wo sin 2Lx>dx < - cos L x)

Location: The location of dFy on the beam is x, = x measured from point A. Thus,
the location X of F; measured from point A is given by

L
. T 4w,L?
o la 0
/LxchR A x(wosm 2Lx> X - .

= = 2wl 2wl @ Ans.
dFy o il
L

w o

L _ ZWOL

0 w

! Ans.

dfe

e ———————]

- |
A ——

e LN

=
e

L

’I

~



4-157.

Replace the distributed loading with an equivalent resultant w
force, and specify its location on the beam measured from
point A.

w= %(—x2 — 4x + 60) kKN/m

B

SOLUTION

Resultant: The magnitude of the differential force dFy is equal to the area of the
element shown shaded in Fig. a. Thus,

1
dFy = wdx = g(—x2 — 4x + 60)dx
Integrating dFy over the entire length of the beam gives the resultant force Fy.

6m

6m 3
L Be= [dR= [ L-x—ax+60)dx = -5 — 2 + 60x
L o 6 6 3

=36kN | Ans.

0

Location: The location of dFy on the beam is x, = x, measured from point A. Thus
the location X of Fz measured from point A is

4

6m 1 5 ﬁml 1 X 4X3 )
/XchR x| —(=x% = 4x + 60) |dx / (- =4+ 60x)dx G| T4 T T 30x
Jr o 6 Jo 6

6m |

6m

)

0

X = = = =

/dFR 36 36 36
L

=217m Ans.




4-158.

Replace the distributed loading with an equivalent resultant
force, and specify its location on the beam measured from
point A.

SOLUTION

Resultant: The magnitude of the differential force dFg is equal to the area of the ele-
ment shown shaded in Fig. a. Thus,

dfg = wdx = (x2 + 3x + 100)dx

Integrating dFy over the entire length of the beam gives the resultant force Fy.

L x° 3x?
+1 FR:/dFR=/(x2+3x+100)dx: 2 4 100x
L 0 3 2 0

= 2962.51b = 2.96 kip Ans.

15 ft

Location: The location of dFy on the beam is x. = x measured from point A. Thus,
the location X of Fz measured from point A is given by

15 ft

15 1t e X ,
x dFy x| x? + 3x + 100 |dx - T x + 50x
L _Jo 4 0

370 Ib /ft

w = (x> + 3x + 100) Ib/ft

15 ft

X = = = = 9211t Ans.

2962.5 2962.5
[
L




4-159.

Wet concrete exerts a pressure distribution
of the form. Determine the resultant

along the wall
force of this

distribution and specify the height 4 where the bracing strut

should be placed so that it lies through the 1
the resultant force. The wall has a width of 5

SOLUTION

Equivalent Resultant Force:

BFr=3F; —Fg=-

4m
FR = / <2027
0

= 106.67(10°

Location of Equivalent Resultant Force:

I
/ zdA / wdz
A 0

zZ= =

¥4
/dA / wdz
A 0

ine of action of
m.

/IdA = —Azwdz
i)(103)dz

JN = 107kN «

/0 4mz[(zozi)(loﬂdz

A 4m(zoz%)(103)dz
Xm[(zozi)(mﬂdz

4m
/ (2022)(10%)dz
0

=240m

Thus, h=4-7=4-240=160m

Ans.

P> ad

TR AR ST RN L Ay

Il//// V07 ii7
A A /

WL et 00%(5)
=20&L)0?)

Ans.



*4-160.

Replace the loading by an equivalent force and couple
moment acting at point O.

SOLUTION

Equivalent Resultant Force And Moment At Point O:

X
FR=—/dA=—/ wdx
A 0

9m
Fr=— / (200x%)dx
0

= —3600N = 3.60 kN | Ans.

+1Fz = 3F,;

X
Q + MR() = EM(), MR() = _/ xwdx
0

9m
- / x(200x7)dx
0
9m
= - / (200x2 ) dx
0

= —19440N-m

= 19.4kN-m (Clockwise) Ans.

1
w = (200x 2) N/m 600 N/m

9m |

-
-~
-
-
-




4-161.

Determine the magnitude of the equivalent resultant force w
of the distributed load and specify its location on the beam
measured from point A. 420 Ib/ft w=(5 (x— 8)2 +100) Ib/ft
AY Y A A
A |
SOLUTION —
Equivalent Resultant Force: 81t 21t ﬁ‘
X
+1Fg = 3F,; —FR=—/dA=—/ wdx F
A 0 ‘ % ‘
10 ft L 4
F:/ 5(x — 8)* + 100]dx AP -
= [ [50r = 87 + 100 o ” =]
= 1866.67 1b = 1.87 kip | Ans.
Location of Equivalent Resultant Force: dFzda=midx
N wel50x-87+08] b«
| ———

/di / xwdx
dA d - |
/ A wdx I_—K—_, r——dx

A
10 £t
x[5(x — 8)% + 100]dx

_Jo

10 ft
/ [5(x — 8)* + 100]dx
0

X =

10ft
/ (5x% — 80x% + 420x)dx
0

10 ft
/ [S5(x — 8)* + 100]dx
0

= 3.66 ft Ans.



M4-162.

Determine the equivalent resultant force of the distributed
loading and its location, measured from point A. Evaluate
the integral using Simpson’s rule.

SOLUTION
4 1
FR=/wdx=/ \V5x + (16 + x?)2 dx
0
Fr = 149kN
4 4 :
/YdF:/(x)\/5x+(l6x+x2)5dx
0 0
= 33.74kN-m
¥ =2 07m

14.9

w=/5x + (16 + x*)> kN /m

5.07 kN/m

Ans.

Ans.

3m



4-163.

Determine the resultant couple moment of the two couples
that act on the assembly. Member OB lies in the x-z plane.

400 N

SOLUTION
For the 400-N forces:

My = a5 X (4000)
i j K
— [0.6cos45° —05 —0.6sin 45° >\
400 0 0 400N
—
— ~169.7j + 200k 1507

For the 150-N forces:

M, = rop X (150§)

i j k

= 10.6 cos 45° 0 —0.6 sin 45°
0 150 0

= 63.6i + 63.6k

Mcr = M¢; + Mc;

Mcg = {63.6i — 170j + 264k} N-m Ans.



*4-164.

The horizontal 30-N force acts on the handle of the wrench.
What is the magnitude of the moment of this force about the
z axis?

SOLUTION

Position Vector And Force Vectors:

rzs4 = {—0.01i + 0.2j} m
o4 = [(—0.01 — 0)i + (0.2 — 0)j + (0.05 — 0)k} m
= {—0.01i + 0.2j + 0.05k} m
F = 30(sin 45° — cos 45°j) N
= [21.213i — 21.213j] N

Moment of Force F About z Axis: The unit vector along the z axis is k. Applying
Eq.4-11, we have

M, =k-(rzgq X F)
0 0 1
= |-0.01 0.2 0
21213 -21213 0
=0- 0+ 1[(-0.01)(=21.213) — 21.213(0.2)]
= —403N-m Ans.
Or
M, =k-(roq X F)
0 0 1

—0.01 0.2 0.05
21.213  —21.213 0

0 — 0 + 1[(~0.01)(—21.213) — 21.213(0.2)]

—4.03N-m Ans.

The negative sign indicates that M, is directed along the negative z axis.



4-165.

The horizontal 30-N force acts on the handle of the wrench.
Determine the moment of this force about point O. Specify
the coordinate direction angles «, 3, y of the moment axis.

SOLUTION

Position Vector And Force Vectors:
ros = {(=0.01 — 0)i + (0.2 — 0)j + (0.05 — 0)k} m
= {-0.01i + 0.2j + 0.05k} m
F = 30(sin 45°i — cos 45°j) N
= {21.213i — 21.213j} N
Moment of Force F About Point O: Applying Eq.4-7, we have
My =roqa X F
i J k
= |—0.01 0.2 0.05
21213 —-21213 O

{1.061i + 1.061j — 4.031k} N-m
= {1.06i + 1.06j — 4.03k} N-m

The magnitude of M, is

Mo = V1.0612 + 1.061% + (—4.031)> = 4301 N-m

The coordinate direction angles for M, are

1.061
= -1 === = °
a = Cos (4'301) 75.7

Ans.

Ans.

Ans.

Ans.




4-166.

The forces and couple moments that are exerted
on the toe and heel plates of a snow ski are
F, = {—50i + 80j — 158k} N,M, = {—6i + 4j+ 2k} N-m, and
F, ={-20i +60j —250k} N,M, ={-20i +8j + 3k} N-m,
respectively. Replace this system by an equivalent force and
couple moment acting at point P. Express the results in
Cartesian vector form.

SOLUTION
Fr = F, + F, = {~70i + 140j — 408k} N Ans.
i j Ok i j Kk
Mgp={08 0 0 |[+[092 0 0 |+ (—6i+4j+2k) + (—20i + 8j + 3k)
—20 60 —250| |-50 80 —158
Mgy = (200j + 48k) + (145.36] + 73.6k) + (—6i + 4j + 2K) + (—20i + 8j + 3K)

Mpgp = {~26i + 357.36j + 126.6k} N-m

Mpgp = {—26i + 357j + 127k} N-m Ans.




4-167.

Replace the force F having a magnitude of F = 501b and
acting at point A by an equivalent force and couple moment
at point C.

SOLUTION

. 50[ (10i + 15§ — 30K) }
R V(10) + (15 + (=30)2

Fr = {14.3i + 21.4j — 42.9k} 1b
i i k
MRC = Icp X F = 10 45 0

1429 2143 —42.86
= {—1929i + 428.6j — 428.6k} Ib- ft

M, = {—1.93i + 0.429j — 0.429k]} kip - ft

Ans.




*4-168.

Determine the coordinate direction angles «, 3, y of F, which
is applied to the end A of the pipe assembly, so that the
moment of F about O is zero.

SOLUTION

Require My = 0. This happens when force F is directed along line OA either from

point O to A or from point A to O. The unit vectors up, and u,p are
_(6-0i+ (14-0)j+ (10 - 0)k

VA6 - 07 + (14 — 07 + (10 — 0)?

0.3293i + 0.7683j + 0.5488k

Uoa

Thus,
a = cos 10.3293 = 70.8°

cos10.7683 = 39.8°

®
Il

v = cos 10.5488 = 56.7°
or
(0 — 6)i + (0 — 14)j + (0 — 10)k
V(0 = 6)% + (0 — 14)* + (0 — 10)?
= —0.3293i — 0.7683j — 0.5488k

Uy0 =

Thus,
a = cos ' (—0.3293) = 109°
B = cos™ ' (—0.7683) = 140°

y = cos 1 (—0.5488) = 123°

F=201b

8 in. 6 in.
X

Ans.
Ans.

Ans.

Ans.
Ans.

Ans.



4-169.

Determine the moment of the force F about point O. The F=201b
force has coordinate direction angles of & = 60°, B = 120°,
v = 45°. Express the result as a Cartesian vector.
z I

SOLUTION

Position Vector And Force Vectors:

8 in. 6 in.
ros = {(6 — 0)i + (14 — 0)j + (10 — 0)k} in. X

= {6i + 14j + 10k} in.
F = 20(cos 60°i + cos 120°j + cos 45°k) 1b

= (10.0i — 10.0j + 14.142k} Ib

Moment of Force F About Point O: Applying Eq.4-7, we have
MO =Tpa X F
i j k
6 14 10
10.0 —10.0 14.142

= {298i + 15.1i — 200k} Ib-in Ans.



4-170.
Determine the moment of the force F, about the door hinge b4
at A. Express the result as a Cartesian vector. /\
/
2.5m
/ Fo=
SOLUTION 4
Position Vector And Force Vector: %1
& |
. . . &
rap = {[-05 — (-05)]i + [0 — (-D]j + (0 — 0O)k} m = {1j} m ;;/
/< B
a
I'm <>/ 0.5m
&

[-0.5 — (—2.5)]i +
F = 250 {0—[—(1 + 1.5c0s30°]}j + (0 — 1.5sin 30°)k N .
\/ [—0.5 — (25 +
[0 —[—(1 + 1.5co0s 30°)]}> + (0 — 1.55sin 30°)? . ,
= [159.33i + 183.15j — 59.75k]N

Moment of Force F. About Point A: Applying Eq. 4-7, we have

MA=rAB><F
i i k
= 0 1 0

159.33 183.15 —59.75
Ans.

= {=59.7i — 159kIN - m



4-171.
Z%

Determine the magnitude of the moment of the force F,

about the hinged axis aa of the door.
25m
/ Fe
SOLUTION 4
QU

Position Vector And Force Vectors:
ra = {[-05 = (=05)]i + [0 — (=D]j + (0 — 0)k} m = {1j} m
{=0.5 — (=2.5)]i + a /<1 m
F. - 250 {0—[—(@1+ 1.5c0s30°]}j + (0 — 1.5sin 30°)k N /
J [-0.5 — (=2.5)] +
{0—[— (1 + 1.5co0s30°)]}> + (0 — 1.55sin 30°)? .

= [159.33i + 183.15j — 59.75k] N
Moment of Force F, About a - a Axis: The unit vector along the a — a axis is i.
Applying Eq. 4-11, we have

Mafa = i’(l.AB X FC)
1 0 0
= 0 1 0
15933 183.15 —59.75

= 1[1(~59.75) — (183.15)(0)] — 0 + O

= —=597N'm

The negative sign indicates that M,_, is directed toward the negative x axis.
Ans.

M, ,=597N-m

<

\

\O
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*4-172.

The boom has a length of 30 ft, a weight of 800 lb, and mass
center at G. If the maximum moment that can be developed
by the motor at A is M = 20(10%) Ib- ft, determine the
maximum load W, having a mass center at G', that can be
lifted. Take 6 = 30°.

SOLUTION
20(10%) = 800(16 cos 30°) + W(30 cos 30° + 2)

W =3191b

Ans.




4-173.

If it takes a force of F = 125 Ib to pull the nail out, determine
the smallest vertical force P that must be applied to the
handle of the crowbar. Hint: This requires the moment of F
about point A to be equal to the moment of P about A. Why?

SOLUTION

C+ My = 125(sin 60°)(3) = 324.7595 Ib - in.

C+ M, = P(14cos20° + 1.5sin 20°) = My = 324.75951b - in.

P =2381b Ans.



5-1.

Draw the free-body diagram of the dumpster D of the
truck, which has a weight of 5000 1b and a center of gravity
at G. It is supported by a pin at A and a pin-connected
hydraulic cylinder BC (short link). Explain the significance
of each force on the diagram. (See Fig. 5-7b.)

SOLUTION
The Significance of Each Force:

W is the effect of gravity (weight) on the dumpster.
Ay and A, are the pin A reactions on the dumpster.

F gc is the hydraulic cylinder BC reaction on the dumpster.




5-2.

Draw the free-body diagram of member ABC which is
supported bya smooth collar at A, rocker at B, and short link
CD. Explain the significance of each force acting on the

D
25 KN Caigﬂ(
A

diagram. (See Fig. 5-7b.) /%\

SOLUTION ! 4m
The Significance of Each Force:

N 4 is the smooth collar reaction on member ABC.

N p is the rocker support B reaction on member ABC.

Fcp is the short link reaction on member ABC.

2.5 kN is the effect of external applied force on member ABC.

4 kN - m is the effect of external applied couple moment on member ABC.

60° 4 kN
\ AN "
A\XS; \7B
] 6m
25Kl Feo
. 3m
/40' me)’J[
‘.— A S—
Y | ~
[ 4m | 6m
NA Ng



5-3.

Draw the free-body diagram of the beam which supports the o
80-kg load and is supported by the pin at A and a cable which D\
wraps around the pulley at D. Explain the significance of A\
each force on the diagram. (See Fig. 5-7b.)

SOLUTION

T force of cable on beam.

Ay, A, force of pin on beam.

80(9.81)N force of load on beam.

Am Zm I15m
80(79.81)N



*5-4.

Draw the free-body diagram of the hand punch, which is
pinned at A and bears down on the smooth surface at B.

SOLUTION
=m4—ﬂ_|,_
l 15§t
\J::F?:—M‘
| ]
8

2 ft




5-5.
Draw the free-body diagram of the uniform bar, which has a

mass of 100 kg and a center of mass at G.The supports A, B,
and C are smooth.

SOLUTION

100(381)




5-6.

Draw the free-body diagram of the beam,which is pin

supported at A and rests on the smooth incline at B.

SOLUTION

16 : .
400 8ot 2004 4a  4opii
3+t AL LY

t ¢ ]
Ax = ]

8001b 800 1b
6001b  6001b

400 Ib
3ft 3 ft—
0.6t ) |
/* ; o 121t
i B o f
0.6 ft 5o



5-7.

Draw the free-body diagram of the beam, which is pin
connected at A and rocker-supported at B.

SOLUTION

A ‘am . L

500N




*5-8.

Draw the free-body diagram of the bar, which has a
negligible thickness and smooth points of contact at A, B,
and C. Explain the significance of each force on the
diagram. (See Fig. 5-7b.)

SOLUTION

N 4, N, N force of wood on bar.

10 1b force of hand on bar.

101b "




5-9.

Draw the free-body diagram of the jib crane AB, which is pin
connected at A and supported by member (link) BC.

SOLUTION




5-10.

Determine the horizontal and vertical components of 4kN
reaction at the pin A and the reaction of the rocker B on
the beam.
A !o: (> B
SOLUTION ‘ ‘ | 30°
‘ 6m ~—2m
Equations of Equilibrium: From the free-body diagram of the beam, Fig. a, Nj; can
be obtained by writing the moment equation of equilibrium about point A.
€SM, =0 Ny c0s30°(8) — 4(6) = 0 4k
Np = 3.464 kN = 3.46 kN Ans.
Using this result and writing the force equations of equilibrium along the x and —X
y axes, we have /’00 *
_—m
XSF =0 A, — 3.464 sin30° = 0 r em 30 "
Ay 8
A, = 1.73kN Ans. ()
+T2Fy =0 A, + 3464 cos30° — 4 =0

A, = 1.00kN Ans.



5-11.

Determine the magnitude of the reactions on the beam at A
and B. Neglect the thickness of the beam.

SOLUTION

S3F =0

+13F, = 0;

B, (12) — (400cos 15°)(12) — 600(4) = 0
B, = 586.37 = 586 N

A, — 400sin 15° = 0

A, = 103.528 N

A, — 600 — 400 cos 15° + 586.37 = 0

A, =400 N

F, = V(103.528)2 + (400)> = 413 N

600 N 15°
1
5
3N\ B
A
~—4m 8m
Ans. booN .
Ay | (5 4o
1 Ax ﬁ/

AI:‘— 4m —»L—— g&m *——?ﬁ[ 6:'

Ans.



*5-12.

Determine the components of the support reactions at the
fixed support A on the cantilevered beam.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the cantilever beam, Fig. a,
Ax,Ay, and M 4 can be obtained by writing the moment equation of equilibrium about
point A.

X 3E =0 4 cos30°— A, =0

A, =346 kN Ans.
+13E = 0; A, — 6 — 4sin30° = 0

A, = 8kN Ans.

C+=My, = 0;M, — 6(1.5) — 4 cos30° (1.5sin 30°) — 4 sin 30°(3 + 1.5co0s30°) = 0

My =202kN+m Ans.

6 kN

6 kn

rsm T 15m 7



5-13.

The 75-kg gate has a center of mass located at G. If A
supports only a horizontal force and B can be assumed as a
pin, determine the components of reaction at these supports.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the gate, Fig. a, B, and
A can be obtained by writing the force equation of equilibrium along the y axis and
the moment equation of equilibrium about point B.

+13F, = 0; B, —75(9.81) = 0
B, = 735.75N = 736N Ans. 75(700N
C+EMp = 0; A (1) — 75(9.81)(1.25) = 0 R [48m
I
A, =919.69N = 920N Ans. S —
Using the result A = 919.69 N and writing the force equation of equilibrium along Im ]/w
the x axis, we have | =
Bx
L 3F =0 B, — 919.69 = 0

B, = 919.69N = 920N Ans. &y @



5-14.

The overhanging beam is supported by a pin at A and
the two-force strut BC. Determine the horizontal and
vertical components of reaction at A and the reaction at B
on the beam.

SOLUTION

Equations of Equilibrium: Since line BC'is a two-force member, it will exert a force Fy-
directed along its axis on the beam as shown on the free-body diagram, Fig. a. From the
free-body diagram, F - can be obtained by writing the moment equation of equilibrium
about point A.

3
C+=M, = 0; FBC(§>(2) — 600(1) — 800(4) — 900 =0 GooN BooN
L Im Im Zm
Fpc = 3916.67 N = 3.92 kN Ans. l‘ 'r. |
k
Usi hi 1 d writi he fi i f ilibri 1 h Ef )
sing this result and writing the force equations of equilibrium along the x and Aw ~ 3 Joon-m
y axes, we have ¥ E
A'g - ee
4 ()
X SF =0 3916.67(5) —A,=0
A, = 313333 N = 3.13kN Ans.
3
+T2Fy =0 —A, — 600 — 800 + 3916.67(5) =0

A, =950N Ans.



5-15.

Determine the horizontal and vertical components of
reaction at the pin at A and the reaction of the roller at B on

the lever.
141

SOLUTION

Equations of Equilibrium: From the free-body diagram, Fz and A, can be obtained
by writing the moment equation of equilibrium about point A and the force
equation of equilibrium along the x axis, respectively.

C+=M, = 0; 50 cos 30°(20) + 50 sin 30°(14) — F5(18) = 0
Fz = 67.561b = 67.61b Ans.
£ 3F =0 A, — 50sin30° =
A, =251b Ans.

Using the result Fg = 67.56 1b and writing the force equation of equilibrium along
the y axis, we have

+I3F, = 0; A, — 50 cos 30° — 67.56 = 0
A, =110861b = 1111b Ans.



*5-16.

Determine the components of reaction at the supports A and
B on the rod.

SOLUTION

Equations of Equilibrium: Since the roller at A offers no resistance to vertical
movement, the vertical component of reaction at support A is equal to zero. From
the free-body diagram, A, By, and M, can be obtained by writing the force
equations of equilibrium along the x and y axes and the moment equation of
equilibrium about point B, respectively.

X SF, = 0; A, =0 Ans.
+12F, = 0; B,—P=0
B, =P Ans.
L
PL
My =—— Ans.

ot~

|t~

000000

«@)




5-17.

If the wheelbarrow and its contents have a mass of 60 kg and
center of mass at G, determine the magnitude of the resultant
force which the man must exert on each of the two handles in
order to hold the wheelbarrow in equilibrium.

SOLUTION

C+SMpy = 0; ~A, (1.4) + 60(9.81)(0.9) = 0
A, = 37839 N

+13F, = 0; 378.39 — 60(9.81) + 2B, = 0 —
B, =105.11 N

L3F, =0 B, =0 o.eIT 1{‘: & 2 osm
Fp=105N Ans. A E



5-18.

Determine the tension in the cable and the horizontal and
vertical components of reaction of the pin A. The pulley at
D is frictionless and the cylinder weighs 80 Ib.

":A
D) ) C
SOLUTION
‘ 5ft 5ft 3 ft
Equations of Equilibrium: The tension force developed in the cable is the same
throughout the whole cable. The force in the cable can be obtained directly by 1
summing moments about point A.
2 -
C+IM,=0; T(5 + T( )(10) - 80(13) =0
Vs
T =74.5831b = 74.61b Ans.
T T
1 N
5 3F, =0 A, - 74.583<> =0 :N?
: : Vs Ax 7
——) A)
A, =3341b Ans. L A
BEREEER
+13F,=0; 74583 + 74.583 2 -8 —-B,=0 Aa’ M
y — Y . . \/g y 80l6

A, =6131b Ans.



5-19.

The shelf supports the electric motor which has a mass of

15 kg and mass center at G,,. The platform upon which it
rests has a mass of 4 kg and mass center at G,. Assuming that

a single bolt B holds the shelf up and the bracket bears
against the smooth wall at A, determine this normal force
at A and the horizontal and vertical components of reaction
of the bolt on the bracket.

SOLUTION
TTHEA
C+3M, = 0; B, (60) — 4(9.81)(200) — 15(9.81)(350) = 0 |
B, = 989.18 = 989 N Ans.
B IF, =0 A, = 989.18 = 989N Ans.
+13F, =0 B, = 4(9.81) + 15(9.81)
B, = 186.39 = 186 N Ans.
Homm
8‘( —
LO"\M 33

Ax




*5-20.

The pad footing is used to support the load of 12 000 Ib.
Determine the intensities w; and w, of the distributed
loading acting on the base of the footing for the

equilibrium.

SOLUTION

Equations of Equilibrium: The load intensity w, can be determined directly by

summing moments about point A.

+T2Fy:0;

1
5 (w1 = 1.646)<3S> + 1.646(35

wz(iz)(n.s ~ 11.67) — 12(14 — 11.67) = 0

w, = 1.646 kip/ft = 1.65 kip/ft

12 12

wy = 6.58 kip/ft

)—12:O

12 000 1b

9 in.—|

9 in.—

(imil
1

Ans.

Ans.

-

Il ]
AT
:
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VAC)

(M- )(EE)

A -
e 58N 175




5-21.

When holding the 5-1b stone in equilibrium, the humerus H,
assumed to be smooth, exerts normal forces F- and F, on
the radius C and ulna A as shown. Determine these forces
and the force Fp that the biceps B exerts on the radius for
equilibrium. The stone has a center of mass at G. Neglect the
weight of the arm.

SOLUTION

C+3Mp = 0; ~512) + F4(2) =0
F,=301b

+13F, = 0; Fp sin75° —=5-30=0
Fp=3621b

B IF. =0, Fe —362c¢0s75° =0
Fc =9381b

Ans.

Ans.

14 in.




5-22.

The smooth disks D and E have a weight of 200 Ib and 100 Ib,
respectively. If a horizontal force of P = 200 Ib is applied to
the center of disk E, determine the normal reactions at the
points of contact with the ground at A, B, and C.

SOLUTION
For disk E:
5 3F, =0 —P+N’<\/Szj>:o
(1
+15F,=0; No—100 - N (g)=o P=2001b
For disk D:
B IF, = 0; NA<:>—N’<\/5274> =0
+13F, = 0; NA(%)+NB—ZOO+N’(%)=O NC-

Set P = 200 Ib and solve:

N’ = 20412 1b
N, =2501b
Np = 9.181b

Ne = 141 1b




5-23.

The smooth disks D and E have a weight of 200 Ib and 100 Ib,
respectively. Determine the largest horizontal force P that
can be applied to the center of disk £ without causing the
disk D to move up the incline.

SOLUTION
For disk E:
B SF =0; —P+N'<\ézz>:o

1
+13F,=0;  Ne—100 — N’ (g) =0

For disk D:

SIF =0, Ny (g) - N’ <\/5274> -

3 1
+13F, =0, N4 (g) + Nz — 200 + N’ (g) =0

Require Np = 0 for P, . Solving,

N'=2141b
P = 2101b
N, = 2621b

Ne = 1431b




*5-24.

The man is pulling a load of 8 b with one arm held as
shown. Determine the force Fy this exerts on the humerus
bone H, and the tension developed in the biceps muscle B.
Neglect the weight of the man’s arm.

SOLUTION

C+3EZMg=0; —8(13) + Fy(1.75) = 0
Fy = 5943 = 59.41b

BSF, =0, 8 — Ty + 5943 =0

Ty = 6741b

Ans.

Ans.

81b

130

To = —Fumin



5-25.
Determine the magnitude of force at the pin A and in the

cable BC needed to support the 500-1b load. Neglect the
weight of the boom AB.

SOLUTION

Equations of Equilibrium: The force in cable BC can be obtained directly by
summing moments about point A.

C+XZM, = 0; Fpc sin 13°(8) — 500 cos 35°(8) = 0
Fpe = 1820.7 1b = 1.82 kip Ans.
=+ .
S 2F, = 0; A, — 1820.7 cos 13° — 500 sin 35° = 0
A, = 20609 Ib
N+2F, = 0; A, + 1820.7 sin 13° — 500 cos 35° = 0
A, =0

Thus, F, = A, = 2060.91b = 2.06 kip Ans.




5-26.

The winch consists of a drum of radius 4 in., which is pin
connected at its center C. At its outer rim is a ratchet gear
having a mean radius of 6 in. The pawl AB serves as a
two-force member (short link) and keeps the drum from
rotating. If the suspended load is 500 Ib, determine the
horizontal and vertical components of reaction at the pin C.

SOLUTION

Equations of Equilibrium: The force in short link AB can be obtained directly by
summing moments about point C.

V13

3
E3F, =0, 400.62<> -C,=0
X VE X
C, =3331b Ans.
+13F, =0; C —500—40062<2>=0

C,=7221b Ans.




5-217.

The sports car has a mass of 1.5 Mg and mass center at G. If
the front two springs each have a stiffness of K, = 58 KN/m
and the rear two springs each have a stiffness of
kp = 65 kN/m, determine their compression when the car
is parked on the 30° incline. Also, what friction force Fp
must be applied to each of the rear wheels to hold the car in
equilibrium? Hint: First determine the normal force at A
and B, then determine the compression in the springs.

SOLUTION

Equations of Equilibrium: The normal reaction N, can be obtained directly by
summing moments about point B.

C+ =My =0; 14 715 cos 30°(1.2)

~ 14715 5in 30°(0.4) — 2N 4 (2) = 0

N, = 3087.32N
N+ SF, = 0; 2F — 147155sin30° = 0
Fp = 3678.75N = 3.68 kN Ans.
/+ 3F, =0 2Ny + 2(3087.32) — 14715 cos 30° =
Ny = 328446 N

Spring Force Formula: The compression of the sping can be determined using the
sp

spring formula x =

3087.32

X4 = 5. = 0.05323 m = 53.2 mm Ans.
58(10%)

Xp = 328446 _ 0.05053 m = 50.5 mm Ans.

65(10%)

1500(9.81) 2/4.715 a!




*5-28.

The telephone pole of negligible thickness is subjected to the
force of 80 Ib directed as shown. It is supported by the cable
BCD and can be assumed pinned at its base A. In order to
provide clearance for a sidewalk right of way, where D is
located, the strut CE is attached at C, as shown by the dashed
lines (cable segment CD is removed). If the tension in CD’
is to be twice the tension in BCD, determine the height % for
placement of the strut CE.

SOLUTION

C+3IM,=0; —80(30) cos 30° +

V10

Tpep = 219.089 1b

Tpep (30) =0

Require T'¢p = 2(219.089) = 438.178 b

C+3M,=0; 438.178(d) — 80 cos 30°(30) = 0

d = 47434 ft
30—h 30
47434 10

300 — 10h = 142.3025

h =158 ft

Ans.

30 ft




5-29.

The floor crane and the driver have a total weight of 2500 b
with a center of gravity at G. If the crane is required to lift
the 500-1b drum, determine the normal reaction on both the
wheels at A and both the wheels at B when the boom is in
the position shown.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the floor crane, Fig. a,

C+3My = 0;2500(1.4 + 8.4) — 500(15 cos 30° — 8.4) — N4(22 + 1.4 +84) = 0

N4 = 1850.401b = 1.85 kip Ans.

+13Fy =0; 1850.40 — 2500 — 500 + Ny =0

Ny = 1149.601b = 1.15 kip Ans.




5-30.

The floor crane and the driver have a total weight of 2500 1b
with a center of gravity at G. Determine the largest weight
of the drum that can be lifted without causing the crane to
overturn when its boom is in the position shown.

SOLUTION

Equations of Equilibrium: Since the floor crane tends to overturn about point B, the
wheel at A will leave the ground and N, = 0. From the free - body diagram of the
floor crane, Fig. a, W can be obtained by writing the moment equation of
equilibrium about point B.

C+3My = 0; 2500(1.4 + 8.4) — W(15 cos 30° — 8.4) = 0

W = 5337.251b = 5.34 kip Ans.

25001b




5-31.

The mobile crane has a weight of 120,000 1b and center of
gravity at Gy; the boom has a weight of 30,000 Ib and center
of gravity at G,. Determine the smallest angle of tilt 6 of
the boom, without causing the crane to overturn if the
suspended load is W = 40,000 Ib. Neglect the thickness of
the tracks at A and B.

SOLUTION
When tipping occurs, R4 = 0

C+SMy=0;  —(30000)(12 cos 6 — 3) — (40 000)(27 cos 6 —3) + (120 000)(9) = 0

6 = cos™!(0.896) = 26.4° Ans.



*5-32.

The mobile crane has a weight of 120,000 1b and center of
gravity at Gy; the boom has a weight of 30,000 Ib and center
of gravity at G,. If the suspended load has a weight of
W = 16,000 Ib, determine the normal reactions at the tracks
A and B. For the calculation, neglect the thickness of the
tracks and take 6 = 30°.

SOLUTION

C+SMp=0; —(30000)(12cos 30° — 3) — (16 000)(27 cos 30° — 3) — R,(13) + (120 000)(9) = 0
R, = 409311b = 40.9 kip Ans.

+1SF,=0; 40931 + Rz — 120000 — 30 000 — 16 000 = 0

Ry = 125kip Ans.




5-33.

The woman exercises on the rowing machine. If she exerts a
holding force of FF = 200 N on handle ABC, determine the
horizontal and vertical components of reaction at pin C and
the force developed along the hydraulic cylinder BD on the
handle.

SOLUTION

Equations of Equilibrium: Since the hydraulic cylinder is pinned at both ends, it can
be considered as a two-force member and therefore exerts a force Fpp directed
along its axis on the handle, as shown on the free-body diagram in Fig. a. From the
free-body diagram, Fgzp can be obtained by writing the moment equation of
equilibrium about point C.

C+IMc = 0; Fgp cos 15.52°(250) + Fppsin 15.52°(150) — 200 cos 30°(250 + 250)
—200 sin 30°(750 + 150) = 0
Fpp = 62842 N = 628 N Ans. 200N
Using the above result and writing the force equations of equilibrium along the x and 2,250 mﬂ — d=tan -f(;j—g) =552"
y axes, we have
L SF, = 0; C, + 200 cos 30° — 628.42 cos 15.52° = 0 o.z0m | | Ao sC,
C,=43229N = 432N Ans. 7o mn VN
+13F, = 0; 200 sin30° — 628.425in15.52° + C, = 0 m)ﬂ- isom Cof

C, =6819N = 682N Ans.



5-34.

The ramp of a ship has a weight of 200 1b and a center of
gravity at G. Determine the cable force in CD needed to just
start lifting the ramp, (i.e., so the reaction at B becomes zero).
Also, determine the horizontal and vertical components of
force at the hinge (pin) at A.

SOLUTION
C+=ZM, =0; — Fcp cos 30°(9 cos 20°) + Fep sin 30°(9 sin 20°) + 200(6 cos 20°) = 0
Fcp = 1949 = 1951b Ans.
B 3F, =0 194.95in30° — A, = 0 Fep
3° A
A, =9751b Ans. T<——ﬂz
+13F, = 0; Ay — 200 + 1949 cos 30° = 0 B o° nj

2001
A, =3121b Ans. (323
"t 3t



5-35.

The toggle switch consists of a cocking lever that is pinned to
a fixed frame at A and held in place by the spring which has
an unstretched length of 200 mm. Determine the magnitude
of the resultant force at A and the normal force on the peg
at B when the lever is in the position shown.

SOLUTION

1= V(03)2 + (0.4)* — 2(0.3)(0.4)cos 150° = 0.67664 m

sinf  sin 150°
0.3 0.67664°

0 = 12.808°

s = ks = 5(0.67664 — 0.2) = 23832 N
C+SM, =0, —(2.3832 sin 12.808°)(0.4) + Ny (0.1) = 0
Np=211327N = 2.11 N Ans.
J+3SF,=0; A, — 23832 cos12.808° = 0
A, =23239N
+NZF, =0; A, + 211327 — 2.3832 sin 12.808° = 0

A, = —15850N

Fu=V(23239)? + (—1.5850)2 = 2.81 N Ans.




*5-36.

The worker uses the hand truck to move material down the
ramp. If the truck and its contents are held in the position
shown and have a weight of 100 1b with center of gravity
at G, determine the resultant normal force of both wheels on
the ground A and the magnitude of the force required at the
grip B.

SOLUTION

C+IMp = 0; (N4 cos 30°)(5.25) + N,sin 30°(0.5)
— 100 sin 30°(3.5) — 100 cos 30°(2.5) = 0
N,y =81.6211b = 81.61b

+NIF, =0,  — B, + 100 cos 30° — 81.621 sin 30° = 0
B, = 45.7921b

7+ 3F, =0 By, — 100 sin 30° + 81.621 cos 30° = 0
B, = —20.686 1b

Fg = V(45.792)* + (—20.686)> = 50.2 1b

Ans.

Ans.




5-37.

The boom supports the two vertical loads. Neglect the size
of the collars at D and B and the thickness of the boom,
and compute the horizontal and vertical components of
force at the pin A and the force in cable CB. Set
F; = 800N and F, = 350 N.

SOLUTION
C+IM, = 0; —800(1.5 cos 30°) — 350(2.5 cos 30°)
4 3 (e} 3 {e}
+ gFCB (2.55in 30°) + gFCB(2~5 cos 30°) = 0
Fep = 781.6 = 782N Ans.
4

L SF. =0, Ay = <(781.6) = 0

A, = 625N Ans.

3

+12F, =0; A, — 800 — 350 + 5(781.6) =0

A, = 681N Ans.




5-38.

The boom is intended to support two vertical loads, F; and F,.
If the cable CB can sustain a maximum load of 1500 N before
it fails, determine the critical loads if F; = 2F,. Also, what is
the magnitude of the maximum reaction at pin A?

SOLUTION
C+=M, = 0;

S3F =0

+13F, = 0;

—2F»(1.5 cos 30°) — F,(2.5 cos 30°)
4 . 3
+ 5(1500)(2.5 sin 30°) + 5(1500)(2.5 cos 30°) = 0

F, = 724N
F, = 2F, = 1448 N

F, = 145kN
4
A, = 5(1500) = 0
A, = 1200N
3
Ay = 724 — 1448 + £ (1500) = 0

A, =1272N

F4 = V(1200)* + (1272)> = 1749 N = 1.75kN

Ans.

Ans.

Ans.




5-39.

The jib crane is pin connected at A and supported by a
smooth collar at B. If x = 8 ft, determine the reactions on
the jib crane at the pin A and smooth collar B. The load has a
weight of 5000 1b.

SOLUTION

Equations of Equilibrium: Referring to the FBD of the jib crane shown in Fig. a,
we notice that Ny and Ay can be obtained directly by writing the moment
equation of equilibrium about point A and force equation of equilibrium along
y axis, respectively.

€M, =0 Np(12) = 5000(8) = 0
Np = 333333 1b = 3333 1b = 3.33 kip Ans.
+12F, = 0; A, — 5000 = 0 A, =50001b =500kip Ans.

Using the result of N to write the force equation of equilibrium along x axis,
£ 3F =0 A, — 333333 =0
A, =3333331b = 33331b = 3.33 kip Ans.

i X
A,
) ()
12 ft i
s
i
Ul
X »In »In
oAl
Ns g1 N
!
Hf 5000 |b
A_,;J @)



*5-40.

The jib crane is pin connected at A and supported by a
smooth collar at B. Determine the roller placement x of
the 5000-1b load so that it gives the maximum and
minimum reactions at the supports. Calculate these
reactions in each case. Neglect the weight of the crane.
Require 4 ft = x = 10 ft.

SOLUTION

Equations of Equilibrium:

C+3IM,=0; Np(12) =5x =0 Ny = 04167x
+13F, =0; A, —-5=0 A, =500kip
L SF, =0 A, —04167x =0 A, = 0.4167x

By observation, the maximum support reactions occur when

x = 10ft

With x = 10 ft, from Egs. (1), (2) and (3), the maximum support reactions are

A, = Npg=417kip A, = 5.00 kip
By observation, the minimum support reactions occur when

x = 4ft

With x = 4 ft, from Egs. (1), (2) and (3), the minimum support reactions are

A, =Ng=167kip A, =500kip

ft

@
2
3

Ans.

Ans.

Ans.

Ans.

©)

124t

Mo

'

5 kip




5-41.

The crane consists of three parts, which have weights of
W, = 35001b, W, = 900 Ib, W5 = 1500 Ib and centers of
gravity at Gy, G,, and Gj, respectively. Neglecting the
weight of the boom, determine (a) the reactions on each of
the four tires if the load is hoisted at constant velocity and
has a weight of 800 Ib, and (b), with the boom held in the
position shown, the maximum load the crane can lift

without tipping over.

SOLUTION

Equations of Equilibrium: The normal reaction Ny can be obtained directly by
summing moments about point A.

C+EM, =0, 2Ny (17) + W(10) — 3500(3)
—900(11) — 1500(18) =0
Npg = 139412 — 0.2941W @
Using the result Ny = 22788.24 — 0.5882W,
+1 2F, = 0; 2N 4 + (22788.24—0.5882W) — W
— 3500 — 900 — 1500 = 0

N, = 0.7941W + 1555.88 ?2)

a) Set W = 800 Ib and substitute into Egs. (1) and (2) yields
N, = 0.7941(800) + 1555.88 = 2191.18 Ib = 2.19 kip Ans.

Np = 1394.12 — 0.2941(800) = 1158.821b = 1.16 kip Ans.

b) When the crane is about to tip over, the normal reaction on N = 0. From Eq. (1),
Np =0 = 139412 — 0.2941W

W = 47401b = 4.74 kip Ans.

My =0= 139412~ 02844 W
W =440 (b= 4.4 Kp

25-“-5 gﬁﬂh

12001



5-42.

The cantilevered jib crane is used to support the load of
780 Ib. If x = 5 ft, determine the reactions at the supports.
Note that the supports are collars that allow the crane to
rotate freely about the vertical axis. The collar at B supports a
force in the vertical direction, whereas the one at A does not.

SOLUTION

Equations of Equilibrium: Referring to the FBD of the jib crane shown in Fig. a, we
notice that N4 and B, can be obtained directly by writing the moment equation of
equilibrium about point B and force equation of equilibrium along the y axis,
respectively.

C+IMp = 0; N4(4) — 780(5) = 0 N, =9751b Ans.
+1=F, = 0; B, — 780 = 0 B, =780 Ans.

Using the result of N4 to write the force equation of equilibrium along x axis,

X 3F, =0, 975 — B, =0 B, =9751b Ans.

(a>



5-43.

The cantilevered jib crane is used to support the load of
780 1b. If the trolley T can be placed anywhere between
1.5 ft = x = 7.5 ft, determine the maximum magnitude of
reaction at the supports A and B. Note that the supports
are collars that allow the crane to rotate freely about the
vertical axis. The collar at B supports a force in the vertical
direction, whereas the one at A does not.

SOLUTION

Require x = 7.5 ft

C+IM,=0; —~780(7.5) + B, (4) = 0
B, = 14625 1b

BSF, =0, A, — 14625 =0

A, = 14625 = 1462 Ib
+13F, =0; B, — 780 =0

B, = 780 Ib

Fp = V(1462.5)> + (780)2

= 1657.5 Ib = 1.66 kip

Ans. 5,{[
By

Ans.




*5-44,

The upper portion of the crane boom consists of the jib AB,
which is supported by the pin at A, the guy line BC, and the
backstay CD, each cable being separately attached to the
mast at C. If the 5-kN load is supported by the hoist line,
which passes over the pulley at B, determine the magnitude
of the resultant force the pin exerts on the jib at A for
equilibrium, the tension in the guy line BC, and the tension
T in the hoist line. Neglect the weight of the jib. The pulley
at B has a radius of 0.1 m.

SOLUTION

From pulley, tension in the hoist line is

C+3SMp=0; T(0.1) — 50.1) = 0;

T =5kN
From the jib,
C+EM, =0; 55)+ T ( L6 )(5)—0
A~ Y - BC\ — — -
\V/27.56
Tpe = 16.4055 = 16.4 kN
+12F, =0, -A +(164055)( L6 )—5=0
b g ' \/27.56
A, =0

y

HIF =0, A, — 16.4055< > ) -5=0
27.56

F,=F,=206kN

Ans.
Tac T= 5 KN
it
3%1 8 sx
Ax e Cm L Ska J’sx-l
Ay
Ans.
Ans.



5-45.

The device is used to hold an elevator door open. If the spring
has a stiffness of X = 40 N/m and it is compressed 0.2 m,
determine the horizontal and vertical components of reaction
at the pin A and the resultant force at the wheel bearing B.

SOLUTION

F, = ks = (40)(0.2) = 8 N

C+IM,4=0; —(8)(150) + Fp(cos 30°)(275) — Fp(sin 30°)(100) = 0
Fp = 637765 N = 638 N

BIF =0, A, — 637765sin30° =
A, =319N

+1SF,=0; A, — 8+ 637765 cos 30° = 0

A, =248 N

Ans.

Ans.

Ans.

© |Sommz |25 mm -



5-46.

Three uniform books, each having a weight W and length a,
are stacked as shown. Determine the maximum distance d
that the top book can extend out from the bottom one so
the stack does not topple over.

SOLUTION

Equilibrium: For top two books, the upper book will topple when the center of
gravity of this book is to the right of point A. Therefore, the maximum distance from
the right edge of this book to point A is a/2.

Equation of Equilibrium: For the entire three books, the top two books will topple
about point B.

C+3My = 0; W(a—d)—W(d—g) =0

3

d
4

Ans.

A a



5-47.

The horizontal beam is supported by springs at its ends.
Each spring has a stiffness of K = 5 kN/m and is originally
unstretched when the beam is in the horizontal position.
Determine the angle of tilt of the beam if a load of 800 N is

applied at point C as shown.

SOLUTION

800 N
ky kg
A C B

1m i 2m ‘

Equations of Equilibrium: The spring force at A and B can be obtained directly by

summing moment about points B and A, respectively.

C+SMy=0; 8002) — F4(3)=0 F,=53333N

C+IM,=0;  Fyg3)—800(1) =0  Fp = 266.67N

F
Spring Formula: Applying A = Ve have

533.33

4= o0 = 01067 m
5(10%)
266.67

Ap=""10"=005333m
5(10%)

Geometry: The angle of tilt a is

Boo N

N
N

Ans.

0/067-805333 Agr0-5333m
- 5333 m
84201067 m



*5-48.

The horizontal beam is supported by springs at its ends. If
the stiffness of the spring at A is k, = 5 kN/m, determine
the required stiffness of the spring at B so that if the beam is
loaded with the 800-N force it remains in the horizontal
position. The springs are originally constructed so that the
beam is in the horizontal position when it is unloaded.

SOLUTION

800 N
ky kg
A C B

1m 1 2m ‘

Equations of Equilibrium: The spring forces at A and B can be obtained directly by

summing moments about points B and A, respectively.
C+ZMp = 0; 800(3) — F4(3) =0 F, =53333N

C+=M, =0, Fp(3) — 800(1) =0 Fp = 266.67TN
. . F
Spring Formula: Applying A = v have

533.33 266.67
= — =01067m  Ag=
5(10%) kp

A

Geometry: Requires, Ag = A 4. Then

266.67
kg

= 0.1067

kg = 2500 N/m = 2.50 kN/m

BooN

m_ ] zm

»N
> T

Ans.

’( 3am ﬂI
0/067-445333 Agr0-533Bm

- 5333 m
By 20-1067m




5-49.

The wheelbarrow and its contents have a mass of
m = 60 kg with a center of mass at G. Determine
the normal reaction on the tire and the vertical
force on each hand to hold it at 6 = 30°. Take
a=03m,b=045m,c =075 mandd = 0.1 m.

SOLUTION

Equations of Equilibrium: Referring to the FBD of the wheelbarrow shown in Fig. a,
we notice that force P can be obtained directly by writing the moment equation of
equilibrium about A.

C+SM, = 0; 60(9.81) sin 30°(0.3) — 60(9.81) cos 30°(0.45)
+ 2P cos 30°(1.2) — 2P sin 30°(0.1) = 0
P = 71315N = 713N Ans.

Using this result to write the force equation of equilibrium along vertical,
+1 2F, =0; N + 2(71.315) — 60(9.81) = 0
N = 44597 N = 446 N Ans.




5-50.

The wheelbarrow and its contents have a mass m and center
of mass at G. Determine the greatest angle of tilt § without
causing the wheelbarrow to tip over.

SOLUTION
Require point G to be over the wheel axle for tipping. Thus
bcos® = asin@

b
6 = tan ' —

Ans.




5-51.

The rigid beam of negligible weight is supported
horizontally by two springs and a pin. If the springs are
uncompressed when the load is removed, determine the
force in each spring when the load P is applied. Also,

compute the vertical deflection of end C. Assume the spring A i“;

stiffness k is large enough so that only small deflections
occur. Hint: The beam rotates about A so the deflections in
the springs can be related.

SOLUTION
3
Fg+ 2F- = 15P
Lo _2L
Ap  Ac
AC = ZAB
Fe 2Fp
kK k
FC = 2FB
5Fg = 1.5P
Fg = 03P Ans.
Fc = 0.6P Ans.
.6P
Deflection, Xc = 0.6P Ans.

k

e L —>d




*5-52.

A boy stands out at the end of the diving board, which is
supported by two springs A and B, each having a stiffness of
k =15kN/m. In the position shown the board is horizontal.
If the boy has a mass of 40 kg, determine the angle of tilt
which the board makes with the horizontal after he jumps
off. Neglect the weight of the board and assume it is rigid.

SOLUTION

hlm i 3m ‘

Equations of Equilibrium: The spring force at A and B can be obtained directly by

summing moments about points B and A, respectively.

C+2ZMp = 0; F,y(1) —39243) =0 F,=11772N
C+EM, = 0; Fp (1) —392.4(4) =0 Fp = 1569.6 N
, . F
Spring Formula: Applying A = < we have
1177.2 1569.6
A= 5 = 0.07848 m Ap = 5 = 0.10464 m
15(10°) 15(10°)

Geometry: The angle of tilt a is

E + 0.
o = tan! <O 10464 : OO7848> — 10.4°

40(481)=3924N

Ans. A= 0-10464mM

d‘ly .
-
- |

: R .
%2 N

T m
A=0.07848m  (0./0¢64+0-01648)m



5-53.

The uniform beam has a weight W and length / and is
supported by a pin at A and a cable BC. Determine the
horizontal and vertical components of reaction at A and
the tension in the cable necessary to hold the beam in the
position shown.

SOLUTION

Equations of Equilibrium: The tension in the cable can be obtained directly by
summing moments about point A.

[
C+2IM,=0; Tsin(d;—@)l—WcosO(E):O

T = % Ans. / ..

W cos 6 a__\_\)'_’\

Using the result 7 =

2sin (¢ — 0)

HSF. 0, ( W cos 6

725in(¢ — 9))cos¢> —A. =0

_ Wcos ¢cos b

* 7 2sin (¢ — 0) Ans.

W cos 0 .
+ = (- + | — — =
T2F, =0, A, (2 s (6 — 0)>sm d—W=0

W (sin ¢ cos 6 — 2 cos ¢ sin 6
Ay = ( - ) Ans.
2sin (¢ — 0)




5-54.

Determine the distance d for placement of the load P for
equilibrium of the smooth bar in the position 6 as shown.
Neglect the weight of the bar.

SOLUTION
+T2Fy=0; Rcosd — P=0
C+=M, =0 —P(d cos 0) + R(L) =0
cos 0
Rd cos® 6 = R( a )
cos 0
d= a3 Ans.
cos’ 6
Also;
Require forces to be concurrent at point O.
AO = dcosh = M
cos 0
Thus,
d= a Ans.

cos’6



5-55.

If d =1 m, and 6 = 30°, determine the normal reaction at
the smooth supports and the required distance a for the
placement of the roller if P = 600 N. Neglect the weight of
the bar.

SOLUTION

Equations of Equilibrium: Referring to the FBD of the rod shown in Fig. a,

+3IM, = 0; = — °(1) =
C 4 =0; Npg (cos 300) 600 cos 30°(1) = 0
450
= ——
a
'\"'EFy/ =0 Np — Nj sin 30° — 600 cos 30° = 0

Ng — 0.5N, = 600 cos 30°

+/' 2F, = 0; N,4cos 30° — 600 sin 30° = 0
N, = 34641 N = 346 N
Substitute this result into Eq (2),

Np — 0.5(346.41) = 600 cos 30°
Np = 692.82 N = 693N

Substitute this result into Eq (1),

692.82 = 40

a = 0.6495 m m = 0.650 m

Ans.

Ans.



*5-56.

The disk B has a mass of 20 kg and is supported on the
smooth cylindrical surface by a spring having a stiffness of
k = 400 N/m and unstretched length of /[, = 1 m. The spring
remains in the horizontal position since its end A is attached
to the small roller guide which has negligible weight.
Determine the angle 6 for equilibrium of the roller.

SOLUTION
+13F, = 0; R sin6 — 20(9.81) = 0
B IF, =0 Rcosf — F=0
tan 6 = M 203N
F
1.0 + £
Since cos 0 = Tm
22cosh = 1.0 + w
400 tan 0
880 sin 6 = 400 tan 6 + 20(9.81)
Solving,

6 =271° and 60 = 50.2° Ans.



5-57.

The beam is subjected to the two concentrated loads. P 2P
Assuming that the foundation exerts a linearly varying load L L I
distribution on its bottom, determine the load intensities wy 3 v 3 v 3
and w, for equilibrium if P = 500 1b and L = 12 ft.
wq mm
SOLUTION "
Equations of Equilibrium: Referring to the FBD of the beam shown in Fig. a, we fooo b
notice that W; can be obtained directly by writing moment equations of equilibrium 5001h
about point A.
¢ SM, = 0; 500(4) — Wy(12)(2) = 0 | 4
L

W, = 83.331b/ft = 83.3 Ib/ft Ans. l Y S

Using this result to write the force equation of equilibrium along y axis, W (r=emma e | j\"‘; i
) 1 W) | T ’

+12ZF, =0 83.33(12) + — (W, — 83.33)(12) — 500 — 1000 = 0

W, = 166.67 Ib/ft = 167 Ib/ft Ans. <

eft



5-58.

The beam is subjected to the two concentrated loads.
Assuming that the foundation exerts a linearly varying load
distribution on its bottom, determine the load intensities w,
and w, for equilibrium in terms of the parameters shown.

SOLUTION

Equations of Equilibrium: The load intensity w, can be determined
directly by summing moments about point A.

2P
w1 :T
1 2P 2P
+13F, =0; Z(WZ—T)L-FT(L)—?)P:O
4P
1% —T

m|h

Ans.

Ans.

Wwa
2P
L & 5

e S S
I - l
F_-_ﬁ:-- A -
| qqqqqqqqq T ———— -d

T
I % W,LE

)L



5-59.

The thin rod of length / is supported by the smooth tube.
Determine the distance a needed for equilibrium if the

applied load is P.
SOLUTION
2r
& -0 _“r N p =
2F, = 0; 4r2+a2NB P=0
2r
C+=M, = 0; —P( I+ NgVarr +d®>=0
Vart+ a?
4r%l > 5
g VAirte=o

472] = (4r2 + az)%
(4r2l>%=4r2 + a?
a=\V@Eriy -4, Ans.

Na




*5-60.

The 30-N uniform rod has a length of / = 1 m.If s = 1.5 m,
determine the distance 4 of placement at the end A along the
smooth wall for equilibrium.

SOLUTION

Equations of Equilibrium: Referring to the FBD of the rod shown in Fig. a, write
the moment equation of equilibrium about point A.

C+=M, = 0; T sin ¢(1) — 3sin 6(0.5) = 0
1.5sin 6
T= sin ¢

Using this result to write the force equation of equilibrium along y axis,

<15 sin 6
sin ¢
sinfcos (0 — ¢) —2sing =0 @

+T2Fy=0; )005(9745)73:0

Geometry: Applying the sine law with sin (180° — 6) = sin 6 by referring to Fig. b,

sin¢g  sin @ h
= . i == )g 2
n 15 sin 0 (1.5)sm0 2)

Substituting Eq. (2) into (1) yields
sin §[cos (0 — ¢) — %h] =0
since sin § # 0, then
cos (0 — ¢) — (4/3)h cos (0 — ¢) = (4/3)h A3
Again, applying law of cosine by referring to Fig. b,

2=n + 15— 2(h)(1.5) cos (6 — ¢)

W+ 125
— = 4
cos (0 — ¢) i “)
Equating Egs. (3) and (4) yields
gh_h2+1%
3 3n
30 =125

h = 0.645 m Ans.

tom

130~



5-61.

The uniform rod has a length / and weight W. It is supported
at one end A by a smooth wall and the other end by a cord
of length s which is attached to the wall as shown. Determine
the placement % for equilibrium.

SOLUTION

Equations of Equilibrium: The tension in the cable can be obtained directly by
summing moments about point A.

C+3IM,=0; Tsing(l) — Wsin 6(£) =0

2
_ Wsino
2 sin ¢
W sin 6
ing th ItT =
Using the resu 2sing’
W sin 6
+12F, = 0; - -WwW=0
1 ) ; 2sin¢COS 6 — ¢)
sinfcos (0 — ¢) — 2singp =0 @

Geometry: Applying the sine law with sin (180° — ) = sin 0, we have

sin i
¢ =2 o sin ¢ = ﬁsin 0 2)
h s s
Substituting Eq. (2) into (1) yields
2
cos (0~ ) = 2 @

Using the cosine law,
P =h*+s*— 2hscos (0 — ¢)

W+ s =P
cos (0 — ¢) = o @)

Equating Egs. (3) and (4) yields

2h W+
s 2hs

[2 _ 2
h = % Ans.



5-62.

The uniform load has a mass of 600 kg and is lifted using a
uniform 30-kg strongback beam and four wire ropes as
shown. Determine the tension in each segment of rope and
the force that must be applied to the sling at A.

SOLUTION

Equations of Equilibrium: Due to symmetry, all wires are subjected to the same
tension. This condition statisfies moment equilibrium about the x and y axes and
force equilibrium along y axis.

4
2F, =0 4T(§) — 5886 =0
T = 1839.375 N = 1.84 kN Ans.

The force F applied to the sling A must support the weight of the load and
strongback beam. Hence

SF, = 0; F — 600(9.81) — 30(9.81) = 0

F = 61803 N = 6.18 kN Ans.




5-63.

The 50-1b mulching machine has a center of gravity at G.
Determine the vertical reactions at the wheels C and B and
the smooth contact point A.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the mulching machine,
Fig.a, N , can be obtained by writing the moment equation of equilibrium about the
y axis.
ZM, =0, 50(2) - Ns(15+2)=0

N, =28571b =28.61b Ans.

Using the above result and writing the moment equation of equilibrium about the
x axis and the force equation of equilibrium along the z axis, we have

SM,=0; Np(1.25) — Nc(1.25) =0 @
2F,=0; Np+ Nc+ 2857 —-50=0 )
Solving Egs. (1) and (2) yields

Np= Nc=10711b = 10.71b Ans.
Note: If we write the force equation of equilibrium 2F, = 0and 2F, = 0 and

the moment equation of equilibrium XM, = 0. This indicates that equilibrium is
satisfied.

X




*5-64.

The wing of the jet aircraft is subjected to a thrust of
T = 8kN from its engine and the resultant lift force
L = 45 kN. If the mass of the wing is 2.1 Mg and the mass
center is at G, determine the x, y, z components of reaction
where the wing is fixed to the fuselage at A.

SOLUTION

SF, =0 —A, + 8000 = 0
A, = 8.00kN

SF, =0 A, =0

SF, =0; —A, — 20601 + 45000 = 0
A, = 244kN

M, =0 M, — 2.5(8000) = 0

M, =200kN-m
SM, = 0; 45000(15) — 20 601(5) — M, = 0
M, =572kN-m

SM, = 0; M, — 8000(8) = 0

M, = 640kN-m

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

&

Ny My
ﬁ‘ﬁi) M 20,b0IN

P
X Mx

8,000N 45,000N



5-65.

Due to an unequal distribution of fuel in the wing tanks, the
centers of gravity for the airplane fuselage A and wings B
and C are located as shown. If these components have
weights W, = 45000 1b, Wz = 8000 Ib, and W, = 6000 Ib,
determine the normal reactions of the wheels D, E, and F
on the ground.

SOLUTION

SM,=0;  8000(6) — Ry (14) — 6000(8) + Rz(14) = 0
SM,=0;  8000(4) + 45000(7) + 6000(4) — R (27) =0
SF,=0; Rp+ Ry + Rp — 8000 — 6000 — 45000 = 0

Solving,

Rp = 22.6 kip

Ry = 22.6 kip

Ry = 13.7 kip



5-66.

The air-conditioning unit is hoisted to the roof of a building
using the three cables. If the tensions in the cables are
T, = 2501b, Tz = 300 1b, and T = 200 1b, determine the
weight of the unit and the location (x, y) of its center of

gravity G.
SOLUTION
SF, =0, 250 + 300 + 200 — W =0
W =7501b Ans.
M, =0; 750(x) — 250(10) — 200(7) = 0 N
x =520f1t Ans.
M, =0 250(5) + 300(3) + 200(9) — 750(y) = 0

y = 527ft Ans.




5-67.

The platform truck supports the three loadings shown.
Determine the normal reactions on each of its three wheels.

SOLUTION
M, = 0; 380(15) + 500(27) + 800(5) — F4(35) =0
F, = 662.8571 = 663 1b Ans.
M, = 0; 380(12) — Fp(12) — 500(12) + Fc(12)
Fc— Fp =120
2F, =0; Fp+ Fc — 500 + 663 — 380 — 800 = 0
Fp + Fc = 1017.1429
Solving,

Fe=5691b Ans.

Fp=4491b Ans.



*5-68.

Determine the force components acting on the ball-and- z
socket at A, the reaction at the roller B and the tension on the
cord CD needed for equilibrium of the quarter circular plate. 350 N

SOLUTION

Equations of Equilibrium: The normal reactions Ngand A, can be obtained directly
by summing moments about the x and y axes, respectively.

SM,=0; Ng(3)— 2003) — 200(3 sin 60°) = 0 oo

Np =37321N = 373N Ans.

SM, =0;  350(2) + 200(3 cos 60°) — A.(3) =0
A, = 33333N = 333N Ans.
SF,=0; Tep + 37321 + 33333 — 350 — 200 — 200 = 0

TCD = 435N Ans.

2F, =0 A, =0 Ans.

2F, =0; A, =0 Ans.



5-69.

The windlass is subjected to a load of 150 Ib. Determine the
horizontal force P needed to hold the handle in the position
shown, and the components of reaction at the ball-and-socket
joint A and the smooth journal bearing B. The bearing at B
is in proper alignment and exerts only force reactions on the
windlass.

SOLUTION

SM, = 0; (150)(0.5) — P(1) = 0
P=751b

SF, =0 A, =0

SM, = 0; —(150)(2) + B,(4) =0
B, =1751b

SF, = 0; A, +75-150 =0
A, =751b

SM, = 0; B.(4) — 75(6) = 0
B, = 1125 = 1121b

SF, = 0; A, —1125+75=0

A, =3751b

Ans.

Ans.

Ans.

Ans.

Ans.




5-170.

The 100-1b door has its center of gravity at G. Determine the
components of reaction at hinges A and B if hinge B resists
only forces in the x and y directions and A resists forces in
the x, y, z directions.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the door, Fig. a, B, B,
and A, can be obtained by writing the moment equation of equilibrium about the x’
and y’ axes and the force equation of equilibrium along the z axis.

SMy = 0; —B,(48) — 100(18) = 0

B, = —3751Ib Ans.
M, = 0; B, =0 Ans.
SF, = 0; ~100 + A, = 0; A, =1001b Ans.

Using the above result and writing the force equations of equilibrium along the
x and y axes, we have

>F, =0, A, =0 Ans.
2F, =0; A, + (=375 =0

A, =3751b Ans.
The negative sign indicates that B, acts in the opposite sense to that shown on the

free-body diagram. If we write the moment equation of equilibrium =M, = 0, it
shows that equilibrium is satisfied.




5-T71.

Determine the support reactions at the smooth collar A and
the normal reaction at the roller support B.

SOLUTION )

Equations of Equilibrium: From the free-body diagram, Fig. a, Ng, (M,),, and A,
can be obtained by writing the moment equations of equilibrium about the x and
z axes and the force equation of equilibrium along the y axis.

SM, = 0; Ny(0.8 + 0.8) — 800(0.8) — 600(0.8 + 0.8) = 0

Ng = 1000 N Ans.
S M, = 0; (M), =0 Ans.
3F, = 0; A, =0 Ans.

Using the result Ny = 1000 N and writing the moment equation of equilibrium
about the y axis and the force equation of equilibrium along the z axis, we have

SM, = 0; (M.4), — 600(0.4) + 1000(0.8) = 0

(M), = =560 N -m Ans.
SF, = 0; A, + 1000 — 800 — 600 = 0

A, =400N Ans.

The negative sign indicates that (M 4), acts in the opposite sense to that shown on
the free-body diagram. If we write the force equation of equilibrium along the
x axis, 2 F, = 0, and so equilibrium is satisfied.




*5-T72.

The pole is subjected to the two forces shown. Determine
the components of reaction of A assuming it to be a ball-
and-socket joint. Also, compute the tension in each of the
guy wires, BC and ED.

SOLUTION

Force Vector and Position Vectors:

Fo= A+ Aj+ Ak

F; = 860{cos 45° — sin45°k} N = {608.11i — 608.11k} N
F, = 450{—cos 20° cos 30°i + cos 20° sin 30°k — sin 20°k} N \/ y
= {-366.21i + 211.43j — 15391k} N
(=6 —=0)i+ (=3-0)j+(0-06)k
V(=6 =00 + (=3 -0+ (0 - 6)2}

2 L1 .2
—5Fepi — gFED.] - gFEDk

Frp = FED|:

3
. - [(6—0)i+(—4.5—0)j+(0—4)k}
C = C
B PN 6— 02 + (<45 — 0) + (0 — 4)
2., . 9 _ . 8
= EFBCI - ﬁFBCJ - EFBCk

r = {4k} m r, = {8k} m r; = {6k} m

Equations of Equilibrium: Force equilibrium requires

EFZO, FA+F1+F2+FED+FBC:0
2 12 .
<Ax +608.11 — 36621 — = Fpp + —FBC>1
3 17
1 9 .

2 8
+ (AZ — 60811 — 153.91 = S Fpp — EFEC)k =0

Equating i, j and k components, we have

2 12
TF, =00 A+ 608.11 = 36621 — SFpp + - Fpe =0 1)
1 9
IF, =00 A+ 21143 = S Fpp — 1 Fpe =0 Q)
2 8
SF.=0; A= 60811 = 15391 = SFgp — - Fpc = 0 A3)



*5-72. (continued)
Moment equilibrium requires

EMA:(), r1><FBC+1'2X(F1+F2)+r3><FED:0
12 .9 . 8
4k X (EFBCI - EFBC'] - ﬁFgck)

+ 8k X (241.90i + 211.43j — 762.02K)

2 .1 .2

Equating i, j and k components, we have

36

SM, =0, -Fpc+ 2Fpp — 169145 = 0 @)
48

SM, =0 -Fpc— 4Fpp + 193522 =0 5)

Solving Egs. (4) and (5) yields
Fye = 205.09N = 205N Fpp = 62857N = 629N Ans.

Substituting the results into Egs. (1), (2) and (3) yields

A, =324N A, = 107N A, = 127758 N = 1.28 kN Ans.



5-73.

The boom AB is held in equilibrium by a ball-and-socket
joint A and a pulley and cord system as shown. Determine the
X, ¥, z components of reaction at A and the tension in cable
DECifF = {—1500k} Ib.

SOLUTION
From FBD of boom,
M, =0; LT (10) — 1500(5) = 0
x 5 \/E BE
SF, =0 A, =0
SF,=0 A, — L(1677 05) =0
o V125 '
A, = 15001b = 1.50 kip
SF, =0; A, — 1500 + > (1677.05) = 0
© ‘ V125 '
A, =7501b
From FBD of pulley,
SF, =0; Z(L)T — L(1677 05) =0
o V96 V5 '

T = 91856 = 9191b

Ans.

Ans.

Ans.

Ans.

& Toe
| %
Ay .
BT
Ay {,500Lb




5-74.

The cable CED can sustain a maximum tension of 800 lb
before it fails. Determine the greatest vertical force F that
can be applied to the boom. Also, what are the x, y, z
components of reaction at the ball-and-socket joint A?

SOLUTION
From FBD of pulley;
SF. =0 2(800)cos 24.09° — Fyr = 0

Fyr = 1460.59 b

From FBD of boom;

5
SM, = 0; 2 (1460.59)(10) — F(5) = 0
* V125
F = 130639 1b = 1.31 kip
SF, = 0; A, =0
SF, =0 ~ 19 146059 = 0
v Y V125 '
A, = 130639 1b = 1.31 kip
SF. = 0; A, — 130639 + —2—(1460.59) = 0
c ) Vs

A, = 6531b

Ans.

Ans.

Ans.

Ans.

Fo0ib
goollvgi\zmq*’
4040
2 Fae
2
14L0.591),
A k ?%\ v
5t J ot ¢
/ Ry £



5-75.

If the pulleys are fixed to the shaft, determine the magnitude
of tension T and the x, y, z components of reaction at the
smooth thrust bearing A and smooth journal bearing B.

SOLUTION

Equations of Equilibrium: From the free-body diagram of the shaft, Fig. a, A, T,
and B, can be obtained by writing the force equation of equilibrium along the y axis
and the moment equations of equilibrium about the y and z axes, respectively.

2F,=0; A, =0 Ans.
M, = 0; 400(0.2) — 900(0.2) — 900(0.3) + T(0.3) =0

T = 123333 N = 1.23 kN Ans.
ZM, =0; —B.(3)—400(1) —900(1) =0

B, = —433.33 N = —433N Ans.

Using the above results and writing the moment equation of equilibrium about the
x axis and the force equation of equilibrium along the x axis, we have

SM, = 0; B,(3) — 900(2) — 1233.33(2) = 0

B, = 142222 N = 142 kN Ans.
>2F,=0; 400 + 900 — 43333 — A, =0
A, = 866.67N = 867N Ans.

Finally, writing the force equation of equilibrium along the z axis, yields

SF, =0, A, - 123333 — 900 + 142222 = 0
A,=7111IN = 711N Ans.




*5-76.

The boom AC is supported at A by a ball-and-socket joint z
and by two cables BDC and CE. Cable BDC is continuous
and passes over a pulley at D. Calculate the tension in the
cables and the x, y, z components of reaction at A if a crate
has a weight of 80 1b.

SOLUTION
(3i — 12 + 6K)
e = e s v 0

{0.2182F cpi — 0.8729F c1j + 0.4364F gk} Ib

(—3i — 12§ + 4K)

Fep = Fave V(=3)% + (—12)% + 42
= {—0.2308F gpci — 0.9231F gpcj + 0.3077F gpck} 1b
Fup = Fyne (—3i — 4j + 4k)
V(=32 + (—4)% + 4
= Fppc(—0.4685i — 0.6247j + 0.6247k) ¥
SM,=0; Fpgpc(0.6247)(4) + 0.4364F -£(12) + 0.3077F gpc(12) — 80(12) = 0 a,’..___ R )
SM,=0; 04685Fzpc(4) + 0.2308F gpc(12) — 0.2182F c£(12) = 0 2 - :2‘"’/ ,:‘ —
Fppe = 62.02 = 62.01b Ans. sl !
Fep =109.99 = 110 1b Ans.
SF,=0; A, + 0.2182(109.99) — 0.2308(62.02) — 0.4685(62.02) = 0
A, = 19.41b Ans.
SF,=0; A, — 0.8729(109.99) — 0.9231(62.02) — 0.6247(62.02) = 0
Ay, =1921b Ans.
SF,=0; A, + 04364(109.99) + 0.3077(62.02) + 0.6247(62.02) — 80 = 0
A, = —2581b Ans.

)



5-71.

A vertical force of 80 Ib acts on the crankshaft. Determine
the horizontal equilibrium force P that must be applied to
the handle and the x, y, z components of force at the smooth
journal bearing A and the thrust bearing B. The bearings are
properly aligned and exert only force reactions on the shaft.

SOLUTION

M, = 0; P(8) — 80(10) =0 P =1001b Ans.
M, =0 B.(28) — 80(14) = 0 B, =401b Ans.
M, = 0; —B,(28) — 100(10) = 0 B, = —-35.71b Ans.
SF, =0 A, + (=357) — 100 =0 A, =1361b Ans.
2F, =0 B, =0 Ans.
2F, =0 A, +40-80=0 A, =401b Ans.

Negative sign indicates that B acts in the opposite sense to that shown on the FBD.




5-78.

Member AB is supported by a cable BC and at A by a square
rod which fits loosely through the square hole at
the end joint of the member as shown. Determine the
components of reaction at A and the tension in the cable
needed to hold the 800-1b cylinder in equilibrium.

SOLUTION
Fpe = FBC(%i - gj + %k)
SF, =0 FBC(%) =0

Fpe =0 Ans.
2F, =0; A, =0 Ans.
SF, =0 A, = 8001b Ans.
M, =0; (M 4), — 800(6) =0

(M 4), = 480 kip - ft Ans.
M, =0; (My), =0 Ans.

=M, = 0; (My),=0 Ans.



5-79.

The bent rod is supported at A, B, and C by smooth journal
bearings. Compute the x, y, z components of reaction at the
bearings if the rod is subjected to forces F; = 300 1b and
F, = 2501b. F, lies in the y—z plane. The bearings are in
proper alignment and exert only force reactions on the rod.

SOLUTION

F, = (=300 cos 45°j — 300 sin 45°k)

= {—212.1j — 212.1k}1b

F, = (250 cos 45° sin 30°i + 250 cos 45° cos 30°j — 250 sin 45°k)

= {88.39i + 153.1j — 176.8k}1b

A, + B, +8839=0
A, +C,—212.1 + 1531 =0

B, + C, - 2121 - 1768 = 0

~B.(3) — A,(4) + 212.1(5) + 212.1(5) = 0
C.(5 + A, (4) =0

A (5) + B,(3) —C,(5) =0

A, = 6331b
A, = —1411b
B, = -7211b
B, = 8951b
C, = 2001b
C. = —5061b

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.




*5-80.

The bent rod is supported at A, B, and C by smooth journal
bearings. Determine the magnitude of F, which will cause
the reaction C, at the bearing C to be equal to zero. The
bearings are in proper alignment and exert only force
reactions on the rod. Set F; = 300 Ib.

SOLUTION

F; = (=300 cos 45°j — 300 sin 45°k)
= {-212.1j — 212.1k}1b

F, = (F, cos 45°sin 30°i + F, cos 45° cos 30°j — F, sin 45°k)
= {0.3536F,i + 0.6124F,j — 0.7071F,k}1b

SF, = 0; A, + By + 03536F, = 0
SF, =0; A, + 0.6124F, — 2121 = 0
SF, = 0 B, + C, — 0.7071F, — 212.1 = 0
SM, = 0; —B.(3) — A,(4) + 212.1(5) + 212.1(5) = 0
M, =0 C,(5) + A,(4) =0
SM, = 0; A.(5) + B.(3) =0

A, =3571b

A, = —2001b

B, = —5951b

B, = 9741b

C, = —2861b

zZ

F, = 6741b

Ans.




5-81.
The sign has a mass of 100 kg with center of mass at G.

Determine the x, y, z components of reaction at the ball-and-
socket joint A and the tension in wires BC and BD.

SOLUTION

Equations of Equilibrium: Expressing the forces indicated on the free-body

diagram, Fig. a, in Cartesian vector form, we have

Fo=Ad+ Aj+ Ak

W = {—100(9.81)k} N = {—981k} N

(=2 = 0)i + (0 — 2)j + (1 — 0)k

Fgp = Fypugp = F
o BT T 2 02 1 (0— 22 + (1 — 0)?

(1-0)i+(0-2)j+(2-0k
VI =02+ 0 -272+ @2 -0y

Fpc = Fpcupe = Fpe

Applying the forces equation of equilibrium, we have

EFZO, FA+FBD+FBC+W:0

2 2 1 1
(Ad+ Aj+ Ak) + (_EFBDi - gFBDj + EFBDk> + <*F3Ci -

3

2 1 .
(AxigFBD+§FBC>l+ <Ay7 3 3

Equating i, j, and k components, we have

2 1

Ax - gFBD + EFBC = O
2 2

Ay - EFBD - gFBC = 0

1 2
AZ + gFBD + gFBC - 981 =0

xt

g

3

2 2 1
— —Fgpi — —Fypj + =Fppk
3BDl 3BDJ 3BD

.2 .2
Fpci — ZFpcj + *FBck)

3 3

)

Il

2 2

2 2 1 2
~Fpp — *FBC)j + <AZ + - Fgp + gFBC — 981)k =0

@

2

3

In order to write the moment equation of equilibrium about point A, the position

vectors r 45 and r 43 must be determined first.

ric = {ljjm

rap = {2j}m

Thus,

IMy = 0;rpp X (Fpe + Fpp) + (rag X W) =0

(2j) X

3 3 3 3

4 2 L (4 2
(gFBC + gFBD - 981)1 + <§FBD - gFBc)k =0

Equating i, j, and k components we have

4 2
gFBC + gFBC - 981 =0

4 2
3Fsc = 3Fpc =0

1 2 . 2 2 . 2 1
gFBC = ZFpp i =\ 3Fsc + 3Fp )i + | 3FBc + 5F8D

)k} + (1j) X (—981k) = 0

)

)



5-81. (continued)
Soving Egs. (1) through (5), yields

Fgp = 2943 N = 294N
Fpe = 5886 N = 589N
A, =0

A, = 5886 N = 589N

A, = 490.5N

Ans.

Ans.

Ans.

Ans.

Ans.

cll0,2m

D&, 0,10m



5-82.

Determine the tensions in the cables and the components of
reaction acting on the smooth collar at A necessary to hold
the 50-1b sign in equilibrium. The center of gravity for the

sign is at G.
SOLUTION
1 2 2
Tpe=T —i——j+ <k
DE DE(31 3J 3 )
-1 2 2
Tee = Tpe| —i - 5j + 2k
BC BC( 3 1 3J 3 )
1 1
EFx = 0, gTDE - ETBC + Ax =0
2 2
EFZ:O, 7TDE+7TBC_50:0
i 3 3
2 2
EFy:O, 7§TDE73TBC+A}/:0

2 2
SM =0 (M) + 3Toe@ + 5Tpe(@) ~ 502) = 0

2 2
IM, =0 (Ma), = 3Tps(3) + 3Tac(2) + 50(05) = 0

SM, =0 =3 Tpe) — 2Toe() + 3T5c@) + 2 T5c2) = 0

Solving;

Tpp = 32.1429 = 32.1 Ib Ans.
Tpc = 42.8571 = 4291b Ans.
A, =3.5714 = 3.571b Ans.
A, =501b Ans.
(Mp)y =0 Ans.

(M), = —17.8571 = —17.91b- ft Ans.



5-83.

Both pulleys are fixed to the shaft and as the shaft turns
with constant angular velocity, the power of pulley A is
transmitted to pulley B. Determine the horizontal tension T
in the belt on pulley B and the x, y, z components of
reaction at the journal bearing C and thrust bearing D if 300 mm
6 = 0°.The bearings are in proper alignment and exert only
force reactions on the shaft.

SOLUTION x
Equations of Equilibrium:
M, =0 65(0.08) — 80(0.08) + T(0.15) — 50(0.15) = 0

T =580N Ans.
M, =0; (65 + 80)(0.45) — C,(0.75) = 0

C,=870N Ans.
M, =0 (50 + 58.0)(0.2) — €, (0.75) = 0

C, =288N Ans.
SF. =0 D,=0 Ans.
2F, =0; Dy + 288 —50 — 580 =10

D, =792N Ans.
SF, =0 D,+870—-80—-65=0

D, =580N Ans.



*5-84.

Both pulleys are fixed to the shaft and as the shaft turns
with constant angular velocity, the power of pulley A is
transmitted to pulley B. Determine the horizontal tension T
in the belt on pulley B and the x, y, z components of
reaction at the journal bearing C and thrust bearing D if
0 = 45°. The bearings are in proper alignment and exert
only force reactions on the shaft.

SOLUTION

Equations of Equilibrium:

SM,=0;  65(0.08) — 80(0.08) + T(0.15) — 50(0.15) = 0 SON
T = 580N Ans.

SM,=0;  (65+ 80)(0.45) — 50sin45°(0.2) — C, (0.75) = 0
C,=715TN = 776N Ans.

SM,=0;  580(02) + 50cos 45°(0.2) — C, (0.75) = 0

C, =2489N = 249N Ans.
SF. =0 D, =0 Ans.
2F, =0; Dy + 24.89 — 50 cos 45° — 58.0 = 0
D, = 685N Ans.
2F, =0 D, + 7757 + 50sin45° — 80 — 65 = 0

D, =321N Ans.



5-85.

If the roller at B can sustain a maximum load of
3 kN, determine the largest magnitude of each of the three 0
forces F that can be supported by the truss.

~—2m [] 2m 2m
SOLUTION v v v
F F F
Equations of Equilibrium: The unknowns A and A ycan be eliminated by summing
moments about point A.
C+SM,=0; F(6) + F(4) + F(2) — 3cos45°(2) = 0 A,*
F = 03536 kN = 354 N Ans.
A
m
45°
Zm Zm am

FF F No=3 kN



5-86.

Determine the normal reaction at the roller A and horizontal

10 kN
and vertical components at pin B for equilibrium of the
member. ~—0.6m———0.6m ﬂ‘
A -\
/
\ 6 kN
SOLUTION

0.8 m

Equations of Equilibrium: The normal reaction N, can be obtained directly by

summing moments about point B. \\/60° \

“\ B
C+ZM, =0;  10(0.6 + 1.2cos 60°) + 6 (0.4) — N 4 (1.2 + 1.2cos 60°) = 0 0'4%
N, = 8.00 kN Ans.
HIF, =0, B,—6c0s30°=0 B, =520kN Ans.
+1SF, =0; B, + 800 6sin30°— 10 = 0 10 ki
0.6m O-brm
B, = 5.00 kN Ans.
= 56m
b K
:VA 50'
0-4m
60",
B



5-87.

The symmetrical shelf is subjected to a uniform load of 4 kPa.
Support is provided by a bolt (or pin) located at each end A
and A’ and by the symmetrical brace arms, which bear
against the smooth wall on both sides at B and B’. Determine
the force resisted by each bolt at the wall and the normal
force at B for equilibrium.

0.15m

SOLUTION

Equations of Equilibrium: Each shelf’s post at its end supports half of the applied
load, ie, 4000 (0.2) (0.75) = 600 N.The normal reaction N, can be obtained directly
by summing moments about point A.

C+3ZM,4=0; Nz(0.15) —600(0.1)=0 N =400 N Ans.
BIF. =0, 400-A,=0 A, =400N
+1SF, =0, A, —600=0 A,=600N

The force resisted by the bolt at A is

Fa= VA2 + A2 = V400> + 600> = 721 N Ans.

A 4 kPa‘L
P /

1.5m

4000 (0.2)(0-75) =00 N




*5-88.

Determine the x and z components of reaction at the
journal bearing A and the tension in cords BC and BD
necessary for equilibrium of the rod.

SOLUTION
F, = {—800k} N
F, = {350j} N
(—3j + 4k)

Fpc = FBC#

(3j + 4k)
Fpp = FBD#

= {06FBDj + OSFBDk} N
SF. =0 A, =0 Ans.

SF, = 0 A, — 800 + 0.8F g + 0.8F 5 = 0
SM, =0, (My),+ 08Fyn(6) + 0.8F5(6) — 800(6) = 0
SM,=0;  800(2) — 0.8Fp(2) — 0.8Fp(2) = 0

EMZ = 0, (MA)Z - 06Fgc(2) + O6FB‘D(2) =0

Fgp = 208 N Ans.
Fgc = 792N Ans.
A, =0 Ans.
(My),=0 Ans.

(M 4),=700N-m Ans.



5-89.

The uniform rod of length L and weight W is supported on
the smooth planes. Determine its position 6 for equilibrium.
Neglect the thickness of the rod.

SOLUTION

L
C+=ZMp = 0; _W(E cos0) + Nycos (Lcosf) + Nysingp(Lsing) =0

W cos 6
A7 2cos (6~ 0) @
B IF. =0, Ngsing — Nysing =0 %))

+T2Fy=0; Ngcostp + Nycosp — W =0

W — N,cos¢
N = cos &Y

Substituting Egs. (1) and (3) into Eq. (2):

(W_Wcosﬁcos¢) ~ Wecosfsing
2 cos (¢ — 6) tan y 2cos(p — 6)

2cos(¢p — O)tanyy — cosftan iy cosp — cosfsing = 0
sin 0 (2 sin ¢ tan ) — cos 6 (sin ¢ — cos ¢ptan ) = 0

sin ¢ — cos ¢ tan
2 sin ¢ tan ¢

tan 0 =

1 1
6= tan’l(g cot iy — - cot d)) Ans.



5-90.

Determine the x, y, z components of reaction at the ball
supports B and C and the ball-and-socket A (not shown) for
the uniformly loaded plate.

SOLUTION
W = (4 ft)(2 ft)(2 Ib/ft?) = 16 1b

SF,=0;, A,=0

M

~
I

<

A, =0

SF,=0;, A,+B,+C,—16=0
SM,=0; 2B.—16(1) + C.(1) =0
SM,=0; —B.(2)+16(22) — C.(4) =0

Solving Egs. (1)—(3):

21b/ft2

Ans.




5-91.

Determine the x, y, z components of reaction at the fixed z
wall A. The 150-N force is parallel to the z axis and
the 200-N force is parallel to the y axis. 150N

SOLUTION
SF, =0 A, =0 Ans.
SF, = 0; A, +200=0
A, = —200N Ans.
SF, = 0; A, —150=0
A, =150N Ans.
SM, =0, ~150(2) + 200(2) — (M ), = 0
(My), = 100N -m Ans.
M, =0; (Ma)y =0 Ans. {r
oo e - (o . r e
ag/,h _
(M 4). = 500N-m Ans. ﬂﬁ ' :

—> 200N



*5-92.

Determine the reactions at the supports A and B for 400 N/m
equilibrium of the beam. 200 N/m

SOLUTION 4m

Equations of Equilibrium: The normal reaction of Ny can be obtained directly by
summing moments about point A.

20007) = 1400 N -}(2()01(3) =300N
+3IM, = 0; Np(7) — 1400(3.5) — 300(6) = 0 -
Np = 957.14N = 957N Ans. \_b; Ty ":l
Ag — 1400 — 300 + 957 = 0 Ag = 743N 3 "‘ﬁﬁ"i‘ﬁﬁ . .tmT
X 3F, = 0; A, =0 Ans. A



6-1.
Determine the force in each member of the truss and state

if the members are in tension or compression. Set
P, = 8001band P, = 400 Ib.

SOLUTION

Method of Joints: In this case, the support reactions are not required for

determining the member forces.

Joint B:
+ o 3
S XF, =0; Fpccosd5° — Fgy 5 —400 =0
. 4
+15F, = 0; Fpsind5® + Fyy( < | =800 = 0

Solving Egs. (1) and (2) yields

Fg, = 285.711b (T) = 286 1b (T)
Fge = 808.121b (T) = 808 1b (T)

Joint C:
K 3F =0 Fey — 808.12 cos45° = 0
Fey = 5711b (C)
+13F, =0,  C,— 808.12 sin45° = 0

C, =5711b

@

(2)

Ans.
Ans.

Ans.

Note: The support reactions A, and A, can be determined by analyzing Joint A

using the results obtained above.

‘ 6 ft 8 ft i

Fea

T X
45

foc=808.1216 Gy



6-2.

Determine the force on each member of the truss and state
if the members are in tension or compression. Set

P, = 5001band P, = 100 Ib.

SOLUTION

Method of Joints: In this case, the support reactions are not required for

determining the member forces.

Joint B:

3
L 3F =0 Fpc cos 45° — FBA(g) - 100 =0

4
+13F, =0,  Fgcsind5® + FBA(g) ~500 =0

Solving Egs. (1) and (2) yields
Fga = 285.711b (T) = 286 1b (T)
Fye = 383.861b (T) = 384 1b (T)
Joint C:
£ 3F, =0 Fey — 383.86 cos 45° =
+13F,=0;  C, —383.86sin45° =0
C, =271431b

@

(2)

Ans.
Ans.

Ans.

Note: The support reactions A and Ay can be determined by analyzing Joint A

using the results obtained above.

Fen
fe
<N
E) y42°
N = X
o016
L
Soc Ib
¥
fu
RS X




6-3.

Determine the force in each member of the truss, and state

if the members are in tension or compression. Set = 0°.

SOLUTION

Support Reactions: Applying the equations of equilibrium to the free-body diagram
of the entire truss, Fig. 4, we have

C+SM, = 0; Ne(2 +2) —4(2) — 3(1.5) = 0
Ne = 3.125kN

K 3F =0 3-A, =0
A, =3kN

+ 13F, =0 A, +3125-4=0
A, = 0.875kN

Method of Joints: We will use the above result to analyze the equilibrium of
joints C and A, and then proceed to analyze of joint B.

Joint C: From the free-body diagram in Fig. b, we can write

3
+12F, = 0; 3.125 — Fp (5) =0
Fep = 5208 kN = 521 kN (C) Ans.
+ 4
K 3F =0; 5208( ) = Fes =0
Fep = 4167kN = 4.17 kN (T) Ans.

Joint A: From the free-body diagram in Fig. ¢, we can write

3
+13F, =0 0.875 — Fup (g) =0
Fup = 1.458 kN = 1.46 kN (C) Ans.
n 4
S 2F =0 1@\3—3—1.458g =0
Fup = 4.167kN = 4.17 kN (T) Ans.

Joint B: From the free-body diagram in Fig. d, we can write

+13F, =0 Fgp—4=0
Fgp = 4kN (T) Ans.
X SF, = 0; 4167 — 4167 =0  (check!)

Note: The equilibrium analysis of joint D can be used to check the accuracy of the
solution obtained above.

2m 2m ‘

(@)
%
Fo
3
= ¢ x
Fza
N, =3:/25 KN
(b)
Y4
A Fas
A L=
% —_— X
A3k Fs
Azj:ﬂ'@zﬁ'kﬂ
)




64,

Determine the force in each member of the truss, and state
if the members are in tension or compression. Set § = 30°.

SOLUTION
Support Reactions: From the free-body diagram of the truss, Fig. a, and applying 2m 2m }
the equations of equilibrium, we have Y
4 kN

C+IM, = 0; Nccos30°(2 +2) —3(1.5) —4(2) =0

Ne = 3.608 kN —> 3 ki
K IF, =0 3 —3.608sin30° — A, =0

A, = 1.196 kN
+T2Fy:0; A, +3.608cos30° — 4 =0

A, = 0.875kN
Method of Joints: We will use the above result to analyze the equilibrium of (4 )
joints C and A, and then proceed to analyze of joint B.
Joint C: From the free-body diagram in Fig. b, we can write qé-

3 72
+13F, = 0 3.608 cos 30° — Fgp 5)= 0
3
Fcp = 5208 kN = 5.21 kN (C) Ans. < + ¢ x
) s
X 3F =0 5.208( - ] — 3.608sin30° — Fcp =0
5 J,O,r
Fep = 2362 kN = 2.36 kN (T) Ans. Ne=3-608 KN

Joint A: From the free-body diagram in Fig. ¢, we can write

+13F, =0 0.875 — Fup (%) =0

Fup = 1.458 kN = 1.46 kN (C) Ans.
+ 4’
X SF, = 0; Fap = 1458 5 ) = 1196 = 0

Fap = 2362 kN = 2.36 kN (T) Ans.

Joint B: From the free-body diagram in Fig. d, we can write

+12F, = 0; Fgp—4=0
FBD = 4 kN (T) Ans.
X IF, =0 2362 — 2362 =0 (check!)
Note: The equilibrium analysis of joint D can be used to check the accuracy of the F
solution obtained above. 1‘ PP

—— X

£

Ea._.‘?g‘zzm FC-B='8'363KA’

4K
(&)



6-5.

Determine the force in each member of the truss, and state
if the members are in tension or compression.

SOLUTION

Method of Joints: Here, the support reactions A and C do not need to be determined.
We will first analyze the equilibrium of joints D and B, and then proceed to analyze
joint C.

Joint D: From the free-body diagram in Fig. a, we can write

X SF, = 0; 400 — Fpe = 0

FDC = 400 N (C) Ans.
+13F, = 0 Fpa — 300 =0

FDA =300 N (C) Al'lS.

Joint B: From the free-body diagram in Fig. b, we can write

X SF, = 0; 250 — Fg, =0

FBA = 250 N (T) Ans.
+13F, =0 Fge — 200 =0

Fge = 200N (T) Ans.

Joint C: From the free-body diagram in Fig. ¢, we can write

+13F, = 0; Fe,sin 45° — 200 = 0

Fe, = 282.84N = 283N (C) Ans.
K SF =0 400 + 282.84 cos 45° — N = 0

Ne =600 N

Note: The equilibrium analysis of joint A can be used to determine the components
of support reaction at A.

250N

Y200N

300N

400N Frc

of
Foe
<Z50N
- —x
Fea k

200N
)

%
56 =40oN Nb
= x
45 (&
E Fac =200 N
)

CA



6-6.

Determine the force in each member of the truss, and state D 600 N
if the members are in tension or compression.
4m
SOLUTION E . 900 N
Method of Joints: We will begin by analyzing the equilibrium of joint D, and then
proceed to analyze joints C and E. 4m
Joint D: From the free-body diagram in Fig. a, A B
3
X 3F =0 Fpg (g) - 600 =0 | 6m |
Fprp = 1000 N = 1.00 kN (C) Ans.
. %
+T2Fy =0 1000 <§) — Fpc=0
Fpc = 800N (T) Ans.
Joint C: From the free-body diagram in Fig. b, _D 6 00N
K SF =0 Fep —900=0 4
Ferp = 900N (C) Ans. 5/a
+12F, = 0; 800 — Frp =0
Fep = 800N (T) Ans.

Joint E: From the free-body diagram in Fig. c,

NESE = 0; — 900 cos 36.87° + Fppsin73.74° = 0
FEB = 750 N (T) AnS.
7+3F,) = 0; Fr 4 — 1000 — 900 sin 36.87° — 750 cos 73.74° = 0

Fra = 1750 N = 1.75kN (C) Ans.




6-7.

Determine the force in each member of the Pratt truss, and
state if the members are in tension or compression.

SOLUTION
Joint A:
+13F, =0
X SF, = 0;
Joint B:

X SF, = 0;
+T2Fy =0;
Joint L:
N+H2EF =0
+73F, = 0;
Joint C:

K 3F =0
+T2Fy =0
Joint K:
N+H2EF - 0
+73F, = 0;
Joint J:

K 3F =0
+T2Fy =0

Due to Symmetry

Fap = Foy = Fix = Fyy = 283 kN (C)

Fap = Fgr = Fgc = Frg = Fcp = Fep = 20kN (T)
Fgp = Fpy = Frc = Fyeg = 0

Fex = Fz = 10kN (T)

Fe, = Fjy = 23.6 kN (C)

Fep = Fip = 745kN (C)

20 — FALSin450 =0
Fu = 2828 kN (C)
Fup — 2828 cos 45° = 0
Fas = 20kN (T)

FBC —-20=0
FBL =0
FLC =0

Fix = 2828 kN (C)

FCD -20=0
Fep = 20kN (T)
Fex —10=10

10'sin 45° — Fyp cos (45° — 26.57°) = 0

Fxp = 7454 kN (L)

28.28 — 10 cos 45° + 7.454 sin (45° — 26.57°) — Fy; = 0
Fy; = 23.57kN (C)

23.57sin45° — F;;sin45° = 0
2(23.57 cos 45°) — Fyp = 0

Fyp = 333kN (T) Ans.

Ans.
Ans.
Ans.
Ans.
Ans.
Ans.

-
AE

5

B e 7 [ oY f 2 ¢
B

2.0 do N ¢
¥
L. i“/ F{,]c
AN

’j -“{‘ 'Fi__ &

<8280k \

Py

e



*6-8.

Determine the force in each member of the truss and state if
the members are in tension or compression. Hint: The
horizontal force component at A must be zero. Why?

SOLUTION

Joint C:

BIF, =0, Fep — 800 cos 60° = 0
Fep = 4001b (C)

+12F, = 0; Fep — 8005sin 60° = 0
Fep = 6931b (C)

Joint B:

L SF. =0, %FBD — 400 = 0
Fpp = 666.7 = 667 Ib (T)

+13F, = 0; Fpa— %(666.7) —600=0

Fga = 11331b = 1.13 kip (C)

600 1b

BY

800 b

60°
9/< ¥

o lglA
Ans. ‘A‘

Ans.

Ans.

Ans.

Member AB is a two-force member and exerts only a vertical force along AB at A.

31t
goou,
© l 60°
—_— X
|
|
X
Ho0 U,
Fs fep



6-9.

Determine the force in each member of the truss and state if
the members are in tension or compression. Hint: The
vertical component of force at C must equal zero. Why?

SOLUTION
Joint A:
+T2Fy =0
S SF, =0
Joint E:

5 3F, =0
+12F, =0
Joint B:

+ TEFy =0;
BIF, =0;

X

F,p—6=0
5 las

Fup = 45kN (C)

L
V2

(Fap) = 8 = 5(75) = 0

3 1
Fype — 2(15) — —=(19.8) = 0
5 2

\[

CV is zero because BC is a two-force member .

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.




6-10.

Each member of the truss is uniform and has a mass of
8 kg/m. Remove the external loads of 6 kN and 8 kN and
determine the approximate force in each member due to
the weight of the truss. State if the members are in tension
or compression. Solve the problem by assuming the weight
of each member can be represented as a vertical force, half
of which is applied at each end of the member.

SOLUTION N
Joint A: )
4 6 kN
B y 4
3 [
S3F, =0 —Fap + 196.2(§> =0
15708 185N
F,p = 1177 = 118 N (C) Ans.
A
D
Joint E: 215.8N
B IF, = 0; Frp = 117.7 = 118 N (C) Ans.
+12F, =0; Fpp = 2158 = 216 N(T) Ans. 510N, Fag
Joint B: @® Fae
1 4
+12F, =0 ——(Fpp) — 366.0 — 215.8 — —(196.2) = 0
V2 5
Fen
Fpp = 1045 = 1.04 kN (C) Ans. T®
. 1 —_T_ Fep
3
- =0 -z - =
SF, =0; Fpe = 5(1962) \/5(1045) 0 k.
FBC = 857 N (T) Ans.
3b6.0N
J .
#IN ™

Qbay 258N Fep



6-11.

if the members are in tension or compression.

SOLUTION
Support Reactions:
+1 2F, = 0;
BIF. =0
Method of Joints:
Joint D:

+1 3F, = 0;
L3F =0
Joint E:

L 3F. =0,
+13F, =0;
Joint C:

+12F, =0;
B3F =0

Determine the force in each member of the truss and state 4 kN
3m 3m | 3m—
BY C’—
I g =1
D
3m
A Sm
- F
E
SN =N
4(6) +509) - E,(3)=0 E, =23.0kN
20-4-5-D,=0 D, = 14.0kN
4 kN
D, =0
* |_ Im 3m I 3am I
] | R
L
5 ¥
V34 -
— — Sk
Fpr = 1633kN (C) = 16.3 kN (C) Ans.
5
16 33< 3 ) F 0 ¢
. — | — C =
V34 P
Fpc = 840kN (T) Ans. ¢
e » J=0
- — —
3 3
Frsl—= | —1633| ——= | =0 /)5
EA( \/E> <V34> 3-‘
Fry = 8854KkN (C) = 8.85kN (C) Ans. pe  Yhriow
23.0 1633( > > 8854< ! ) F 0
U — . —F—— | — O. — | — c =
Vai Vi) f f
E
Fpe = 620kN (C Ans. Ec
EC (©) Fog =133 kN
EA 5
i g 2
6.20 — Fepsin45° = 0 £ x
Fcp = 8768 kN (T) = 8.77kN (T) Ans.
E?alﬁ«okﬂ
8.40 — 8.768 cos 45° — Frp =0
Fcp = 220kN (T) Ans. \d,
Fee |
. C e
45° $40kN
& 6.20%N



6-11. (continued)

Joint B:
S3F, =0
+13F, =0;
Joint F:
+13F, =0;
S SF, =0

220 — Fpycos45° =0

Fga = 3.111kN (T) = 3.11 kN (T)

Fpr — 4 —3.111sin45° =

FBF = 6.20 kN (C)

8.768 sin 45° — 6.20 = 0
8.768 cos 45° — Fr4 = 0

Ans.

Ans.

(Check!)

Ans.

Fe Fe=840 kW

Fer Fe=6-20 ki



*6-12.

Determine the force in each member of the truss and state if
the members are in tension or compression. Set P, = 10 kN,

P, = 15kN.
SOLUTION
BIF =0
+12F, = 0;
Joint G:

B IF, = 0;
Joint A:
S3F =0
+13F, = 0;
Joint B:

S SF, =0
+13F, = 0;
Joint F:

S SF, =0
+12F, = 0;
Joint E:

5 SF, =0
+13F, =0;
Joint D:

B IF, =0,

G, (4) — 102) — 15(6) = 0
G, = 27.5kN

A —275=0
A, =275kN

A, —10-15=0
A, =25kN
Fop—275=0

1
27-5_FAF_7(FAB) =0

V5
25 — FAB<\2/5) =0

Fap = 27.95 = 28.0kN (C)

1
27.95<—) + Fpe—275=0

V5
27.95(\2) — Fgr=0

1
15+FFE_%(FFC):O
25—-10—-F (L)—O

"“\v2

Fre = 2121 = 212kN (C)
FFE =0

FED =0
Fre—15=0
Fre = 15.0kN (T)

Ans.

Ans.
Ans.

Ans.
Ans.

Ans.
Ans.

Ans.

Ans.

Ans.

© O

Fee
- A X
23.9508/ o
For
%
25 ! Fee
ls_j Sy Fre x

I

|

Fee
a-—%;—» Fee 4
i
Fac,
L 1
o *



6-13.

Determine the force in each member of the truss and state
if the members are in tension or compression. Set P; = 0,
P, = 20 kN.

SOLUTION
C+=M, =0; —Fgp(4) +20(6) = 0
B SF, =0, A, —30=0
A, = 30kN
+13F, = 0; A, =20=0
A, =20kN
Joint A:
1
53F, =0 30 =Far =7 (Fap) = 0
+13F, = 0; 20 — F (2)—0
- Y, - AB\ — — -
Y Vs
F,p = 22.36 = 22.4kN (C)
Joint B:
1
L3F. =0, 22.36(—) + Fpe—30=0
* /5
+13F, = 0; 2236( 2 ) Fpr=10
- Y, . = = BF —
Y Vs
Fgr = 20 kN (T)
Joint F:
1
BIF, =0 20 + Frp — ——=(Fpc) = 0
! V2
+13F, = 0; 20— F <1)—0
=0: — Frel—) =
! "“\\v2
Fre = 2828 = 283 kN (C)
FFE = 0
Joint E:
BIF, =0 Fgp— 0=
+13F, = 0; Fre —20=0
FED = 0
Joint D:
1
5 3F, =0 ——(Fpe) —0=0
* V5

FDC:()

Ans.

Ans.
Ans.

Ans.
Ans.

Ans.
Ans.

Ans.
Ans.

Ans.
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6-14.

Determine the force in each member of the truss and state if
the members are in tension or compression. Set P, = 100 Ib,
P, =200 1b, P; = 300 Ib.

SOLUTION
+12F, = 0;
S SF, =0
Joint A:
+13F, =0;
L IF. =0
Joint B:
+13F, = 0;
S3F =0
Joint F:
+13F, = 0;
S3F, =0
Joint E:
BIF. =0,
+T2Fy =0
Joint C:

B IF, =0,
+13F, = 0;

200(10) + 300(20) — R, cos 30°(30) = 0
R, = 30791b
A, — 100 — 200 — 300 + 307.9 cos 30° = 0

A, =33331b
A, — 307.9 sin 30° = 0
A, = 15401b

1
3333 - 100 — ——=F 43 = 0

V2
Fap = 3301b (C)
e
V2

Far = 79.37 = 79.41b (T)

154.0 + Fap — —=(330) = 0

%(330) — Fgr =0
Fyr = 2333 = 2331b (T)
L(330) — Fpe =0
V2

Fye = 2333 = 2331b (C)

1

V2

Fre = 47.14 = 47.11b (C)

1
Frp — 79.37— —=(47.14) = 0
2

\/

Frp = 1127 = 1131b (T)

Fre = 3001b (T)
Frp = 112.7 = 1131b (T)

1 1
——(47.14) + 2333 — —=F¢p =0

V2 V2

Fep = 377.1 = 3771b (C)

1 1
——(47.14) — 300 + —=(377.1) = 0
2

V2 V2

10 ft—1
\
P, P;
B c
ioows
A /e N
X "’T 1off | ‘oft | loft
Ay 200t  3ookb 307 R
100Lb
R l /f% Fag
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MDLL—-),[———*FR
233,31b
Ans.
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Ans.
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6-15.

Determine the force in each member of the truss and state if
the members are in tension or compression. Set P; = 400 Ib,
P, =4001b, P; = 0.

SOLUTION
C+3M, =0; —400(10) + Rp cos 30°(30) = 0
Rp = 153.96 1b
+13F, =0 A, — 400 — 400 + 153.96 cos 30° = 0
A, = 666.671b
B IF, =0 A, — 153.96 sin 30° = 0
A, = 76.981b
Joint A:
1
+13F, = 0; 666.67 — 400 — %FAB =0
Fap = 377.12 = 3771b (C)
1
B IF, =0, 76.98 + F op — %(377.12) =0
F,p = 189.69 = 190 Ib (T)
Joint B:
+13F, =0; L(37712)—F =0
y ’ \/2 . BF
Fpr = 266.67 = 267 1b (T)
BIF. =0 L(37712)*F =0
X 5 \/E . BC
Fpe = 266.67 = 2671b (C)
Joint F:
1
+12F, = 0; %FFC — 400 + 266.67 = 0
Frc = 188.56 = 1891b (T)
1
L IF =0 Frr — 189.69 + ——(188.56) = 0
V2
Frr = 56.35 = 56.41b (T)
Joint E:
B IF, =0, Frp = 56.41b (T)
+13F, =0 Fre =0
Joint C:
BIF, =0 L (188.56) + 266.67 L open =0
x ’ = . M - =fc -
V2 Va2 P

Fep = 188.56 = 189 1b (C)

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.

Ans.
Ans.

Ans.
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*6-16.

Determine the force in each member of the truss. State ’-74m4—‘
whether the members are in tension or compression. Set B C
P = 8kN.
60° 60°
== L A ===\0D
SOLUTION
4 m 4 m
Method of Joints: In this case, the support reactions are not required for "P
determining the member forces.
Joint D:
+13F, =0; Fpesin60° — 8 =0 ¥
Fpc = 9.238kN (T) = 9.24kN (T) Ans. Foc
L SF. =0, Fpr — 9.238 cos 60° =
Fpp = 4619KkN (C) = 4.62kN (C) Ans. N x
2e ¢
Joint C:
+1 SF, =0 Fcpsin 60° — 9.238 sin 60° = YA kN
Fcp = 9238 kN (C) = 9.24 kN (C) Ans. ¥
L ISF =0 2(9.238 cos 60°) — Fep = 0
Fep = 9238 kN (T) = 9.24kN (T) Ans. Fes o x
-« ; ‘éo.
Joint B: 6a
+13F, =0; Fppsin 60° — Fp,sin 60° = 0 " <9218 kn

Fpp=Fpy=F

B SF, =0, 9.238 — 2F cos 60° =

F = 9238 kN
Thus,
Fprp = 924 kN (C) Fps = 9.24%kN (T) Ans.
Joint E:
+1 2F, =0, E, —2(9.2385sin 60°) = 0 E, =16.0kN ¥
&:9.,255# F=72Mkd
B IF, =0 Fra + 9.238 cos 60° — 9.238 cos 60° — 4.619 = 0 <«
Fra = 4.62KkN (C) Ans. P ¢o* B
Note: The support reactions A, and A, can be determinedd by analyzing Joint A Feu Fop 24619 kA
using the results obtained above.

Ey



6-17.

If the maximum force that any member can support is 8 kN
in tension and 6 kN in compression, determine the
maximum force P that can be supported at joint D.

SOLUTION

Method of Joints: In this case, the support reactions are not required for
determining the member forces.

Joint D:
+TEFy:O; Fpcsin60° — P =0 Fpc = 1.1547P (T)
BIF, =0 Fpr — 1.1547P cos 60° = 0 Fpr = 057735P (C)
Joint C:
+1 2F, =0; Fcpsin 60° — 1.1547P sin 60° = 0
Fcp = 1.1547P (C)

BIF, =0 2(1.1547P cos 60°) — Fep = 0 Fcp = 1.1547P (T)
Joint B:
+T2Fy:0; Fppsin 60° — Fpysin 60° = 0 Fpp = Fpy = F
BL3F, =0 1.1547P — 2F cos 60° = 0 F =1.1547p
Thus,

Fgr = 1.1547P (C) Fga = 1.1547P (T)
Joint E:
5 SF, =0 Fr, + 1.1547P cos 60° — 1.1547P cos 60°

—0.57735P =0

From the above analysis, the maximum compression and tension in the truss
member is 1.1547P. For this case, compression controls which requires

1.1547P = 6

P = 520kN Ans.

60° 60°
== ' R ==—=\D
4 m 4 m
Y
P
¥
Fre
60'™\| D
= X
he
\fP
¥
Fes <
x
oo 60
Foe o=l 1547 p
¥

8 fza=l1547P
- o »—X

;

Foa

B

B2 11547P




6-18.

Determine the force in each member of the truss and state if 3kN KN
the members are in tension or compression. Hint: The ‘ 3m | 3m
resultant force at the pin E acts along member £D. Why? ‘ A & Y C

SOLUTION
Joint C:
+13F, = 0; 2 r 2=0
_ —Z Fep—2=
' viz .
Fcp = 3.606 = 3.61 kN (C) Ans. ’;W
BSF, =0 F 3606( 3 > 0 ey l X
« =0 - + 3606 —= | = :
CD \/B F”/fﬁe
FCB = 3 kN (T) Ans.
Joint B:
BIF, =0 Fga = 3kN (T) Ans. "
+13F, = 0; Fgp = 3kN (C) Ans.
Fen 3%N
Joint D: Fep
3 3 3
B IF, =0 ——Fpp — ——(3.606) + ——Fp, =0
* V13 V13 V13
2 2 2
+13F, = 0; —(Fpg) — ——(Fps) — ——(3.606) —3 =0
Y V13 V13 V13 )
Fp» SkN
Fps = 270KkN (T) Ans. 3 f Sbobi
\‘Nl :
Fpr = 631 kN (C) Ans. - _57|®




6-19.

Each member of the truss is uniform and has a mass of
8 kg/m. Remove the external loads of 3 kN and 2 kN and
determine the approximate force in each member due to
the weight of the truss. State if the members are in tension
or compression. Solve the problem by assuming the weight
of each member can be represented as a vertical force, half
of which is applied at each end of the member.

SOLUTION
Joint C:

+T2Fy =0
L SF. =0,
Joint B:

BIF, =0
+13F, = 0;
Joint D:

S3F =0
+T2Fy =0

2

Vi3 P

Fep = 467.3 = 467 N (C)

—2592=0

3
V13

Fep = 388.8 = 389N (T)

Fp, = 388.8 = 389 N (T)

Fpp = 313.9 = 314N (C)

3

3
Vi3l T ™) -

3
FDA:0

V13

2 (Fpp) + ——(Fps) — —

V13 For V13 Foa V13

Fpr = 1204 = 120 kN (C)

——(467.3) — 3139 — 5029 =0

LHAUIBIN - 32(9.81)N 2642(9.84)N
Ans B(l ) )

4

S12H981)N
Ans. |

z5% AN

42

Ans. Fes

Ans. ®

Ans.

Ans.




*6-20.

Determine the force in each member of the truss in terms of P B
the load P, and indicate whether the members are in tension
or compression.
d
C
A
@ o )1
_@_ F D
SOLUTION d
Support Reactions:
PP X ) EY(- i
C+H=Mg =0; P(2d)—Ay<5d) =0 Ay=§P d «d/2~Ld/2 d

4

4
+15F,=0; JP-E =0 E =3P | 24 ’
P

S5%F. =0, E,~-P=0 E =P “
Method of Joints: By inspection of joint C, members CB and CD are zero force 4
=

m